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lilPSIAX: TTPI8 B. O. TXTTBNSItl. 



PRAEFATIO. 



Praeter codices solitos PBFVb, quos ipse contuli, 
uisi quod cod. Bodl. B ab initio usque ad finem 
definitionum alt. p. 136, 19 beneuolenter conferendum 
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc 
libro X uti mihi licuit palimpsesto cod. Musei Britannici 
Add. 17211 (L), de quo cfr. uol. IV p. VI; continet 

X prop. 15 'p. 44, 12 (ur^asi ad finem prop. 
X prop. 16 p. 46, 2 {(jiiys)&og — p. 46, 8 ou. 

p. 46, 17 {(ujTQst ad finem prop. 
X, 16 lemma p. 46, 23 -ftov ikkelnov ad finem. 
X prop. 31 p. 92, 19 ((ii)aai ad finem prop. 
X prop. 32 totam. 

X prop. 32 lenuna ab initio ad p. 96, 20 oAo). 
X prop. 80 p. 240, 9 dvvctxov ad finem prop. 
X prop. 81 ab initio ad p. 244, 10 imo. 
X prop. 112 p. 358, 19 B/i ad finem prop. 
X prop. 113 ab initio ad p. 362, 19 ovxoig, 

In appendicem hic, ut semper, ea sola recepi, quae 
in uno saltem meorum codicum in textu legebantur; 
quare in mea editione quaedam eorum, quae Augustus 
in app. V habet, frustra quaeras; sunt enim scholia 
marginalia, quae in uol. V suo ordine edentur. Pro- 
legomena criticai quominus uel huic uel quarto uolxus^ccc^ 



YI PRAEFATIO. 

praemitterem, sicuti constitueram, prohibuit ratio scho- 
liorum, quae quinto uolumine comprehendentur. nam 
cum indc non pauca subsidia ad codices aestimandos 
peti posse uiderem, statui iis demum editis ad pro- 
legomena illa adcedere. 

Scrib. Hauniae mense Nouembri MDCCCLXXXV. 

I. L. Heibepg. 



2T0IXEIA. 



Euolides, edd. Heiberg et Menge. m. 






Oqoi. 

a. UtiifieTQa (isydd^ri Xiyetai ta t^ avtfp iietQci} 
(ietQov(i€va y a6v[i(i£tQa 8dy c5i/ (irjSlv iv8i%etai 
^oivov (litQov yevi^d^ai, 
5 /S'. Evd^etav 8vvd(iev 6v(i(ietQo£ el6tv, otav ta dii 
avt(5v tetQdycova t^ avt(p xcsqlg) (letQ^^tai, dav^i- 
(ietQOL di^ otav totg dtc avtAv tetQaycivoig (irjSev 
ivSijritaL %g}qCov xolvov (litQOv yeviod^ac. 

y. Tovtmv v^oxei(iiv(ov deCKvvtai^ oti r^ TCQote- 
10 ^eCcS'^ ev&eCo: v7tdQ%ov6LV evd^etaL icXr^d^eL ayteLQOL avfi- 
(letQoC te Ttal d6v(i(ietQ0L al (ihv (i^^xeL (lovov^ aC Se 
xal Swd(ieL. xaXeCad^oo ovv ^ (ihv XQOted^etaa evd^eta 
^rjt!^^ xal al tavtfj 6v(i(ietQ0L ette (ii^xeL xal Swd^iet 
ette Svvd(ieL (icvov QrjtaC^ at S\ tavty d6v(i(ietQ0L 
16 aXoyoL xaXeCa%^(o6av. 

Si. Kal to (ilv dTCo f^g itQote^^eCarig evd^eCag tetQd- 
yoavov ^ijrov, xal td tovtp 6v(i(ietQa ^ijra, td Sh 
tovtG) d(fv(i(ietQa aXoya xaleCad^co^ xal at Svvd(ievaL 

Ad deflf. cfr. Hero deff. 128—129, Anonymus Hultschii p. 256, 
Martianus Capella VI, 718. 



EvnXsidov cxoi%^C(ov T P V, EvhXbCSov axotxsCoav r^g &scovog 
iytdoasoiyg T F, Ev%Xs£dov axoi%sC(ov T xrig d^soavog iKSoasoag b. 
1. OQoC\ om. PFV, oQot xov T b, oQoa xov T B. numeros om. 
codd. 5. Ante avfifisxQoi ras. 1 litt P. 8. iv8i%sxai bqp. 
9. TCQoaxs^sCaff b et e corr. F. 10. Post sv&sCa add. Theon: 
xovxsaxiv d(p ^g ^'iasi xa fisxQot x6 xs nri%vaiov %a\ xo na- 
Xaiaxiaiov xal xo da%tvXiaiov ^ xo nodiaiov Xafipdvsxai (B¥Yh). 



Liber X. 

Definitiones. 

1. Magnitudines commensurabiles uocantur, quas 
eadem mensura metiri licet^ incommensurabiles autem, 
quarum communis mensura inueniri nequit. 

2. Rectae potentia commensurabiles sunt, ubi qua- 
drata earum eadem mensura metiri licet^ incommensura- 
biles autem, ubi nuUum spatium communis quadra- 
torum earum mensura inueniri potest. 

3. His suppositis demonstratur^ rectas numero in- 
finitas esse datae rectae commensurabiles et incommen- 
surabiles partim longitudine tantum, partim potentia 
quoque. iam data recta rationalis uocetur, et quae ei 
commensurabiles sunt siue longitudine poteutiaque 
siue potentia tantum^ rationales, quae autem ei in- 
commensurabiles sunt, irrationales uocentur. 

4. Et quadratum datae rectae rationale uocetur, 
et quae ei commensurabilia sunt, rationalia^ quae autem 
ei incommensurabilia sunt, irrationalia; et rectae, quae 

nXrid^si,} om. F. avwuLBtqol ts xa/] snpra scr. m. rec. P. 11. 
fAOvov, at SV\ om.^ Tlieon (BFVbjj. 12. Post dvvdfisi add. 
Theon: at ds Svvoi(isi fiovov (BFvb). nqoats&siaa b et e* 
corr. F. 14. avfifistqoi b, corr. m. rec; deinde add. Theon: 
nata to avvafi(p6tsQ0v (avv- om. b), tovtsativ (xal del. F) firiHSL 
•Tial dvvdfisL (BFVb); idem P mg. m. 1 pro scholio. 16. 
nQoatsd^s^arig b et e corr. F. 17. ^rjtd] om. F. 18. Ante 
aXoya add. xara t6 avvafi(fi6tSQ0v F; idem P mg. m. 1 pro 
scholio. yiaXstad^coaav Theon (BFVb). 



4 ETOIXEiaN ('. 

avta aXoyoi, si filv xetQixyeiva siij, avtai aC itlfVQM 
Ei 6i itBQa riva £v9vyQafX(iee, ai Hoa avtots tstQdym 
avay(faq)ov0tti. 



6 ^vo iisye^^mv avieav exxstjisvav, iccv i 

tov lisiiovog a<patps&r} (isl^ov ^ t6 ^fttflv 
rot xaTttXsintofiEvav fistlov ^ t6 ^(iiev, 
TOVTo ael yiyvijttti, i.iiip&^eEtai zi (teys&ofA 
o iStttt eXaeeov totj exxsi(iEvov sXaesovos 
10 ys&ovs. 

"Eeta dvo ^eyi&t} avtaa ta AB, F, mv fisltov to AB 
Xsyfa, ort, ittv ano tov A B a(paiQS&i} fieltov ^ lo ^fMffw*" 
xal tou «ataXstitofisvov fiet^iOV ^ to ijftiav, xttl tovto 
ttsl yCyvYitttt, Xsiip&jjeitat tj fidys&os, o iSttti iXaOeov 



Tb r yccQ noXXaiiXttai,al6fisvov eevai jroTi tou AB 

fist^ov. nenoXXa%aX0itt6&Gi, xal effTco ro ^E toiJ ^v F 
moXXaaXaSiov, vov Si AB (isiiov, xal d(j;p^ff*ra to ^E 
sig TK Tcr r i^ea ta AZ, ZH, HE, xal aip^pi^a&ta axb 

EO (liv ToiJ AB fietiov tj t6 ^fiitfu t6 B@, awo tfi tow A® 
(tsi^ov tj t6 ^[itGv t6 0ff, 3cal touto ueI yiyvse&o), 
Stas av at iv tm AB SittiQieetg ieomXti&sts yivatvtai 
tatg iv xa ^dE SiaiQieEStv. 

"Eerateav ovv al AK, K&, &B dtaiQiesig {eoTtXTj- 

25 &ets oveai tttls ^Z, ZH, HE' xal inel ^sttflv ieti ro 
^E roi' AB, xal atp^Qrjtai axo fiiv tov ^E iXaaeov 
roiJ rKiieeas lo EH, dno di zov A B ftst^oi' ^ t6 rjftiev 

2. Deinde a,dd. iiaXeCa^ioaav Tbeou 
taat tp. 5. ixKHiilvBiv'} acte avCamv Eidd. B 
afi] altCY, oei et» V? yCvritai V [i; e corr.), 
l)39&^iMTo:[ Vb. B. ^<riiv Theon (BFVbj. 



1. aXv/a V, 



(BFVb). 
mg. m, ' 



ELEMENTOBUM LIBER X. 

aeqnales sunt, irrationales uocentur, i 
I ipaa latera, in ceteris figuris rectilineis eai 
I quadrata illis aequalia construi possunt. 

I. 
nitis duabus tuagDitudinibuB inaequalibus si 
t plus quam dimidium subtrahitur et a re- 
Pl)Ius quam dimidiiim, et hoc semper fit, magni- 
FMlinqoetur, quae minor erit propoaita magni- 

I minore. 

Buit duae magnitudinea inaequales AB, f, quarum 

f ait AB. dico, si ab j4B plus quam dimidium 

hhatur et ab reliqua plus quam dimidiam, et hoc 

Der fiat, magnitndinem relictum iri, quae minor 

Issgmtudine J"'. 

Nam r multiplicata aliqnando magnitudine AB 
r erit [cfr. V def. 4]. multiplicetur et ^E magni. 
! r multiplex sit, eadem autem > ^B, et ^E 
I magnitudini F aequales ^Z, ZH, IIE diui- 
datur, et ab AB plus quam 

'B .' 1 dimidium aubtrabatur B@, ab 

H A& autem plus quam dimi- 

dium &K, et hoc aemper fiat, 
in AB totidem diuisiones fiant, quot in /1E. 

:oil]om.V? ^/«((ifvoub. llartovosY. 13. 

.-A — Spiaii] om. P. ««('] (prius) xal ajio V. 14. 

y{yvixai V y/njrui b. Xrjip^efcai V. htiv V. 
.._v F, 16. yBp] aoa F. AB fiiyiSovi Theon (BFVb). 
„ »^6] m- rec. B. anD] om. V. ^ 21. yi.fo&m P. 23. 
n COrr. ex ini m, rec. b, 24. ovv] om. b, Jmipfdifi P, 
,m. 85. HZ P. ianv P. 26. zov] (alt) poat InB. 
P. 27. ifaiaiog b, i]ftfaovE V. lo] ooir. ez io6 P. 
ri ^(uov] Tov Tipiiftais F, lov Tniiacos BVb. 



6 STOIXEIiiN i. 

rd B©, %.oi%hv apa rh H^ Xoiitov toy &A (A^fgoH 
icztv. Kol iicd [ieitov ioTi to H^ tov @A, 
a^jfjpijtai tov iiiv HA ^y^iev ro HZ, xov dt QA [LEt^ot 
1} TO ^{itev z6 &K, Xombv aga to AZ i.oiJtov tow AS 
6 fiBt^ov ietiv. taov 8\ to AZ za F' xal to F afft 
Toii ^X fiEt^ov ietLv. iXaeeov a^a t6 A K tov J 

KaraXBiXEtai apa aao low AB (tByi&ovq ro ^S 
fiayid^os Bkaeoov ov tov ixxsinivov iXaeeovos tieyi&oveM 
toii F' OJtsp edft Set^ai. — oiioiag de det-x&^ettahU 
10 xav ijftietj ^ t« K^DatpoiJfrfvK. 



'fiav dvo jifyES-tov [ixxei^ivav] avCeiav «v&- 
Vfpatgovfiivov ael roil ilaeaovos axo tov ^f^- 
^ovog ro «arcAeijro'f(£i'oi' (itjdizoti xataftstpfj 
15 to :(rpo iKUTov, aeviifierpa letai tcc jteysd-T}. 

Avo yap itEye&mv oi^Tiav dviamv tmv AB, F/l xal 

iXdeeovog row AB dv9v<pai.Qoviiivov del tov ikdeaovos 

dno tov fiei^ovog ro nepi-^EtTtoiievov (iijSiitorE xara- 

[tSTpeitm to jrpo iavtov' ^iym, ot( aav[i(i£t^a ieit ta 

20 AB, FA (tEyi»ri. 

Ei yap iati, av[i,(iet(ftt, fiirpijffet ri avta [liye&og. 
(lEtQEitia, ei Svvcctov, xal Satm tii E' xal ro (liv AB 
to ZA xata(ietQOVv XeiitiTC} iavtov ^Xaeaov zo VZ, 



2. imtv] comp. Fb, lau BV. iart] om. V. 4. jj to 
^fiiavl tov ^fiiaeog E Vb, zov ijiiiaems F. 7. ttataXilemiai Bb. 

8. tynsiiiivov h. iXaiiovoe F- 10. rjiiiavji P, iiiiiatti V. 

Seq, demoDBtr. altera, n. app. 12. ^jDinfifVoii'] mg. m, 
1 P. «**uipatpDiMVotP V, corr. m. 2. 18. alii F. Ixdt- 
lotDsP. 16. Tu] 10 F, con.'. m. 2. 16. kkI o»roe Theon (BFVb). 

n. ildttovos F. ar&K^KieofteVou V, oorr. m. 2. o/e^ F. 

19, iaitv P. 21. ^on] aupm scr. -ai V. 



ELEMENTORUM LIBER X. 7 

diuisiones igitur AK^ K&y &B nuxaero aequales sint 
diuisionibus -^Z, ZH, HE. et quoniam ^E > AB, et 
& AE minus quam dimidium subtractum est EH, ab 
AB autem plus quam dinudium B&y erit H^d > &A. 
et quoniam HA > &A^ et ab HA dimidium subtrac- 
tum est HZ, s, &A autem plus quam dimidium &K, 
erit AZ > AK. uerum AZ = F. quare etiam F > AK. 
ergo AK < R 

Ergo ex magnitudine AB relinquitur magnitudo 
AK minor proposita magnitudine minore P; quod 
erat demonstrandum. 

Similiter autem demonstrabitur^ etiam si^ quae 
subtrahuntur^ dimidia sunt. 

IL 

Si ex duabus magnitudinibus inaequalibus minore 
semper uicissim a maiore subtracta reliquum nunquam 
praecedentem magnitudinem metitur^ magnitudines in- 
commensurabiles erunt. 

Datis enim duabus magnitudinibus inaequalibus 

AB, FA minor sit AB, et minore semper uicissim a 

jg jj. maiore subtracta reli- 

I ' -^' — ' • iB quum ne unquam prae- 

Z cedentem magnitudi- 

r 1 1 \j ... j. 

nem metiatur. dico, 
magnitudines AB, FA incommensurabiles esse. 

Nam si commensurabiles sunt, magnitudo aliqua 
eas metietur. metiatur, si fieri potest, et sit E. et AB 
magnitudinem ZA metiens se ipsa minorem relinquat 

ZJ] mut. in FJ m. 2 B, m. rec. b; z/Z e corr. PV. iXda- 
covoc F, sed a del. 
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ro di rZ t6 BH xatafistQOVv Xeinitio iavrov iXaeeov 
ro AH, xal tovto asl yivdod^o), eog ov Xsiq)d^ xi [id- 
ysd^og, i6tiv ika66ov rov E. yeyovito^ xal kekeitp^G} 
ro AH iXa00ov rov E. insl ovv ro, E ro AB futQetj 
5 alXa to AB to jdZ (istQStj xal ro E aga to Zjd fis^ 
tQT^06i. fistQst Sh Ttal okov ro Fjd' xal XoiTtbv aQU 
to rZ (istQi^66c. alXa to FZ to BH fistQst' xal to E 
aQa tb BH iistQst. fistQst 81 xal oXov ro AB' xa\ 
XoLTcbv aQa ro AH ^stQrJ6st^ ro fist^ov ro iXa60ov' 
10 o%SQ ictlv aSvvatov. ovx aQa ta AB^ F^d (isyi^ri 
listQi^ast tc fiiysd^og' a0v^iistQa aQa ictl ta AB^ T^ 
fisyid"!^. 

'Eav aQa Svo fisysd^Sv avC6(ov^ xal ta i^ijg. 

r 

15 Avo fisysd^mv 0vfifiitQG)v Sod^ivtc^v tb ^i- 
yi6tov avrcSv xoivbv fiitQov svgstv. 

"EctoD ta Sod^ivta Svo fisyid'i] Ov^iiStQata AB^ FAy 
cSv ika06ov tb AB' Sst Sii t&v AB^ TA ro fiiyiotov 

XOlvbv flitQOV SVQStV. 

20 Tb AB yaQ [liysd^og rjtoi ^stQst tb TA ^ ov. sl 
fihv ovv fiStQst, ^stQst Sl xal iavto^ tb AB aQa tiSv 



1. BH] in ras. P, mut. in BA B m. 2, in AB m. rec; H 
e corr V. 2. yiyvia^m F. Xrjtpd'^ BVb. 3. ^atai P. ^Xat- 
zov F. BlXrmkoi V. 4. to] (pr.) xov F. 6. Zz/ P. Zz/] 
mut. in z/Z V, ^Z BFb. 8. BH] HB P. ii^BtQst] (prius) 
supra m. 2 F. 10. htCvl om. V. 11. Post rt ras. 1 litt. V. 
^atCv P. 13. fisysd^mv iymsifiivmv F. )(al Ttt i^rjg] otcsq 

A 

^SsL 6si^at, V (post s^TJg add. @ b); iyiyisifiiviov dvCamv dv&' 
vtpaiQOVfiivov asl tov iXdaaovog dno tov (isC^ovog to xofTorAai- 
n6(isvov fiTjSinots %atafistQ^ to ngo iavtov, davfinstQa iatai 
ra [isyid^ri m. 2 V, del. dvCaoiv lin. 13. 17. ^atoaaav F. avfi- 



ELEMENTORUM LIBER X. 9 

PZ, rZ autem BH metiens se ipsa minorem relin- 
quat AHy et hoc semper fiat, donec relinquatur magni- 
tudo minor magnitudine E. fiat et relinquatur AH<E. 
iam quoniam E magnitudinem AB metitur et AB 
magnitudinem ^Z, etiam E magnitudinem Z^ metitur. 
uerum etiam totam F^d metitur. itaque etiam reli- 
quam magnitudinem FZ metietur. sed FZ magni- 
tudinem BH metitur. quare etiam E magnitudinem 
BH metitur. uerum etiam totam AB metitur. quare 
etiam reliquam ^H metietur, maior minorem; quod 
fieri non potest. itaque magnitudines AB, FJ nulla 
magnitudo metietur. ergo magnitudines AB, Fjd in- 
comraensurabiles erunt [def. 1]. 

Ergo si ex duabus magnitudinibus inaequalibus, 
et quae sequuntur. 

m. 

Datis duabus magnitudinibus commensurabilibus 
maximam earum mensuram communem inuenire. 

Sint duae magnitudines datae commensurabiles AB, 
r^dy quarum minor sit AB. oportet igitur magnitu- 
dinum ABy F^d maximam mensuram communem in- 
uenire. 

Nam magnitudo AB magnitudinem F^d aut metitur 
aut non metitur. iam si metitur, et se ipsam quoque 



fjLSzga fisysd^Tj V. 18. iXattov F. 20. fiiys^og] om. Theon 
(BFVb). ^TOtl m. rec. P. 21. Post oiv add. x6 AB xo 
rj V. fiSTQstj (prius) snpra m. 1 B. ccvxo B, corr. m. 2. 
tdav AB, rj] om. V. 
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^B, r^ xoivbv (liTQOv itSrCv xal qiavtpuv 
H£yi0TOV. (itt^ov y«p tov ^B (leyi&ovg t6 AB ov 

M^ (itZQiita d^ To jiB To FzJ. xal uv&vipaiQov- 
5 (tivov ael tov iXaoeovog anb zov (lei^ovog, ro nspi- 
i,£i7io(i£vov (tEiQTjesL jroi^ t6 %qq iavzov Sia to jiij 
elvuL a6v(ifiezQa ra AB, T.d' xal ro (iir AB tb EjJ 
xatafietQOvv XeiTt^tca eavrov skaSCov rb EP, rb di 
EV tb ZB xata(ieTpovv ^eiahia eavtov ^kaaeov tb 

10 AZ, zb di AZ To TE (lerQeitia. 

'End ovv tb AZ xo TE {iszQet, ttlXtt tb TE t6 
ZB [lEtQst, xal zb AZ apa to ZB ^EiptjV». (letpEZ 
dl xttl iavto- xttl olov ccQa zb AB (lez^^dei zb AZ. 
akkk %b AB tb AE (iBtQeC xttX zb AZ aqa zb E^ 

16 (letQ-iiaet. (letQet dl Xttl lo TE' xal oAoi' apa to T.d 
[iizQet- tb AZ aQtt tav AB, T^ xoivbv (lezQov iOtCv. 
kiym Sri, ott xai (liytotov. ei yap fi^, satai ti (le- 
ye&os (let^ov tow AZ, o nszQ^ffei. ta AB, T^. i6Ta> 
xb H. insl ovv tb H tb AB (tezQsi, akka zb A3 

BO To E^ (letffei, xal to H aQa tb EA fWTpjjeEt. (ietQSt 
Se xuJ oAov To TA' xal koiabv apa to TE ^szQi^est 
xo H. alka zb TE to ZB (isrgsf xal zb H apa 
co ZB [lere^^aet. (tezQet di xal okov zo AB, xaX 
loixav To AZ (lexgijast, rb (teiiov tb Ekasaov ojisq 

1. kax{*\ comp. F, htC Bb, iorl tar AB, FA V. xo/] 
(alt.) lihQOviarCV. 4. Kui} om. BFVb. av»vpateoiihov V, 
eedcorr. m. B; dv&vipaie6ii.gvov F. 5. diC] ai/adtCVb, opa F, 
om. B iaga dfi m. 2). S. xo EF ~ 9. ilaaaov] m. 2 B. 10. 
@i AZ\ AZ Si P. 13. fiEtpijoet — 14. AB] mg. m. 1 P. 14. 
Post A7, raa. 1 iitt. V. IC, ^itqtl] (ittpijatt F. Deinde add. 
Theon: ro AZ S^a tb AB, F^ iteiQei (BFVb); idem m. reo.P. 
Sea] om, cp. iati BV, comp. Fb. 18. inj id B, cott. 
m. 2, Post rjJ add. iiFtQtitm v.ai V, aed punotis del. 20. 
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H Z 

I 1 A I — I 1 1 1 B 

E 

r»! — I — I 1 1 j 

metitur; AB magnitudinum ^jB, F^ communis est 
mensura. et adparet^ eandem maximam esse; nam mag- 
nitudo magnitudine AB maior AB non metietur. 

itaque ne metiatur AB magnitudinem F^. et mi- 
nore semper uicissim a maiore subtracta reliquum 
aliquando magnitudinem praecedentem metietur^ quia 
^By Fjd incommensurabiles non sunt [cfr. prop. 11]. 
et AB magnitudinem EJ metiens se ipsa minorem 
relinquat EF, EF autem ZB metiens se ipsa minorem 
relinquat AZ, et AZ magnitudinem FE metiatur. iam 
quoniam AZ magnitudinem FE metitur, FE autem ZB, 
etiam AZ magnitudinem ZB metietur. uerum etiam 
se ipsam metitur. quare etiam totam AB metietur AZ, 
sed AB magnitudinem AE metitur. itaque etiam AZ 
magnitudiuem E^ metietur. uerum etiam FE metitur. 
quare etiam totam FJ metitur. itaque AZ magnitu- 
dinum AB^ FA communis est mensura. iam dico, 
eandem maximam esse. nam si minus, magnitudo erit 

maior magnitudine AZ, quae ABy FA metiatur. sit 

• 

H. iam quoniam H magnitudinem AB metitur, et AB 
magnitudinem E^d metitur, etiam H magnitudinem 
EA metietur. uerum etiam totam F^ metitur. quare 
etiam reliquam FE metitur H. sed FE magnitudinem 
ZB metitur. itaque etiam H magnitudinem ZB metitur. 
uerum etiam totam AB metitur et reliquam AZ me- 

EJ'] (prius) JE P. ^ 21. xa^ (alt.) om. V. 23. to] (alt.) 

x6v P. 24. Xoinov ccQCi F. 
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ietlv advvatov. ovx aQU net^ov tt fisyed^og tov A7s 

ta AB^ TA ^stQtjeer tb AZ aga t£v AB^ Fd xo 

fidyi6tov xoivov ^itQov iotCv, 

z/vo aQa iieysd^oiv ^v^fistQov dod^svtov rc5v AB^ 

6 FA ro iniyiotov xoivov ^itQOv rjVQrjtai' otcbq idev 

Sst^aL. 

n6Qi6iia, 

^Ex dfj rovrov (paveQov^ ore, iav fiiysd^og dvo fi£- 
yid^rj ^BtQy^ xal ro iiiyi6tov avtmv xoivov fiitQov 

10 fl6tQl]6Sl. 

TqlAv fisysd^^v OvfiiiitQcav Sod^ivtov to 
^iyvtStov avt(Sv xovvbv fiitQOV svQStv, 

''E6t(o ta dod^ivta tQCa ^syid^ri oviiiistQa ta A^ jB, F' 

16 Sst dfj tciv A^ 5, r ro iiiyiotov xolvov fiitQOv svQStv. 

Elki^g^d^G) yaQ Svo t£v A, B tb ^iyiotov xovvbv 

[litQOVy xal ictm ro jd' tb Srj ^ tb F i^tOL iistQSt rj 

OV lllStQSt]. flStQsCtO) TtQOtSQOV, iTCsl ovv tb A tb 

r iistQst, ^stQst Sl xal ta A, B, ro ^ aQa ta A, B^ F 

20 [istQst' ro A aQa tSv A, jB, F xoivbv fiitQov ietCv. 

xal (pavsQOVy oti xal ^iyiOtov' ^ist^ov yaQ ro{J ^ 

fisyid^ovg ta A, B ov ^stQst. 

- ^ 

1. iatCv] om. F. iisiiov'] supra scr. m. 1 P. -rt (aslSov F, 
sed corr. 2. fiEyid^rj fistQTjasL Theon (BFVb). t6] (alt.) 
m. 2 F. 3. iatC BVb, comp. F. 5. fiitQo P, sed corr. 

svQfjtai P. Deinde add. to AZ V, sed punctis notat. .6. 
Sst^oci] Ttoiijcai B et b (mg. yp. SsL^aC), Sst dsi^ai F (mg. m. 2: 
yg. noir^aaC). 9. ybStQfi] -ij in ras. r. 15. Ante Sst ras. 1 
litt. P. 16. Svo] om. Y. 17. Srj] m. rec. P. 18. iistQsi] 
om. P. 19. fistgsi di — 20. (istQst] mg. m. 1 P. 20. J aQa] 
il d P. t&v] -V postea add. F. iatC BV, comp. Fb. 21, 
TiaC] (alt.) om. BVb. 22. fisysd^og Fb. Post B ras. 1 litt. V. 

Post fjLStQSi add. sl yap ivvatov^ iistQsCto) ra A, B, F fist^ov 
tov J ([isyid^ovg add. V) to E* nal insl ta .4, B, T lAstQSiy 
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tietur, maior minorein*, quod fieri non potest. itaque 
magnitudo maior magnitudine AZ magnitudines AB^ 
rj non metietur. ergo AZ magnitudinum ABj FJ 
maxima mensura communis est. 

£rgo datis duabus magnitudinibus commensurabi- 
libus ABj Fjd maxima mensura communis inuenta 
est; quod erat demonstrandum. 

Corollarium. 
Hinc manifestum est^ si magnitudo duas magnitu- 
dines metiatur^ eandem maximam earum mensuram 
communem metiri. 

IV. 

Datis tribus magnitudinibus commensurabilibus ma- 
ximam earum mensuram communem inuenire. 

Sint datae tres magnitudines commensurabiles A^ 
B, r. oportet igitur magnitudinum Ay -B, F maximam 
mensuram communem inuenire. 

Sumatur enim duarum magnitudinum A, B maxima 
mensura communis [prop. III] et sit ^. J igitur 

^ , I magnitudinem F aut metitur aut non 

metitur. prius metiatur. iam quo- 

niam ^ magnitudinem F metitur, 

_ et etiam A,B metitur, ^ magnitu- 

I 1 i-H I — I dines-^,jB,rmetitur. ^ igitur magni- 

tudinum A, B, F communis est mensura. et adparet, 
eandem maximam esse; nam magnitudo maior magni- 
tudine ^ non metitur A^B. 

Tial Ttt Aj B fiBtgriasi %ccl x6 xcov A, B fiiyiatov noivov {yioivov 
[liyiatov V) ykitqov to d astQriasi {(istQ^qasi to A V) t6 fisi^ov 
ro ^Xattov (JXaaaov V). onsq atonov lativ (aSvvatov V) V et J 
mg, m. 2 B. I 
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Mfj ^BXQeCxio di] rb jd ro r. kiyon tcq&xov^ oxi 
0vniiaxQd i6xL xa T, jd. ixsl yccQ 0vfifisxQd icxi xa 
-4, 5, r, {LSXQri^aL xl avxd ^iysd^og, o SriXadri Tcal xd 
Aj B fisxQrJ0SL' &0XS xal xo xAv A^ B fJtiyiOxov xotvov 

5 ^iXQOV XO /1 flSXQiqOSL. (ISXQSt dh TCal XO F' S0XS xo 

siQri[iivov fiiysd^og fisxQ^^Osi xd F^ J' Ov^fisxQa aQu 
iaxl xd r, ^. siXiqfpd^a) ovv avxAv xo iniyiOxov xocvov 
liixQOv, xal icxm xb E. insl ovv xb E xb ^ fisxQst, 
dlld xb jd xd A^ B ^sxQst^ xal xb E aQa xd A^ B (is- 

10 XQi^esi, fisxQSt 81 xal xo F. xb E aQa xd A^ B, F 
(isxQst' xb E aQa x&v A^ B^ T xoivov i6xi fiixQov. Xiycn 
drj^ oxv xal (ibiy i0xov, si ydQ Svvaxov, l6xo xi xov E 
(ist^ov fiiysd^og xb Z, xal iisxQSLxa) xd A^ jB, r. xal 
insl xb Z xd A^ jB, T (isxQst^ xal xd A^ B aQa iLSXQr^oSL 

16 xal xb x£v Aj B (JLiyL6xov xoivbv (lixQov [isxqi^Osl. xb 
dh X(Sv Aj B fiiyL6xov xoLvbv (lixQOv iaxl xb A' xb Z 
aQa xb A (isxQSt. (isxQst 8h xal xb T xb Z aQa 
xd Ty A fisxQSt' xal xb xd5v T, A aQa fLiyL0xov xoLvbv 
[lixQov (JLSXQi^asL xb Z. l0XL 8h xb E' xb Z aQa xb E 

20 iiisXQri6SL^ xb (ist^ov xb Eka66ov' otcsq i6xlv d8vvaxov. 
ovx aQa (ist^ov xl xov E (isyid^ovg [(liysd^og] xd A^ B^ T 
[isxQst' xb E aQa xSv A^ jB, T xb iiiyL6xov xoLvbv fiixQov 
i6x(vy idv (lij iisxQy xb A xb F, idv 8h (^^''^Qy 5 «vro xo /1. 



1. oTt ff^eorov F. 2. l<ixi\ (alt.) Igxiv P. 4. pLSXQStY. 6. 
fisxQiqast x6 J F. Post aaxs ras. 2 litt. V. 6. fisxgsC V. 

7. iaxC\sla£v P. ovv'\ om. BFVb. x6] m. rec. P. 8. 
Ha^] om. F. iaxfo xb JEj mg. m. 2 F. 9. fisxQst— A, B] om. F. 

fisxQT^asi] fisxQst V. 10. x6 E — 11. fisxQst] om. Theon 
(BFVb). 11. fisxQov iax£ V. iaxiv P. 14. fisxQst] supra 
scr.F. aQcc] om. BFVb. 16. B] Ba^aBFb. 16. fisyiaxov] 
m. rec P. 17. fASXQst] (prius) corr. ex fisxQrjasi m. rec. P. 

18. xd] x6 b. 19. xo Z. iaxi Sh x6 E] mg. m. 2 F; t6 Z" 
x6 Sl xmv r, d fiiyiaxov itotvov fisxQov iaxl x6 E V. 20. fisxQSi V. 
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iam ne metiatur z/ magnitudinem F. prius dico^ 
r, ^ commensurabiles esse. nam quoniam A, B, F 
commensurabiles sunt, magnitudo aliqua eas metietur^ 
quae nimirum etiam A, B metietur. quare etiam maxi- 
mam earum mensuram communem J metietur [prop. 
in coroll.]. uerum etiam F metitur. quare magnitudo 
illa r, ^ metietur. itaque F, ^d commensurabiles sunt. 
sumatur igitur maxima earum mensura communis 
[prop. ni] et sit E. iam quoniam E magnitudinem ^ 
metitur, et ^d magnitudines ji, B metitur^ etiam E 
magnitudines A, B metietur. uerum etiam F metitur. 
E igitur ^,jB,rmetitur. E igitur magnitudinum AyByF 
communis est mensura. iam dico, eandem maximam 
esse. nam si fieri potest, magnitudo magnitudine E 
maior sit Z et metiatur Ay B^ F. et quoniam Z magni- 
tudines A^BjF metitur, etiam A,B metietur et maxi- 
mam earum mensuram communem [prop. III coroll.]. 
maxima autem magnitudinum Ay B mensura communis 
est jd, Z igitur jd metitur. uerum etiam F metitur. 
Z igitur r^ d metitur. quare etiam maximam earum 
mensuram communem metietur [id.]. ea autem est E. 
Z igitur E metietur, maior minorem; quod fieri non 
potest. itaque magnitudo magnitudine E maior A^ B, F 
non metitur. E igitur magnitudinum A, B, F raaxima 
est mensura communis, si ^d magnitudinem F non me- 
titur, sin metitur, ipsa z/. 



21. ra A, B, T fistgsi fisysd^og F. fisys&og] m. rec. P. TaJ 
TO B, sed corr. r] r, J (eras.) iisyi&ri V. 22. x6] (alt.) 
m. 2 F. 23. idv] av P. 
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TqlSv aga nsyed^civ ^vfi^dtgov Sod^ivtov ro (id- 
yLGtov HOivov fJtdtQov rjvQi^tac [otisq idst Sstl^at]. 

n6QL6(ia, 

^Ex Sri tovtov q^avsQov^ ore, iav (liysd^og tQCa (is- 
6 yid^rj (istQTJ^ xal to [liy i6tov avtdv xotrov (istQov 

(IStQT^eSL. 

^0(tol(og Sri Tcal inl jcXslovcdv to (iiyi6tov xocvov 
(litQov Xriq>%"iq0staij xal to JtoQLOfia 7tQ0%(0Qri6si, otcsq 
iSsL Sstiac. 

10 s'. 

Ta 0v(i(istQa (isyid^rj TtQog aXXriXa Xoyov 
ixsv^ ov aQid^^iog JCQog aQcd^^iov. 

''E6t(o 6v(i(istQa (nsyi^ri ta A^ B' XiyoD^ oti to A 
TtQog to B Xoyov ixst^ ov aQL%^(iog TtQdg aQLd^^JLOv. 

16 'Exsl yaQ 6v(jL(istQd i6tL ta A^ B, (istQi]6SL tL avta 

(liysd^og, (istQsko, ocal i6t(o tb F. xal o^dxLg to F 

to A (istQsty to6aikaL (lOvdSsg l6tto6av iv t^ Aj o^dxLg 

Ss to Ftb B (istQsty to6avtaL (lovdSsg i6t(06av iv tA E. 

'ETtsl ovv tb r tb A (istQst xatd tccg iv tp ^ 

20 (lOvdSag, (istQst Sh xal fj (jLOvag tbv jd xatd tdg iv 
avta (lovdSagj l6dxLg aQa ri (lovdg tbv jd (istQst aQLd'- 
(ibv xal tb r (liysd^og tb A' i6tLV aga (og tb F TtQbg 
tb A^ ovt(og ri (lovdg ytQbg tbv z/* dvdTtaXtv aQa, (og 
tb A TtQbg tb T, ovtcog 6 ^ %Qog tr\v (jLOvdSa. Jtdktv 

25 STtsl tb r tb B (istQst xatd tdg iv tp E (lovdSag, 

2. svQTitai P. noifjaoci B et F (supra scr. ^atlat). 4. 
[isysd^rit F. 5. fiixQov] supra scr. F. 7. di BVb. 8. ietq?- 
&^asxaL F. onsQ ^Ssl Sst^cci] om, Theon (BFVb). ^ 16. 
iativ P. ^ B fisyid"q F. 20. tov] to Bb. 21. i^stQriasi b. 
oLQiQ^iLOv] om. V. 22. v,ctC] %ata F. 23. tov] to B. 26. 
Tc5 E] corr. ex avt^ m. rec. b. 
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Ergo datis tribus magnitudinibus commensurabili- 
bus maxima mensura communis inuenta est. 

Oorollarium. 

Hinc manifestum est, si magnitudo tres magnitu- 
dines metitur^ eandem maximam -earum mensuram 
communem metiri. 

lam similiter etiam in pluribus maxima mensura 
communis sumetur, et coroUarium quoque progredie- 
tur. — quod erat demonstrandum. 

V. 

Magnitudines commensurabiles inter se rationem 
habent, quam numerus ad numerum. 

Sint magnitudines commensurabiles A, B. dico, ^ 
ad B rationem habere, quam habeat numerus ad nu- 
merum. 

Nam quoniam A, B commensurabiles sunt, magni- 
tudo aliqua eas metietur. metiatur et sit F. et quoties 
r magnitudinem A metitur, totidem unitates sint in 
^, quoties autem F magnitudinem B metitur, totidem 
unitates sint in E. 

iam quoniam F magnitudinem A secundum unitates 
numeri ^ metitur, sed etiam unitas numerum ^ se- 

^ B r cundum unitates eius metitur, 

I I I I I I I I I unitas numerum ^ et Fmagni- 

tudinem A aequaliter metitur. 

' '^ itaque FiA = 1:^ [VII 

def. 20]. e contrario igitur [V, 7 coroU.] ji:r=^J:l. 

rursus quoniam F magnitudinem B secundum uni- 

y. Alexander Aphrod. in Anal. pr. fol. 87. 

Euclides, edd. Heiberg et Menge. m. ^ 
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(iLtzqEt S\ Xttl 7] (lovas thv E xaza tag iv amia (to^^ 
vdSag, iadxig «Qa ij iiovdg zov E fitzQBt xal ro T" 
to B' 86TIV &Qtt ag ro F st^og ro B, omag ^ ^ovag 
nQog 101' E. iSelx&ti Ss xaX mg to A ZQog to J", o ^^ 
6 repos tfiv fiovdSa " 8i' leov aga iortv atg to ^ itgbg ro B, 
ovtag o d KQi&iios Jipog tbv E. 

Ta aqa avfifiEt^a [i£Yi&tj ta A, B itQog aXXfiXu 
Xoyov IxBi, ov uQtQ^fibg o ^ ZQog apt&fiov lov E' ojrcp 
eSsi dBt^ai. 
10 ff'. 

'Eav Svo iiByi&ri jtQbg «AAijAa Xoyov ixV^ 
ov «Qi,&ii,6g nQog dQi.&-fi6v, avfiiiezQa sOtai t« 
(isyi&tj. 

^vo yccQ liByi&j] td A, B arpog aXl7}ltt Xoyov ixBTio, 
15 ov aQi&fios o jJ JtQog aQLQnbv tbv E' Xaym, ott ffw^ 
(lEtQd iati ta A, B [iBye&rj. 

"Oaai ydQ siaiv iv ta ^ ^ovdSeg, slg toaavttt laa 
SiTjQ^^a&a tb A, xal ivl avttov tOov Satia tb f' oeai 
Si BiOiv iv ta E (tovdSEg, ix ToffoiJTow (i.ByB9av tHmv 
20 tip r avyxEia^a tl Z. 

Entl ovv, oflKt eialv iv t^ /d jiovaSeg, roaaijtd 
siai xttl iv rp A (iByi&ri tea ta F, o uQa fiiQoq iaziv 
ij ftoi/Kg ToC ^, to ttvtb (itpog iatl xal rb F rov A' 
iaTiv ttQa d)g to F itQog ro A, ovrmg 57 iiovccg jcpog 
26 tbv d. (iBtQBi Si 71 (lovag tbv ^ dQi&fiov (iBTQEt 
KQa xttl to r to A. Httl iuBi iativ rog 10 F aQog 
tb A, ourtog ij (lovag TtQog tov jd [uQt&fiov], avditaXtv 
«pa ag to A npog to F, ovtiog 6 ^ «pt^ftog rcpog 



] (pr.) Tov P. 4. flSims V. 7. ngoe h»1.)1o] 11 
IjEt b. 14. Svo yoQ fiieye&if] mg. 1 
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tates numeri E metitur, sed etiam unitas numerum E 
secundum unitates eius metitur^ unitas numerum E 
et r magnitudinem B aequaliter metitur. itaque [YII 
def. 20] F: B '^ 1 : E. demonstrauimus autem, esse 
etiam A : r= J : 1. itaque ex aequo [¥,22] -«4: 5 = J:E. 
Ergo magnitudines commensurabiles A,B inter se 
rationem habent; quam numerus ^ ad numerum E] 
quod erat demonstrandum. 

VI. 

Si duae magnitudines inter se rationem habent^ 

quam numerus ad numerum, commensurabiles sunt. 

Duae enim magnitudines ^, B inter se rationem 

habeant, quam numerus z/ ad numerum E. dico, ^, B 

magnitudines commensurabiles esse. 

nam quot sunt in ^ 
jj unitates; in totidem par- 
tes aequales diuidatur Ay 
et uni earum aequalis 
sit r. quot autem sunt in E unitateS; ex totidem 
magnitudinibus magnitudini Faequalibus componatur Z. 
quoniam igitur^ quot sunt in ^ unitates, totidem 
etiam in A magnitudines sunt magnitudini F aequales, 
quae pars est unitas numeri ^, eadem pars est etiam 
r magnitudinis A. itaque F: -^ = 1 : ^ [VII def. 20]. 
uerum unitas numerum ^ metitur. quare etiam F 

nQog aXXriXtt ta J, B V. 16. tovI t {tov) F, to q?. 21. 
Toaavtai V, t eras. 22. sttfi] iativ r. fcrat V, t eras. 23. 
/d aQi^aov F. ro] (alt.) 6 P, in ras. V. rov] e corr. V. 
25. J aQL&fiov F. Post (lovdg ras. 4 litt. V. 26. xal insl 
%aC V. To] 6 P. 27. ap£^/[tdv] om. P, corr. ex dqi^iLog F. 
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riiv (tovatftt. ndltv inai, oaai ilelv iv tip E ^ovada 
zoOttVTK slai xal iv ta Z i'ea z0 F, iGztv cp« t 
To r Jtpog To Z, oiJTias 7) (lovas agbg tbv E [aQiQ-[i6i^ 
iSstX^V ^^ ^*^^ ^S tb A Jipbg to F, oiiros 6 z? np^ 
5 t^v (iovdda' Si' teov aga iatlv rog t6 ^ jrpos ro j 
ouTOJg 6 .d jtpog Tov E. aXA' wg b ^ Jipog rov j 
OvTcjg ietl tb A WQbg tb B- xat tag aga tb A mpog 
To B, ovtfog xal Jtpog to Z. to A Kpa Jipoff fKaTEpow 
Trar B, Z TOf aurov %£t koyov' iaov apa iatl tb B 
10 ip Z. jiETQet 6h t6 r 10 Z" iiSTQtt aqa xa\ t6 B. 
akka ftijV jcal lo A' tb F aga ta A, B [lEzgtt. Sv(t~ 
(LtzQov apa iatl to A TtB B, 

'Eav aQa dvo (isyi&r] XQbg «AAijZa, xal za II^S- J 

IIoQtafia. 1 

16 'Ex Sii to^Jtow tpavEQov, ort, ^av roOi tfiio apiftfiot, 

(0$ oi ^, B, xal tv&tttt, a>s Vj A, dvvatov ifftt aotijaat 

ag A aQi9(tbg zpbg tbv E aQt&(i6v, ovtms tijv 

av9etav jrpog sv&stav. iav S^ xal Ttov A, Z fiEffij 

avdkoyov Xtjip&^, tug ij B, iatat aig ij A ^gbg tijv Z, 

20 oijrrog zo aito ti\g A Kpog ro ktio t^s B, tovtiativ 

wg ^ TCQcoTtj Jipds tijv TgiTtjv, oCtris t6 afflo tijg ]tpoJri]s 

npos ro a:to r^s ^cvT^pas ^o oftoiov xal O(toiais ava- 

yQa^6(LBV0V. dkX aig ij A JtQog f^v Z, orrws EffTif 

6 A aQt&iiog utQog tbv E «pt^&ftov yiyovtv «pa xal 

25 rag o zJ aptS^ftog aQog rbv B apii^fiov, ovreos ro dnb 



1. etaiv] ekl %al V. 2, rooavxai. P, et FV, aed eorr. 

tlatv P, Z luviitn F- taai T, aed coir, 3. agi&aav] 

om. P. 4. idj (alt.) lov h. 6, lo] o B. lo] i6v Bb. 6. aU'] 

*ai V. 6] postea ins. m. 1 F. 7. iotn om. V. 8. «an 

ri A P. 9. loiiyo» P, Bed corr. ll. fi^vj fieT^frP. 
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magnitndinem A metitur. et quoniam est T\A=\\ ^^ 
e contrario [V, 7 coroll.] erit A\T = ^ \\. rursus 
quoniam; quot sunt in E unitates^ totidem etiam in Z 
magnitudines magnitudini T aequales sunt, erit F: Z 
= 1 : £7 [YII def. 20]. demonstrauimus autem^ esse etiam 
A\T= ^\\. itaque ex aequo [V, 22] ^%i A\Z = ^\E. 
\M^r\xm ^\E = A\B, quare etiam ^:£ = ^:Z. ^igi- 
tur ad utrumque B^ Z eandem rationem habet. ergo 
5 = Z [V, 9]. T autem Z metitur; quare etiam B me- 
titur. uerum etiam A metitur. T igitur A^ B metitur. 
itaque A et B commensurabiles sunt. 

Ergo si duae magnitudines inter se^ et quae se- 
quuntur. 

Corollarium. 

Hinc iam manifestum est; si duo numeri sint /f, E 
et recta A^ fieri posse^ ut faciamus, ut jd\E, ita rec- 
tam ad aliam rectam. sin rectarum A, Z media pro* 
portionalis sumitur B, erit ^ : Z = ^* : B^, h. e. ut 
prima ad tertiam, ita figura in prima descripta ad 
figuram in secunda similem et similiter descriptam 
[VI, 20 coroU. 2, cfr. V def. 9]. sed A\Z = J\E. 



«al xo r V. 1^2. iotiv F. ^ JBJ e corr. V. 13. xal ta 
i^rjs] Xoyov ixBi, ov uqi&ilos ngog aQt&^i^ov, avfifi^stQa iatai ta 
fisyi&Ti' SnsQ iSsi Ssi^ai V. 16. c&g] m. 2 F. sv&stai F. 
7] a\ Q corr. V. 17. 6] tov V, supra scr. m. 2 F. J] 
om. BFb. uQi^yMv FV. E] om. BFb; mg tov d dQt&fi^bv 
nQog Toy E aQi&ftov m. 2 B. Tijv] om. V, ^ P; del. m. 
rec. B. 18. svQ^sCav^-av eras. V, sv&sia P. sv&siav'] triv 
sv&siav V et m. rec. B. 19. Z] JB B, sed corr. 21. cos] 
og stsQ? V. nQmtrj] supra add. fi F, a PBVb._ tQitrjv] | V, 
y Pb et corr. ex y B m. 2 (f m. rec); supra add. y F. nQmtrig] 
& P. 24. dQi&fiov] corr. ex dQi&fiog F. ysyovsv aQo] supra 
scr. m. rec. F. 
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■cijq A Bv&siag Tt^og ro «jto T^g B ev&Eiag' oxip ii 

r. 

Ttt a6vfifi£rQa [layd&T] nrpos aXXijla Xoyov 
5 ovx S%£i, ov KQiS-fiog npog ftptS-fidv. 

"EffTCD aSvfi-fiBTQtt iisyiS^ ra ji, B' }.iyia, iti r.o A 
nQog to B loyov ovx ^%£i, ov agi&nog Hpog ttQi&(i.6v. 

Ei yuQ i%Bt ro j4 %Qog th B Xoyov, ov aQi&(ios 
XQog ttQt&(i6v, avfifiizQov iatai to A rra B. ovx ^ffrt 
10 di' ovx ttQa ro A nQog to B X6yov £%tt, ov agi&fios 
jtQog ttQi&(t6v. 

Ta aQtt cuSvfifistQtt ficyi^ri jrpog aA^jjAa Xoyov owx 
i%st, XKt tk il^g. 

n- 

16 'Bav ffuo fisyi&ri itQog aXltjla Xoyov (lij ^XV^ 
ov aQi&[ibs ^tpog dgt&fiov, ttav(iftBtQtt ievai 
ta (iByiQtj. 

^vo yuQ (iByiQ^ ta A, B Jtpog aXXijXa loyov ft^ 
iX^T^to, ov aQt&fiog irpog ttQi&fioV Xiyca, ovi aev(i(LBtQa 
20 iati na A, B fiByi^^. 

Ei yaQ ietat OvfifiBtQa, to A itQog ro B Xoyov 
f|«, ov aQt&fiog :WQ0S dQt&(t6v. ovx i%et Si. aCv^ 
fiBTQa UQa iatl ta A, B ^ByiQt}. 

'Eav ttQtt Svo (tsyi&tj itQog aXXrjXa, xal ta «l^g. 

1. A ivQiiai] in raa. m. 1 b, Stciq ISii «EilaO om. 
TheoQ (BFVb). Seq. demonBtr. alt,; u. app. 5. Post api&fio» 
ras. 3 litt. V. 7. to] ina. m. 1 F. 9. Ante i^orKi taa. 1 
]itt, F. ^arai BF, 10, yQ. ra A aqct n^og lo B loyov ovn ixtt 
mg. m. 1 b. 12. ttv^fisxi/a b. loyov ovx fjEt Tcpos aXXriXa 
BPb, ^ 13, kkI tb tS^sl om. F (in mg. (inaedftm erasa), S» 
iiQi&ftos jiQos aQi^iiov BVb, SO, Ivtai P, ^oiai, V. SI. yaf 
OTi^pfredvFciiiio.,iro5jGTheoa(BFVb). 22 f;[tib. SvnEpV. 
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itaque inuenimus ^:E=j4^:B^, — g[uod erat demon- 
«trandum. 

VII. 

Magnitudines incommensurabiles inter se rationem 
non habent, quam numerus ad numerum. 

Sint magnitudines incommensurabiles A^ B. dico^ 
A Sid B rationem non haberC; quam habeat numerus 
ad numerum. 

A Nam si A eid B rationem habet, quam 

' - numerus ad numerum, AetB commensurabiles 

JS 

• 1 erunt [prop. VI]. uerum non sunt. itaque A 

ad JS rationem non habet; quam numerus ad numerum. 
Ergo magnitudines incommensurabiles inter se ra- 
tionem non habent; et quae sequuntur. 

VIII. 

Si duae magnitudines inter se rationem non habent, 
quam numerus ad numerum, magnitudines incommen- 
surabiles erunt. 

A Duae enim magnitudines A, B inter se 

, I rationem ne habeant, quam numerus ad nu- 
^ merum. dico, magnitudines A^ B incommen- 

surabiles esse. 

Nam si commensurabiles sunt, A Sid B rationem ha- 
bet, quam numerus ad numerum [prop. V]. uerum non 
habet. itaquemagnitudines ^,£incommensurabiles sunt. 

Ergo si duae magnitudines inter se, et quae se- 
quuntur. 

dQid^fiovl corr. ex ocQi&fjLog m. 1 P. 23. iaz^v F. 24. 

idv — fisys^Tj] om. P. leQos &lXriXa'\ bis b. ^ocl xa e|i5s] 
Xoyov fjLTi ixVi ^^ ccQi^fios nQog dqid^fiov davfifisxqa ^axai Y. 
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Ta dno ziSv (i^xsi OvfinBTQav sv&sitov v^ 
TQayatva xqos aAAfjAa J.oyav ^xei.., ov rsrg£ 
yavog «Qi&^og Jtpog XBZQuyavov gqi&^oV xam 
6 TK tfirpayravK t« jrpog alXnka loyov ^xovxa 
av xsrQayavos eiQi^iioq agog tsrQayavo- 
&[i6v, xal cag xXsvpag s^si. ftgjxfi ev^ji^rgov 
rcc dh &ito irov jf^xei aOvfi^BrQav svd^sit 
Tffayava jiQog alXvjXa Xoyov ovx ^x^^-j 
10 rEtpayovog aQt&(ibs JtQog rsxQdytovov Kpi-9'jtdv! 
xal xa TSXQaycova ra Jtpos aXit]?.a Koyov 
^iovra, ov xsx^dyavos aQi&iios wpog TSTQtt 
yavov aQiQ^ftov, ovdi tks aksvQ&s b^si ^r^xEfl 

eVftilETQOVS- 

15 "Earaaav yag at A, B ^^xsi ev}i.^BXQoi' kiyta. 
To aitb T^s A TSrQayavov itgbs to axo t^s B rsxpt 
yavov Xoyov s%si, ov rsrQayavos dQi&[ibg nQog re^ 
TQayojvov aQt&fiov. 

'Entei yaQ 6vfi(i£XQ6g iativ rj A xfj B fi^xBt, 

20 aQa JtQog tjji' B Xoyov Sx^i, ov KQi&ftbs JCQog a()iO|U({j 
sxBza, ov 6 r itQog rbv ^. insl ovv iaxiv ag fj A 
iCQog %x\v -B, ovxcag o V atpog tow ^, dkXa xov fiiv 
xijs A Jtpos txjV B Xoyov StJtXaSccav ierlv o xov «jto 
T^? A rsTQaycavov agbs rb dnb Ttjg B rexgdyiavov 

25 ta ydg ofioia ex^^ftaxa iv SmXaaiovi koy^ b6tI rinv 
o^ok6yav nXsvgav' rov di toO F [dgiQiiov} xgbs 
xbv .A [aptfl-ftov] koyov SiTtXaeiiov iexlv 6 loi; «Jio tow 
r rsTQuyavov jrpdg tov rtjro tou ^^ rsTQaycavov dvo 
ydg TBxgaycovav dQi9fi.av slg [liaog dvdXoyov ieriv 
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IX. 

Quadrata rectarum longitudine commensurabilium 
inter se rationem habent, quam numerus quadratus 
ad numerum quadratum; et quadrata^ quae inter se 
rationem habent; quam numerus quadratus ad nume- 
rum quadratum, etiam latera longitudine commensura- 
bilia habebunt. quadrata autem rectarum longitudine 
incommensurabilium inter se rationem non habent, 
quam numerus quadratus ad numerum quadratum; et 
quadrata, quae inter se rationem non habei^t^ quam 
numerus quadratus ad numerum quadratum, ne latera 
quidem longitudine commensurabilia habebunt. 

Nam Ay B longitudine commensurabiles sint. dico^ 
A^iB^ rationem habere, quam habeat numerus qua- 
dratus ad numerum quadratum. 

j. Quoniam enim A et B longi- 

I 1 I 1 tudine commensurabiles sunt, A : B 

r rationem habet, quam numerus 

, , ad numerum [prop. V]. sit A:B 

^ = F: A. iam quoniam A : B 

= r:A, et A^:B^ duplex est quam ratio A:B (nam 
figurae similes inter se duplicatam rationem habent 



2 B. 8. 6Vfi[i,stoa)v b (corr. m. rec), 9; ccl seq. ras. F. 9. 
ov BPb. 10. ccQi&^ftovl om. V. • 11. ft^ ^xovxa Xoyov V. 

12. ovnBQ V. 16. yaq\ om. V. 16. zo] (prius) supra scr. 
m. 1 P. TBxqay(ovov] (alt.) m. 2 comp. F. 17. ovhbq V. 21. 
ov] ovv ov Bb, ovv corr. in ovv ov FV. 22. T aqi^yiiOq BVb 
et 8 corr. F. z/ aQi&fjLov BFVb. 23. tjjs] e corr. V. di- 
nXdaiov V, corr. m. 2. 24. xo] corr. ex xov V. 26. xov] 
(alt.) om. P, supra scr. F. aQi&f/^oi] om. P. 27. aQL&fiov] 
om. P. 6 xov] x6 F. 28. Post F del. nQog xov d P. 

xhXQay<hvw)\ xsxQuymv seq. ras. 1 litt. F. xov] xo B. 29. 
fiiaov B, corr. m. 2. 
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KQt&fios, Jcat o T£tQ(iyiovos Kjiog zov TttQayiavov [a( 
^'^01'] Smlaaiova Xoyov ex^i, ^zaff tj ai.£VQu itQog 
tiiv alEVQav EStiv aoa xal ms to aTto t^g A rfrpa- 
yavov wpos ro ano tijg B TitQciya^vov, oOrrag o aao 
6 tov r tttQayatvos \Kpt9fi6s} Jipo? tov uito low ^ 
[aQt.Q'(iov~\ zhtqayavQv [ap^&fioV]. 

'AKla dii tOTti (ag TO ano tr^s A ttTQaymvav itpoq 
tb ttitv tijs B, ovta; 6 aitb roii f tetQayavos npog 
Tov «jro rou ^ [tiTQdyavovy Xsyio, Zti 6Vfijj.st(f6e 

10 iSTlV 7j A tlj B [l^^Xtl, 

'Enel yap iativ mg ro Kffo r^g ^ tsiQayatvov 7e$»os 
ro «reo T^s B [tatQiiyiavov] , oSrras 6 azo Toti P tc- 
Tpayovog wpos Tov ttBo Tou i^ [tBTgKymvov}, dkk' 6 
niv Tow dito tijs A tEtQaytovov Jtgog t6 areo t^j S 

15 [tstQclyBivovl Aoyos diTt^aeimv iotl TOi' t^s A TCQog 
Tiji' B Xoyov, o de tou cjto tov P [aptS-jioy] leipa- 
yraroi' [dQi&[iov] ngog tbv aTto tov d [apf&fioS] ts- 
TpaV'"*'''*' [Kpi^&fiov] koyog Sta^aaiav iSTi tov tov F 
[Kpi&ftow] JTpos Tov ^ [dQi&^ov] XoyoVf eBTiv UQa 

20 xnt ag 7] A XQog rijv 5, ovTtas 6 F [«piS^ftcis] srpoe 
TOJ' ^ [dgid-fiovj. ij A aga XQog tijv B Xoyov ixst, 
ov dgi&iios o r «pos dQi9[i6v tov z/* Sv^fifrpos «pa 
iotlv rj A tjj B /tijxft. 

'/JAAa Sij davfiiistQos ^eta rj A zy B fijjxef Xiya, 

25 ijTi To awo T^g A tetQiiytavov JtQog to axo tijs B [ts- 
TQdyavov] Xoyov ovx l%si, ov tBtQdymvos dgid^fios 
ngog teTgdyiavov dQtQ-fiov. 

Ei yaQ ixtt T() da6 tijg A tSTQdyavov repog t6 
airo TJjs B [TetQayfavov] 'koyov, ov rfrpaymvos dgi^- 

1. opt»(io'*l om, BFVb. 5. r] in rai. F, T aeie'fiov 
--*■— "I — *■ 6. «ei&fiDu] om. P. nslfl-fioj'] 
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quam latera correspondentia [VI, 20 coroU.]), et F* : J^ 
dnplex est quam ratio F: J (nam inter duos numeros 
quadratos unus medius est numerus, et numerus qua- 
dratus ad numerum quadratum duplicatam rationem 
habet quam latus ad latus [Vm, H]), erit A^: B^ =I^:/fi. 

lam uero sit A^:B^ = r^: ^^. dico, A et B longi- 
tudine commensurabiles esse. 

nam quoniam est A^:B^ = r^: ^, et A^ : B^ duplex 
est quam ratio A : B, F^ : ^d^ autem duplex quam F: A^ 
erit A:B = r:A. itaque A ^i B rationem habet, quam 
numerus F ad numerum A. ergo A et B longitudine 
commensurabiles sunt [prop. VI]. 

lam uero A et B longitudine incommensurabiles 
sint. dico, A^:B^ rationem non habere, quam htbeat 
numerus quadratus ad numerum quadratum. 

si enim A^ : B^ rationem habet, quam numerus 
quadratus ad numerum quadratum, A et B commen- 

om. P. 8. JB tstQdyoavov BVb et e corr. F. tov} corr. ex 
T^s V. 9. TStQocyiovov'] om. P. 11. A] in ras. b. 12. ts- 
tQccymvov] om. P. 13. to)'] to b. tstQaymvov] om. P. 14. 
Tov] m. 2 F. To] tov B, tov tov F. 16. tstQotyoivov'] om. P. 

16. aQi&fiov] om. P. tstQoiyoavog B V. 17. aQi&fiov] om. P, 
aQi&fiog BV. ccQid^fiov] om. P. tstQccyoavov P. 18. ccQid'- 
ftov] om. P. iativ P. tov] om. V. 19. ocQtd^fiov] om. P. 

aQid^fiov] om. P. 20. aQi&iiog] om. P. 21. aQtO^fiov] om.P. 

22. Tov J] m. 2 B. 25. A] corr. ex B m. 1 V. TfiT^a- 
yoavov] (alt.) om. P. 29. tstQccyoavov] om. P. 
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libs Jtpoff TBTQaytavov aQi&fiov, 6vjifisr(f0ii Sarai t] A 
%^ B, ovx i0Tt 6i- oiix uQa ro «ao f^s -^ ttTQaycavov 
jcpog ro «310 1^3 B [Tirpdyavov] loyov ex^i, ov tBTgd- 
yavog dgi&fibg OTpos reTQiiyavov dgi&(i6v. 
5 ndkiv d^ xb dnb rijg A rsTpdyavov ^tpog ro ttJto 
rijg B [rsrQiiyDJVov] koyov (iri ix^Ta, ov terQdyoivog 
ttQL&(t.bs itpoff tsr^dymvov dQi&fiov Xsyta, ort devfi- 
(iSTQog iativ r A rfj B (ii}xsi. 

Ei ydp ieti av(i(itTQOS ^ A trj B, s^si ro dnb t-^g 
10 A nffbg rb dnb rijs B loyov, ov Tfrpayravog KQL&p.os 
XQog tsrQdyavov dqi^ftov. ovx sxsi Ss' ovx UQa 
UvjifistQOs iSTLv ti A rfi B [i^xti. 

Td uQa djtb tiav fi^^xtL ev(i(iirQtov, xal ru i^ijg. 
« 

noQiafia. 
15 Kal tpavsgbv ix rmv dsdsiyfiBvixiv iartti, ort at 
ftjjstei ffvftfiErpot ftdvrais xal Svvdfisi, at 6i SvvdfiEi 
ov ndvtag xal fi^^xsi [sljcsff ta &%b twv (i^xsi av(i- 
ftitQiov Bv&siNv tBtQttyavtt Aoyov sxsi, ov tttQayavog 
apt^ftos JTpos TBtQdymvov dQi&^ov, rd 8% Aoyov sxovta, 
20 6v uQid^fibs Kpog aQL&fiov, avftfisTQa iarLv. Sats at 
ftijxct av(L(isTQoi. sv&Biai. ov fiovov Isial] ftrixBi eiifi- 
(ISTQOI, a^ka xal SvvufiBi,. 

TidXiv insi, oOa TBtQdyava ngbg aXl^ltt koyov S%Bt, 
ov terQayiiivog aQid-fibs ffpos rfrpKyovov dgL&fiov, ft^xsi 
86 iSsCx&y\ avfifistQa xttl Svvdftsi ovta avftfisrQtt rdj ta 
tSTQaycava Aoyov ^x^lv, ov uQL&^tbs jrpog dQi&^ov, 
oOa apa rBtQdyava Xoyov ovx Ix^i, ov tSTQdytavog 
dQi&ftbg XQog TBtQayavov aQi&fiov, dXXa dnXmg, Sv 



2. Post B add. u^Kfi m. 2 
3tj] om, b, ei BFV. 6. rfieoy 
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surabiles enint. at non sunt. ergo A^iB^ rationem 
non habet, quam numerus quadratus ad numerum 
quadratum. 

iam rursus A^iB^ rationem ne habeat; quam nu- 
merus quadratus ad numerum quadratum. dicO; A et 
B longitudine incommensurabiles esse. 

nam &i A et B commensurabiles sunt, A^iB^ ra- 
tionem habebit, quam numerus quadratus ad numerum 
quadratum. at non habet. ergo A et B longitudine 
commensurabiles non sunt. 

Ergo quadrata rectarum longitudine commensura- 
bilium, et quae sequuntur. 

Corollarium. "^ 

Ex iis; quae demonstrauimus, manifestum est^ rectas 
longitudine commensurabiles semper etiam potentia 



corr. F. 9. sl] in ras. P. iatai P. 10. A TStQdyoavov 
BFb. B tstQccyoivov BFb. 12. Post B add. dcvfiff^stQog &Qa 
ictlv 71 A tjj B FYh, B m, i, 13. Post avyby^stQ^ov add. 
svQ-si&v tstQdyoava TtQog aXXriXa Xoyov ixst, ov tstQaymvog aQid'' 
(log TtQog tstQaymvov aQi&ii^ov Y. Post i^^g add. Theon: SnsQ 
idsi dst^ai (BFYh). 16. iyi] IW Jx BFV. ^ctat] om. b. 

17. ov] in ras. F, av[i>fistQOi ov V. stnsQ] corr. ex rjnsQ 
m. 2 V. ra] corr. ex toig m. 1 P. 21. Post fii^xst add. 
dsi m. 2 B. sla£] om. P. 23. oaa] iv P, corr. mg. m. 1. 

tstQayoiva X6yov i%si TtQog aXXrila F. 26. tstQayoivog dQi9'' 
(ibg nQog tstQaymvov aQi&^fiov BFVb. Post aQtd^fiov add. 

otov 6 X xal 6 $ * 6 yaQ £ nQog tov X Xoyov ovti i%siy ov tstQa- 
yoivog aQtd^iiog nQog tstQayoivov aQt&ftoVy avf/^iistQOi di ' at 81 sv- 
9'stai. aw oiv avsyQacprjaav, davfifistQol slatv td yaQ tstQdymva 
dXoya statv mats ovv at (irjY.st avfifistQot ndvtmg nal dwdfisi^ 
at Sl dvvdfist ov ndvtoig xal ft^x£i b. 28. dXX' BFY. dnX&g] 
om. Fb, m. 2 B. ov] ov hsQog rtg BPVb. 
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affi9ii6s itpoff aQid-fiov, avftfietpa fiev Setai ccvta «^ 
tstQayiava Svvafist, ovxitt di xal iLiqKW asxE ta ftiv 
(irjXBi. evfifutpa ndvtmg xal dvvaii8i, ta de dwafiEi 
ov aavta>s ttal (i-^xti., bC (tri xal Xoyov i^oisv, ov te- 
6 Tpayajvog dQiS^fiog xphe tSTQdyeavov agi9fiiiv. 

Idya (Jtj, oti [xal] «f (i^xsi afftJfififtpoi ov itdvtcag 
xal Svvd(tsi, iasid-^asg al dvvdjisi. SvftftstQOi Svvavtai 
Xoyov fMj sxsiv, Sv titpdyavog dQt9(ibs JtQog tEtpa- 
yaivov dgi&fiov, xal did tovto dvvdfisi oveai ev(i- 

10 (lEtpot ftijxft sialv dav(i(iBtQOi. mate ov^ ai ta fiifxei 
d6v(i(isTpoi Kavteag xal Svvdfisi, d}.i.a Svvavxai ftijxci 
ovaat dev(i.^Btqot Svvd(iBt slvat xal «ffvfiftfTpot xul 
av(i(istpot. 

aC Si Svvdfist dev(i(tSTQoi ndvtiaq xal fMJxfi ceSuft- 

15 ftftpof sl ya(f \[si6t'] [t^xst ■avfifiBTQOi, saovtai xal 
Swd(tst ev^(tsTSfot. vjioxstvTat Si xal devfiftsttfof 
oasQ tttoTcov. ttt ttQtt Svvtt(isi dsv(i(istQot advtag 
xal ftjjKftj. 

J^lifia. 

20 tdidBtxTai iv totg apid-(ir]ttxotg, ort o^ oftotot ini- 

ntsSot aQi&fiol XQog dXX-^Xovg Xoyov sxovotv, ov ze- 
TQaymvog (Jpi^ftog jrpog Tstgdyiavov dQi&(i6v, xal Stt, 
ittv Svo apifl-ftol JZQog aXX^^Xovg Xoyov s%aetv, ov 
tSTQttycovog dgtd^ftog Jtpog TSTQayavov cptffftoV, oftotof 

25 £^011' iatitsSot. xal S^Xov ix tovttov, ott ol ^ti oftotoi 
imnsSot dQt&(toi, tovriaxtv ot (lii «vdloyov sxovtag 
tdg jtXsvQag, TtQog dXX-^Xovg Xoyov ovx ^x^vetv, Sv 
TETQdya>vos ttQi&(tag itQog TSTQuyavov aQt&fiov. si ydf 
S^ovatv, oftoioc iainsSot ieovTaf oasQ ouj; vaoxstTat. 
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commeusurabiles esse, rectas autem poteutia commeu- 
surabiles uou semper etiam lougitudiue.^) 

Lemma. 

lu arithmeticis demoustratum est, similes uumeros 
plauos eam iuter se ratiouem habere, quam habeat 
uumerus quadratus ad uumerum quadratum [VIII; 26], 
et si duo uumeri iuter se ratiouem habeaut, quam 
habeat uumerus quadratus ad uumerum quadratum, 
similes uumeros plauos eos esse.^) uude adparet^ uu- 
meros plauos uou similes (h. e. qui latera proportio- 
ualia uou habeut [cfr. VII def. 22]) iuter se ratiouem 
uou habere^ quam habeat uumerus quadratus ad uume- 
rum quadratum. uam si habebuut, similes eruut plaui; 
quod eoutra hypothesim est. ergo uumeri plaui uou 



1) Qaae seqmtnr p. 28, 17 — 80^ 6 demonstratio coroUarii 
et superflua est et a sermone Euclidis abhorret. praeterea of- 
fendit, quod plus demonstratur (liycD di^ lin. 6), quam propo- 
situm erat. 

2) Hoc nusquam demonstratur; sed est VIII^ 26 conuersa, 
qua etiam in IX^ 10 p. 358, 19 utitur. 



supra xd ras. est. 2. Ante dvvdiisi add. xovxiaxiv at svd^siaL, 
aqp mv dvsYQdtpricav BFVb. -ra] af BFVb. 8. avfi^stQOi 
BFVb. ta] af BFVb. 4. Supra ^;fOfc«v m. 2: ra tstQa- 
yatva V. 6. xa^] om. P. 7. Post dvvdfisi add. davfi' 

fi^stooi V. insidrinsQ^ insidri yuQ P. 10. t^] om. FV. ^ 11. 
dXXa %a£ V. 12. aviifistQOL xal dav^fistQOi P. 14. /u.^xe(] 
-rj' e corr. P. 15. siai] om. P, slaiv B, comp. b. 16. vno- 
x€tTat b. Post xa^ del. dvvdyLSi F. 19. ^^ft^a] om. P. 20. 
dri iv F. oti] supra scr. m. 1 b. 21. Xoyov nQog dXXriXovg 
i^ovatv F. i%ovai P, corr. m. rec. 23. hvo] supra scr. m. 
1 F. 25. Supra inCnsSoi scr. ot dQtd^fioC m. 1 b. fii^] supra 
scr. m. 1 V. 29. vn6Y.sivtai P. 
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Ot aga [li] ofioioi izinedot itQog KAAjjAotrs Xoyov owV 
ijlfivOtv , ov tsTQKyavos «piS^jios Jfpoj TetQayavov 



6 Tj; Jtporf^siOf/ EV&Eia jtgoCBVQttv dvo ev- 

%ECKq Kffvftfi^rpovs, r^v ^fK ftijxft fto'i'Oi', t^v 
di jtal Svv(i(tEt,. 

"Eara ^ srpoTE^^ErffK av&Eta tj A' SbI Srj zij A 
xgoaBVt/BEv Svo EvQ-Biag tt0vii(iBZQOvg , t^v ft^ fMjxct 

10 fiovov, trjv St xal SvvdfiEi. 

'EnxBCa&coaav yaQ Svo aQi&fiol ot B, F mgog aX- 
AijAovg f.oyov fii] S^jiflvTEs, ov XBXQayavog aQi&iios TtQog 
TBTQfiyavov aQi&iiov, Tovzdati fx^ oftotot ixixBdoi, xal 
yEyovETBj ms o B otQog tov r, ovrcag to dxb r^g A 

15 XBTQaytovov JiQog t6 dxo T^g /4 TETQuyeivov iiid&Ojiev 
yuQ' avfifi.BtQov aga ro dao r^g A t^ aab r^g ^. 
xal iTtEl 6 B JtQog zbv T Koyov ovx ^X^i, ov zetQd- 
ycovog apcS^fios Jtpos TBTQayiDVOv dQid-fiov, ovS' &Qa 
To axb rijg A TCQog tb «iro ttjs ^ i.6yov b%bi, ov te- 

20 Tgdymvos dQi&ftbg XQog TBtQayavov «ptS-fiov dev(i- 
fieTQOg UQa iatlv t} A t^ ^ (i^^xbi. Bll^^qi&ca t<dv 
A, /i jiierj dvdkoyov ij E' effTtv cpa aig tj A wpog 
Tfiv ^, oifTtog t6 ditb Tris A TBTQayoivov TtQOS tb dxb 
T^g E. dav(ifiBtQog Sd iattv t) A tjj ^ ^■^XBf devfi- 

2B (iBTQov uQa iatl xttl t6 djtb r% A TEtQdyavov tjo 

demDnslr. alt., n. app, 6. eviinhfovg E 

iuB. poBtea F. 8. Jsf] 3- m ras. V. 

m. rec; tj V, eed cocr. 13. romiati 

add. /^ F, cai aignD in ms. nihil renp.; in b seq. 0^ yag ofioioi 

iTtijrsdoi npos tillijloiis Joyo»i fj^orciv, ol' TtTeiiyoivos (5(i(&fioe 
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similes inter se rationem non habeut, quam numerus 
quadratus ad numerum quadratum. 

X. 

Data recta duas alias inuenire ei incommensura- 
biles, alteram longitudine tantum, alteram etiam po- 
teutia. 

Data recta sit A. oportet igitur duas alias rectas 
inuenire rectae A incommensurabiles, alteram longi- 
tudine tantum; alteram etiam potentia. 

Sumantur enim duo numeri 5, F, qui inter se ratio- 
nem non babeant; quam numerus quadratus ad nume- 
rum quadratum, h. e. plani non similes [u. lemma], 
et fiat B:F™^*:^J* (hoc enim didicimus [prop. VI 

coroll.]). itaque ^ et /P commen- 

surabilia sunt [prop. VI]. et quo- 

niam -B^Frationem non habet, quam 

numerus quadratus ad numerum qua- 

dratum, ne A^ : Ai^ quidem rationem 

habet, quam numerus quadratus ad 

numerum quadratum. itaque A ^i A longitudine in- 

commensurabiles sunt [prop. IX]. sumatur rectarum 

A^ A media proportionalis E, itaque A:A = A^\E^ 

[V def. 9]. sed A ei A longitudine incommensurabiles 

nqo^ xBXQaymvov aQi^fiov^ in Y seq. Sia xovxo^ punctis del. 
m. 2. 16. xrjo] xov P. r^s] xov P. Jl corr. ex B m. 
1 V,^ B b. 19. A] corr. ex z^ m. 1 F. TCQog supra m. 1 V. 
xo] corr. ex xm V. J] B b. 21. iaxiv] postea ins. Fi 24. 
E xsxQccymvov V. 25. iaxCv P. 



EucUdes, edd. Heiberg et Menge. in. % 
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ccTto rijg E retQaym^G)' cc0v(i(i£rQog uQa icrlv ri A rrj 
E 8vvd^€L, 

Tij ccQa 7CQor€d^€i6y €v^€Ca rij A TCQOo^VQtjvrai Svo 

€vd^€tac d6v^ii€rQ0c aC A^ E, (n^x€L (ihv (lovov fj Aj 

5 dvvdii€L dh Tcal (it^k^l drikadri ^ E [o7C€Q ld€L d£r|at]. 



La\ 



'Edv ri66aQa ^^ydd^rj dvdkoyov y^ ro Sh 

TCQoirov r^ S€vr€QG) 0vfi^€rQOv rj^ xal rd rgi- 

rov Tc5 r€rdQrp 6v(i^€rQov i6raL' xav rb TCQSrov 

10 Tc5 S€vr€QG) d0v[i^€rQov rjy xal ro rQCrov r^ 

r€rdQr€p d0v^(i€rQov €6raL, 

"E6r(o6av r€00aQa (i^yid^rj dvdkoyov rd A^ 5, 17, ^, 
iig ro A %Qog ro B, ovrcjg ro F TCQog ro A^ ro A Sh 
rp B 6v^[i€rQ0v iara' kiycD^ ort xal ro F rp A Cv[l- 
16 ^€rQov loraL, 

'E7t€l yaQ 6v^(i€rQ6v icrL ro A rp B^ ro A aQa 

TCQog ro B koyov i%€Lj ov dQLd^^og JtQog dQLd^fiov. xaC 

icrLv (og ro A TCQog ro B, oijrcjg ro F TCQog ro A' 

xal ro r aQa TCQog rb A koyov €%€Lj ov aQLd^^bg TCQog 

20 dQL^^ov 6v^^€rQ0v aQa icrl ro F rc5 A. 

'Akkd Srj rb A rS B d0v^(i€rQOv i6ra' kiycD^ ort 
xal rb r rc5 A d6v(i(i€rQ0v iCraL. iic^l yaQ dcv^- 
^i^rQov idrL ro A rp B, ro A aQa TCQog ro B koyov 
ovx i%€Lj ov dQLd^^bg TCQbg dQL^fiov. xaC icrLv (x>g 

3. TCi^oaTsQ^sCcy Pb. TtQoaTjvgrivtai BFb. 4. 17] corr. 
ex ty B. Fost d add. tiocC B et F, sed del. 5. otisq ^8si 
dsC^oti] om. PBFb. Seq. scholium in PBFb, u. app. 6. icc'] 
corr. ex i m. rec. P, ex ty' V. 8. nQoitov] a P, et sic sae- 
pins. To] ins. postea F. tgCtov'] y P et b (et sic saepius). 
15. iattv B Vb. 16. iativ P. to A] (alt.) postea ins. F. 17. 
B] corr. ex -4 m. 1 F. ^ 18. xo A] corr. ex 6 -4 V. 20. T] 
in ras. V. 21. oti dav^^stQov iati xal to T t^ d V. 22. 
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sunt. itaque etiam j^ et B? incommensurabilia sunt. ^) 
quare A ^i E potentia incommensurabiles sunt.^) 

Ergo data recta A duae aliae inuentae sunt ^^ E 
ei incommensurabileS; A longitudine tantum^ E autem 
potentia et longitudine; quod erat demonstrandum. 

XI. 

Si quattuor magnitudines proportionales sunt^ et 

prima secundaque commensurabiles sunt, etiam tertia 

quartaque commensurabiles erunt. et si prima secunda- 

que incommensurabiles sunt^ etiam tertia quartaque 

incommensurabiles sunt. 

Quattuor magnitudi- 

nes proportionales smt 

ri 1 j I 1 



' A, B, r, J, ita ut sit 

A:B = r:jdy et A, B commensurabiles sint. dico, 
etiam JT, A commensurabiles esse. 

Nam quoniam A^ B commensurabiles sunt, A.: B 
rationem habet, quam numerus ad numerum [prop. V]. 
et A : B = r : ^. quare etiam JT: A rationem habet, 
quam numerus ad numerum. ergo F,^ commensura- 
bilefi sunt [prop. VI]. 

lam uero A et B incommensurabiles sint. dico, 
etiam JT, A incommensurabiles fore. nam quoniam A, B 
incommensurabiles sunt, A : B rationem non habet. 



1) Hoc ex prop. XI concludendum eiat (quare Gregorius 
propp. X et XI permutauit). omnino tota prop. X cum lem- 
mate multis de causis suspecta est^ et uix crediderim, eam a 
manu Euclidis profectam esse. 

2) Quare etiam longitudine (prop. IX coroll.). 

Itfrat] iativ BFb. 23. A] (alt.) supra scr. m. 1 V. a^a] 
supra scr. m. 1 F. 24. ovx] m. rec. b. 
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To A Jipos To B, ownag ro F Tc^og ro ^' ow5^ ro^ 
apa n:p6s ro ^ Aoj'oi' l^^t, ov «(ii&^og jrpog uQiftfK 
ttOvfiftetQov KQtt iarl ro f tco -^, 



Ta T(5 HWT(5 fiEyeOK ffiiftjtEtpa x«I aAAtjAoii 
^ffti (Jjjfi 

'EmTSQOv y&tf rav A, B za T Setm av/i/tST^ 
Idyio, OTt xal th A zip B iari evfifiszQov. 

10 "EjTft ycp ffvftftftpdi' fffrt ro ^ r^ F, to A aqa 
Jtpos ro r Adj-ov £XEt, oV ccQid^iios «pos KpiS^fidw. 
ix^tm, ov 6 z/ Jtpdg Toi/ £. naXiv, ditsl evftfistpov 
iati To r r<p B, ro F «p« apog ro B idj'oi' Ijjet, ov 
api^lihs ipog Kpt9'fto'i'. ifjxfsi, dii o Z jrpdg rdw H. 

16 Mwi idyroi' doS-fWmv 6^o€mvovv rov re, or i';[ft 6 .^ 
jrpog rov E, xal o Z srpog roi' iJ sl}.'q(p&Q}Sav dpi&iiol 
i^iis iv Tofj So0'siai. /dyots of 0, JiT, -4" taare sivat 
cog ftii' roi' ^ sipog rov fi, oitojs roi' @ jrpds roj' Jf, 
t&S tf£ tdv Z jrpog idv H, oiirwg rdf ^ff irpdg rdv ji. 

20 '&rEi ovv ietiv rog rd ^ repdg rd F, ovrog d zf Jtpds 
rdr E, «AA' a>s o ^ Jrpdg rdi' £, owrros 6 & KQoq 
xbv K, Settv &qa xaX rog to A arpdff rd F, owrrog d 
ffpds rdv K. xakiv, l%sl ietiv ros rd f jrpdg rd B, 
owrrog o Z npdg toi' Jf, aii. rog o Z Jtpdg rdv fl, 

25 [odrros] o -'^ «pds rdi' A, xal rog apa to F irpds td B, 
ourros 6 ff JTpdg rdr A. lati Si xal ros td A «pdg 

1. ov#e] om. Y. 2. apn] om. V. Hoyoi'] aga ).6yov 
OVK V. 4. Tfffoorga] re ff F. Ante jttii add. H^ftloyo* j 
BFb; avaXoyov ij, to ii wptoro*' to ^EfTetna ciiufttTflOf « V. 
Post ilni add.' onep fSei Sei^ai V. 6. ig''] corr. es la m. 

" ~. fityid^ijb. 15. onoaiov? V (comp.). 17. I£^b] 
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qnam numerus ad numerum [prop.VII]. etJiB^r:^. 
quare ne F:^ quidem rationem habet, quam nume- 
ms ad numerum. itaque F, A incommensurabiles sunt 

[prop. vm]. 

Ergo si qoattuor magnitudineS; et quae sequuntur. 

xn. 

Quae eidem magnitudini commensurabilia sunt^ 
etiam inter se commensurabilia sunt. 

Utraque enim A, B magnitudini T sit commen- 
surabilis. dico, etiam A^ B commensurabiles esse. 

nam quoniam A, F commensurabiles sunt, A : F 
rationem habet; quam numerus ad numeriijpi [prop. V]. 

sit A : r = A :E. 
rursus quoniam F, B 
commensurabiles sunt^ 
F: B rationem habet; 
quam numerus ad nu- 
merum [prop. V]. sit 
r:B = Z:H, et datis quotlibet rationibus, ^ : E et 
Z : Hj numeri sumantur deinceps in rationibus datis; 
0, K, A [cfr. VIII, 4], ita ut sit A:E=®:K, Z:H 
= K:A. 

iam quoniam est A : F = A : E et A :E = ®:K, 
erit etiam A:r= ®:K [V, 11]. rursus quoniam est 
r:B = Z:HetZ:H = K:A, eiit etie^m r:B = K:A. 



in ras. V; ildxiatoi i^rig F, sed corr. So&siaivF. 18. tov /f\ 
tov postea ins. F, 6 J F. 20. to] (alt.) corr. ex rov V. 22. 
6 A F, Tov ^ P. ^ 28. 6 r P. To] rdv P. B] corr. J 
ex r m. 1 b. 25. ovttog] om. P. %ctl mg — 26. A] bis F, 1 
sed corr. 26. 6 F P. 26. sativ P. to] o F. ^ 
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To r, ovras 6 & jrpoj loi/ K' Si' ieov kqu ierlv 
t6 A TiQog to B, ovttag 6 & xpog roi' A. ro A i 
npog to B ko-yov Sx^i, ov api'9'm6s 6 & npog aQi&fiht 
Tov A' aviifierpov agct iarl to A ta B. 
j Ttt uQa rra avt^ (iByi&Ei 6vfip,&tQa xkI aAAtjAoij 
iezl 6i5/ift£rpa ■ oneQ i'dei dei^ai. 



'Eav ri dvo fisye&f] 0vii(iitQa, ro 6\ fVffiofl 
avtwv fibyi&ei tLvl aev[i[i£QOv y, xal ro koii 
10 Tp avt^ davfiii.ETQov SerKi. 

"Eera Svo (ityi^ij 6v[LiiBrQa ra A, B, to 6^ eTEQOn 
avvmv to A aXkp tivl rm F dovfifiErQov iCTW Xdyt 
ort xal to ^oi%6v'r6 B rp J" devfifiBrgov iettv. 

El yaQ ieit avfifisTQOv ro B rp F, dXXa xal to j 
15 ta B evftfiETQOV ieriv, xal t6 A aqa rp F avfiiiEZQt 
ieriv. dXXa xal davfifittQov' oxeq dSvvarov. 
aga avfifierQov iari ro B tjo F' devfifi.EtQov «pa. 

'Eav ttpK ]j 8vo fteyi&ii avfifiEtpa, xal Tii i^ijg. 

Arjfifia. 

EO -dvo SoQ^Eiemv ev&eimv dvCaoiv Evgetv, tivi ftet^i^ 
dvvatai 7j fitC^a}v t^g Hdaeovog. 

"Earmaav «f doQsteai Svo avieot Bvdetai ai AB, . 

2. 6 A n^o; Tov B h. 4. iaziv P, 6. av/ijittQa] 
Bupra BCF. m. 1 P. oniQ Idu dsilai] comp. P, om. Bb. 
lemmB, u. app. 7. ly'] i^' corr. in ly m. tec. P, y io raj 
if, a in tas. m. 1 B, ly mg. 8. i] om._ V. («y^] ,_ 
eopra m. 1 P. dovfinixga F, sed corr. ; inSjifiEtpu g V, d' S 
11. 3vo] mg. yp. uvi^ m. 1. b. 12. aila] Meco BFK 

13. Tfl B] om. b. rp F] eraa. b. iori to !B Toi r'b. 
el — r] Bopra acr. m. rec. b. F r^i B P.^ 'l6. ii 
comp. Fb, om. T. nai — evfiiif-] aupra acr. m. _ 

-tpov — 16. Ktti] in ras. F. 16. D«fe iot/i' F. 17. Sqa] If 
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uerum etiam Air=@:K. ex aequo i^iux A\B = &iA 
[V, 22]. itaque A:B rationem habet, quam numerus 
& ad numerum A. itaque A^ B eommensurabiles sunt 
[prop. VI]. 

Ergo quae eidem magnitudini commensurabilia - 
sunt; etiam inter se commensurabilia sunt; quod erat 
demonstrandum. 

XIIL 

Si duae magnitudines commensurabiles sunt^ et 
alterutra earum magnitudini alicui incommensurabilis 
esty etiam reliqua eidem incommensurabilis erit. 

ji , 1 Sint duae magnitudines commen- 

Fi 1 surabiles A, B, et A alii magnitu- 

B I 1 dini r incommensurabilis sit. dico, 

etiam B, F incommensurabiles esse. 

nam si B^ F commensurabiles sunt et etiam A, B 
commensurabiles, etiam A, F commensurabiles erunt 
[prop. XII]. at eaedem incommensurabiles sunt; quod 
fieri non potest. itaque B, F commensurabiles non 
sunt. incommensurabiles igitur. 

Ergo si duae magnitudines commensurabiles sunt, 
et quae sequuntur. 

Lemma. 

Datis duabus rectis inaequalibus inuenire, quantum 
maior quadrata minorem excedat. 

Sint datae duae rectae inaequales AB, F, quarum 

postea ins. B. 18. y"] om. P. aaviiiiBtQGt F, sed corr. xal 

ra B^ijs] f^o dh etsqov avxmv fisysd^si xwl davfifiSTQov ^, xal j 

ro Xoinov x& Gtvxtp davjifisxQov icxai' onsQ idsi dsi%cci, V. 19. 
t«' B. 20. dvlamv svQ^si&v F. 21. hitxovog F. 



av (i£ii,tov fffTW t) AB' Sst Sr^ ivQttv, xCvi fiff^ 
SvvcTai. 7} AB t^s -f. 

rEyQaipQco inl t^g AB i}^ixviii.iov ro AjdB, 

elq avrb ivt}Qfi669<o zy F tOr} tj A^, xcl i7tBt,e^x9\ 

5 ij ^B. tpaveQov S-^, oti opff'^ iariv ^ vno A^B ytovla^ 

xal ozL ij AB r^g A/:J, Tovziori r^g F, fiEt^ov ffw^ 

varai. tfi AB. 

'Ojioicas Sl xal ffuo So&Eiamv Ev9BKav yj Svvufiivl^ 
avtaq EVQCOnExai ovras- 
10 "EazGXSav aC So&EiOai Svo tv&Eiai. at A^, z/B, m 
Seov 4'fftro EVQtiv Tjjr SwafiEvriv avrag. xeCc 
yttQ, mata oq&^v ymvCav XE(/ii)^Eiv trjv ireo AA, iJM 
xal iTie^EVX^^ V -^-^' ^avsffov italtv, oti ?j tag A^ 
^B SvvttiiEvrj ietlv ^ AB' oxeq iSai dstiai. 



15 

'Eav tiaeaQES Ev&etai avaXoyov matv, J^fl 
vrjtai. Si ^ Mptotjj r^s SEVTEQas (iEt^ov ta dttb' 
Gv^liatQov ittvrfi Iftrjxai], xal ^ rp^iij f^g tt- 
TapTijj [iEt^ov SvviiaEtai tp ano OUfifiEipou 

20 tavrj] [/tJjxft]. x«i ^ftv ij itQatrj r^g dfur^p«ff 
(t£F£ov dvvijtat rra aao aavfifiitgov iavtfj [ftij- 
xei], xal fj rptrij t^g iftftprjjs ftft^oi' dwvTjfffrat 
rp «n:o aavfiiiitpov iavtfi [ftijjcet]. 

"EffrcJffKi' tieaaQsq Ev&atai avaXoyov al A, B, P, td, 

^h ois y\ A ffpog T^f B, ovros ^ f wjog tjjv d, xa\ ^ 

1. fjtoj] corr. ex Jffrij' m. 2 B. 8. A&d P. 4. avt^ 
e corr. F. ^ Ad tar\ F, 8. (iti£ov] corr. ex ^tit/ov m, 
1 P. 10. nf tfofffffln.] om. V. al\ai So^iiea, aC V. 11, 
T^t] ina. poatea V. i^tKiiaeaiaav BF V b. 13. AdIc Jiahv ina. 
JoTttn. IF. Siiwolivb, oTi^] ijinraB. F, 14, onpe rSei 
*e(|B(] comp. P, om. Theon (BFVb). 



. iff] e ir 



s, F, C( 
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maior sit AB, oportet igitur inuenire, quantum JB* 
excedat I^, 

describatur in j^B semicir- 
culus AdBy et in eum aptetur 
rectae F aequalis Ad [IV, 1], 
•2? -L et ducatur dB, manifestum 
igitur, L^^B rectum esse [III, 31], et AS^=A/1^ 
+ AB^ = r« + AB^ [1, 47]. 

Similiter etiam datis duabus rectis recta quadrata 
iis aequalis hoc modo inuenitur. 

sint datae duae rectae AA, AB, et oporteat rec- 
tam quadratam iis aequalem inuenire. ponantur enim 
ita, ut angulum rectum comprehendant AAB, et du- 
catur AB» rursus manifestum est, esse AB^ = AA^ 
+ ^B^[I, 47]; quod erat demonstrandum. 

XIV. 

Si quattuor rectae proportionales sunt, et prima 
quadrata secundam excedit quadrato rectae sibi commen- 
surabilis, etiam tertia quadrata quartam excedet qua- 
drato rectae sibi commensurabilis. et si prima quadrata 
secundam excedit quadrato rectae sibi incommensura- 
bilis, etiam tertia quadrata quartam excedet quadrato 
rectae sibi incommensurabilis. 

Sint quattuor rectae proportionales A, B, F, A, ita 
ut sit ^:B = F: A, et sit A^ = B^ + E\ r^=A^ + Z^ 

ly m, rec. P, ig' B (mg. td'). 16. mai Vb. 17. taS] e corr. V. 

18. /Lii^xsi] om. P. 19. dno ti\q b. 20. /LiT^xst] om. P. 21. 
dvvricrixai F V, aed corr. avufihgov F, et B, corr. m. 2. iavttS b. 

(ifi%£i] om. P. 22. Bvvriarpai F. 23. avfiftBTQov PF, et B, 
corr. m. 2. lavtA b. fw^xat] om. P. 24. ^ctmaav $i] V. 

26. A] e corr. V. 
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A ^€v r^ff B ^st^ov dvvded^ci) rp aTcb rijg E^ fi 8h F 
rijg ^ fist^ov Svva6^(o rp a%o r^g Z' Isyo^ oriy atrs 
^vfiiierQog i6riv fj A ry E^ ^v^^srgog i6rt xal ^ F 
rfj Z, sCrs a^v^^srQog i6riv rj A ry E^ a6v^^er(f6g 
6 iiSrv xal o F rfj Z, 

^Ejcel yaQ i6riv &g ri A nQog rriv B, ovroog ^ F 
ngog r^v jd^ i^riv aqa xal mg ro aTCo ri^g A itqog rh 
aito rijg B, ovrajg ro ajco rijg F nQog ro aTcb rijg A, 
aXXa r^ (ihv djto rijg A l'6a i6rl rd aTCo rmv E, B^ 

10 rc5 8h dno rijg F t6a i6rl rd djtb rmv A^ Z. i6riv 
aga (og rd dnb rSv E^ B TtQog ro dnb r^g Bj ovrcog 
rd dytb rAv A^ Z TtQbg ro ditb rijg A' 8veX6vrL ccQa 
i6rlv (X)g ro ditb r^g E itQog ro dnb ri^g B^ ovrmg rb ditb 
rrjg Z TtQbg ro djtb rrjg A' l6rvv aQa xal cog rj E 

15 ^Qbg rfjv -B, ovrcog r^ Z TtQog ri^v A' dvaTtaXiv aga 
ierlv mg fi B nQbg rr^v E^ ovrcog fi A %Qbg rr^v Z. 
i6rL 81 xal mg fi A TtQog rfjv -B, ovrog fj F XQbg 
ri]v A' 8i t6ov aQa i6rlv thg fi A XQbg rr^v E, ovrcog 
{} r TtQog rfiv Z. etre ovv 6v^^erQ6g i^riv fi Arfi E^ 

20 6viifierQ6g i6rv xal fj F rij Z, etre d6v(ifierQ6g i6rvv 
fl A rfi E^ d6v(i^eQ6g i6ri xal fi F rfi Z^ 
^Edv aQttj xal rd e^ijg. 



le . 



^Edv 8vo (leyid^ri 6v(i(ierQa ^vvrsd-fj, xal rb 
26 oAov sxariQp avr&v 6V(i(isrQov i^rai' xav ro 
oAov svl avrciv 6v(i(isrQov rj^ xal rd i^ dQx^g 
(Lsyid-ri 6v(i(isrQa l6rai, 

Uvyxsi^d^o yaQ 8vo (isyid^r] 6v(i(isrQa rd AB, BF* 

1. t^g B] corr. ex rij B m. 1 b. F di BFb. 8. iaxiv] 
om. V. xij] corr. ex rrjs m. 1 P. iauv B. 4. Z] e corr. 
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[u. lemma]. dicO; siue Aj E commensurabiles sint;; etiam 

Fy Z commensurabiles esse^ siue A, E incommensura- 

biles sinty etiam F, Z incommensurabiles esse. 

nam quoniam est A:B = r:A, erit etiam A^:B^ 

= r« : ^* [VI, 22]. uerum A^ = E^ + B^, r«= z/» + Zl 

itaque E^ + B^ :B^ = A^ + Z^:zP. 

subtrahendo igitur [V, 17] E^ : B^ 

= Z«:z/*. quare etiam [VI, 22] E:B 

E ^ == Z:A, itaque e contrario [V, 7 

coroU.] B:E= A:Z. uerum etiam 
A:B = r:A. ex aequo igitur [V, 22] 
A:E= F: Z. itaque siue A, E com- 

mensurabiles sunt, etiam F, Z commensurabiles sunt; 

siue A, E incommensurabiles sunt, etiam F, Z incom- 

mensurabiles sunt [prop. XI]. 
Ergo si, et quae sequuntur. 



A B 



r j 



XV. 

Si duae magnitudines commensurabiles componun- 
tur, etiam totum utrique earum commensurabile erit; 
et si totum alterutri earum commensurabile est, etiam 
magnitudines ab initio positae commensurabiles erunt. 

Componantur enim duae magnitudines commensura- 



m. 1 b. 6. iauv PB. 7. nai] om. V. 9. tc5] corr. ex 
TO m. rec. P. J] in ras. m. 1 P. iax^v P. 10. iativ P. 

Z, ^ P. 11. E, B] J, Z B. xd F. B] J B. 12. J, Z] 
EB B. xd P. d] \B in ras. m. 2 B. 13. ano] (alt.) 
ins. m. 2 F. 14. ^aziv — \h. d] mg. m. 1 P. 14. ^] 
Bupra scr. m. 2 F. 17. htiv P. 19. Btz P. 20. iati\ iaxiv P. 

Post Bhs del. ovv b. iaxiv] om. V. - 21. avfifisxgog b. 

iaxiv B. 22. &(foi'\ om. V. Ante %oti add. xiaaagsg sv- 
^stai dvdloyov maiv (cocFi V) FV. 23. is] e corr. PFj tj' B, 
mg. is'. 28. avyv,sla^oiaav BFb. BF] e corr. F. 
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liyta, oTt xcel oAov ro AF sxatiQp zav ABy BV l^^^ 
evnfi£Tpov. 

'Ejifl yuQ 6v[iiitTQa iaxt ra AB, BF, int^ijtfsi. ri 
«vTa (liyi&og. fieTQtiro), xal eiJrra to z^. e^al ovv 

5 To ^ T« AB, sr iiETQEt, xai oAov ro AF (iBTQ-^Cfi. 

{iBTQBl 6i xal za AB, BV. to z/ kqk zu AB, BF, AF 

ftETpff evfifiiTQov &Qa iatl To AT ixaTiQm rav AB, BP, 

'AXla (J^ To AF sOra evfi^trQov ra AB' kiyso 

Sri, OTt xal ra AB, BF BvftfierQd iariv. 

'&r£i ji«p ovfififTpw iiJTi TK AF, AB, ^etq^Obi ti 
amii (liyeQ-og. {iBTQBiTOj, xal effrcj to A. iasl ovv 
To A %a FA, AB (ietqbi, xal koinov UQa to BV (ib- 
rQ^OBi. fietQBi: Si xttl to AB' to jJ apa tr .-^5, BF 
[iBrQ^atf evfiftsTQa kqu iatl ta AB, BF. 

B 'Ettv aQtt dvo fKyi&r}, xal tk i§^s- 



'Eav Svo HByi&ti aavfi^sTQtt evvrE&ij, xal 
TO oAoi' ExariQa avrmv aevfifiBTQov ietaf xav 
to oAov ivl avtav aevfifiSTQOv y, xal rcc i^ 

20 aQXTJs HByi»ri aevfiyLBTQa eOrai. 

Svyxsie&ca yaQ Svo fiByid-ij aevfiiiBTQa trt AB, BP- 
Kiyca, oti xal oiov t6 AT BXttrigai tav AB, BF devft- 

ftBtQOV iOtlV. 



:pov laxi V. 3. lartv P. 

7. lazlv P. 



Jiijifie- 



8. Ar\yiB 
(BF?b). !<»] TB P, foxffldn ira (corr. ex lo V) Theon (BFVb). 
9. di)] snpra 8cr. F. 10, /otivP. AF] FA P, recorr.bi 
rog- yp. AB BT ui. 1 b. 12. AF FV. 13. ta] id? V. 14. 
iffTi'F LPB. 15. Potit fiEyffr/j add. oufijiEtpa avvtt&^g, xal to 
oioj' tKcriem autin* eviitierQOv forori V. Post tgj^e add. ot»; 
Hm SjiSai V. 16. is'] corr. ex lA' m. rec. P, mut, i " 
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biles ABjBr, dicO; etiam totum AF utrique AB, BF 
commensurabile esse. 

nam quoniam AB, BFcommensurabiles sunt^ mag- 
nitudo aliqua eas metietur. metiatur et sit A. iam 

, , , quoniam A magnitudines 

ABj BF metitur, etiam to- 

tum AF metietur. uerum 

etiam AB, BF metitur. A igitur AB, BT, AF me- 

titur. ergo AF utrique AB^ BT commensurabilis est 

[def. 1]. 

lam uero AF^ AB commensurabiles sint. dico, 
etiam ABy BF commensurabiles esse. 

nam quoniam AF, AB commensurabiles sunt, 
magnitudo aliqua eas metietur. metiatur et sit A. iam 
quoniam A magnitudines FAy AB metitur, etiam reli- 
quam BF metietur. uerum etiam AB metitur. A igi- 
tur ABy Br metietur. itaque AB^ BF commensura- 
biles erunt. 

Ergo si duae magnitudineS; et quae sequuntur. 

XVI. 

Si duae magnitudines incommensurabiles compo- 
nuntur^ etiam totum utrique earum incommensurabile 
est; et si totum alterutri earum incommensurabile est, 
etiam magnitudines ab initio positae incommensura- 
biles erunt. 

Componantur enim duae magnitudines incommen- 
surabiles AB^ BF. dico, etiam totum AF utrique AB, 
BF incommensurabile esse. 

2 P; irf B, mg. i^. 19. avfifietQov B, corr. m. 2; item lin. 20. 
21. avy%BMiocav V. ' BF] corr. ex FB F. 



i 
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Ei yccQ (ii^ iativ a6v(i(istQa xa FA^ AB^ ^6X^1^661 
xi \avta] ^dysd^og. ^stQekcs^ sl dvvatov^ xal i6x(o 
to ^, insl ovv xb ^ xa FA^ AB nsxQsty xal koiicov 
aQa xo BF fisxQtj^SL. (isxQst d^ xal xb AB' xb A 
6 aQa x& ABj BF fisxQst, avfifisxQa aQa i6xl xa AB^BF' 
tmsxsivxo dh xal aOvfifisxQa' ojtSQ i6xlv ddvvaxov. 
ovx aQa xa FA^ AB (isxQrJ6si xi fisysd^og' a6vfi(isxQa 
aQa i6xl xa FA^ AB. bfioicog drj dsi^Ofisv^ oxi %a\ 
xa AF^ FB aavfifisxQa i6XLV. xb AF ccQa sxaxdQC) 

10 xSv ABj Br d6v(insxQ6v iexLV. 

^AkXd Sij xb AF ivl xAv AB^ Brd6v(i(isxQ0V i^xo. 
ioxco dri TtQotSQov rc3 AB* Xsyco, oxl xal xd AB^ BF 
d^vfifisxQa i6xLV. sl ydQ §6xaL ^vnfisxQa, (isxq^^^sl 
XL avxd (liysd^og. (isxQsixco^ xal i6xG} xb ^. ixsl 

16 ovv xb J xd AB^ BF (isxQst^ xal oAov aQa xb AF 
fistQT^6SL. (istQst dh xal tb AB* tb ^ aQa td FA^ AB 
(istQst. 6v(i(istQa aQa i6tl td FAj AB' vTcixsLto Si xal 
d6v(i(istQa' 07CSQ i6tlv ddvvatov. ovx aQU td AB^BF 
(istQi]6sL tL (isysd^og' d6v(i(istQa aQa i6tl td AB^ BF. 

20 ^Edv aQa Svo (isysd^rjj xal td s^rjg. 

Aij(i(ia. 

^Edv naQa XLva svd^stav TCaQafiXi^d"^ TCaQaXXr^Xo' 
yQa(i(iov iXXstjcov sISsl xsxQaycovfp^ xb 7CaQapXrj^}v 

1. ra] TO P.^ 2. avtd] om. P. ^ 4. AB] BA V. 5. 
ioxiv LP. 6. vn6%Bivzai LBb. advvaxov iaviv V. 8. 
iativ LP. 9. Ante AF del. F m. 1 P. aviifistQa B, corr. 
m. 2. iati V, comp. Fb. rA P. 10. iotLv] om. B. 11. 
^ato)] om. P. 12. iato) $rj nQotsQov] xal nQootov Theon (BFVb). 
Tc5] e corr. V. 13. Batai] iati V. (Fvfi/»f T^aleupra scr. 
d' m. 1 F. 17. iati] iatlv P, comp. F, iatai LB V b. vni- 
%Hvzo F. 19. iatlv LP. Post BV add. ofiolcag $^ ^"jf 
d^i^aetaij oti to AF xal Xotnm tm BF daviiftstQOV iaxiv FVb. 
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nam si F^j AB incommensurabiles non sunt, mag- 

nitudo aliqua eas metietur. metiatur, si fieri potest^ 

et sit d. iam quoniam d magnitudines FA, 

AB metitur^ etiam reliquam BF metietur. 

uerum etiam AB metitur. A igitur AB, BF 

metitur. itaque AB, B F commensurabiles sunt. 

^^ supposuimus autem^ easdem incommensurabiles 

esse; quod fieri non potest. itaque nuUa magni- 

tudo FA, AB metietur. ergo FA, AB incom- 

mensurabiles erunt. similiter demonstrabimus^ 

etiam AF, FB incommensurabiles esse. ergo AF 

utrique AB, BF incommensurabilis est. 

lam uero -^JTalterutri AB^ BF incommensurabilis 
sit. sitpriusmagnitudini^fincommensurabilis. dico, 
etiam AB^ BF incommensurabiles esse. nam si com- 
mensurabiles sunt, magnitudo aliqua eas metietur. 
metiatur et sit A. iam quoniam A magnitudines AB, 
BF metitur, etiam totum AF metietur. uerum etiam 
AB metitur. A igitur FA, AB metitur. itaque FA^ 
w<^^commensurabiles sunt. supposuimus autem, easdem 
incommensurabiles esse; quod fieri non potest. itaque 
nuUa magnitudo AB, BF metietur. itaque AB, BF 
incommensurabiles sunt. 

Ergo si duae magnitudines, et quae sequuntur. 

Lemma. 

Si rectae alicui parallelogrammum adplicatur figura 
quadrata deficiens^ adplicatum spatium rectangulo par- 
tium rectae adplicatione ortarum aequale est. 

23. tsxQaymtfO)] corr. ex nccQaXXriXoyQafifnp m. rec. b. rd] 
TC9 F. t6 naQapXrid^sv] om. b. 
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fffov lst\ rra vnh ttov iy. t^ff nagafiolTjs ysvoftii 

Tfii/jiaTwv T^s ev&eias. 

IJaQa yatf ev&itav t^v AB itaQa^t^lrfa&ia jiagai.- 
^ij^oypttfifiov to A^ iXXBiaov itdEi tszgaycov^ rra ^B' 
B A^yo, Sti fffov iotl to ^^ tp v:i6 tnv AT, FB. 

Kal istiv avTo&ev (pavBQov iael yap tstgccyiovvv 
iati t6 JB, roij iatlv 17 z/r t^ TB, «at iatt tb AJ 
tb vxo taiv AT, r^, tovtieti tb ujro tmv jdF, PB. 

'Eav aga na^a ttva ev&stav, xai za i|^s. 

10 tf. 

'Eav W0I. 6vo svd^siat aviOoi, rro fii teTKptra 
[lif/st tot' areo tijs iXaa0ovos ^Oov na^a zyjv 
lisi^ova naQafiXijS-f iXletxov stdsi tstQayava 
y.al sis avnfittgK «yt^v iJtatp^ fi^^xei, tj (isi^mv 

16 TT/s iXaeeovog (ist^ov dw^astai ta anb Ov(i- 
[litpov iavty [fiijxet.]. xal iav i} (isi^mv tijg 
iXaasovog fisl^ov dvv^tat tto anb evfiiidtgov 
savtij [fijjs££i], Tto 3h retKptro tow «iro t^g iXda- 
Oovog l'Sov naQa t^v fieijova itaQa^Xti&^ iXXet- 

20 JTOv sCSsi tftQaydvp, slg evfifittgu avzijv 
StaiQEt ^r^XBi. 

"EataSav Svo sv&siai aviaot at J, BP, cov (lei^mv 
5j BF, Tci Ss tstaQtcp fi.iqst toij aab t^g iXdeeovog 
T^g A, towtEffrt tro ujto t^g ij^iasiag t^g A^ taov 

25 ;Eapa t^v SF rcapa/Sf/SATjff^&oj iXXstitov eHSst tstgaycovci, 

3. 10 .^iJ 5ia5t(i:iflIoyecfifiov Theon (BFVbj ante AJ eras. 
rj F). 4. TerpaycDvta] eorr. ex TrKeaHiijlnyea/ifito m. rec. b, 
^S'] B^ Fb. 6. W* LB. T»] iD F. ^r] coiT, ex 
TA m. 1 b. TB] T e corr. V. 7. iaziv LB. rs] BT 
BV. ^arirLPB. 8. r,J] iJ P, ^ e corr. V. TOHT^ffTi — FB] 
ja. 8 V. TouTEOTip LPBV. 9. Poat ^vifiiav add. jtapo- 
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Rectae enim AB parallelogram- 
mum adplicetur JIJ figura quadrata 
^B deficiens, dico^ esse 
j^J^ATxrB. 
et per se patet; nam quoniam ^^ quadratum est, erit 
^r^TB. eiA^ = ATxrj ^ArxTB, 
Ergo si rectae alicui^ et quae sequuntur. 

XVII. 

Si duae rectae inaequales datae sunt; et^quartae 
parti quadrati minoris aequale spatium maiori adpli- 
catur figura quadrata deficiens, quod eam in partes 
longitudine commensurabiles diuidat, .maior quadrata 
minorem excedet quadrato rectae sibi commensurabilis. 
et si maior quadrata minorem excedit quadrato rectae 
sibi commensurabilis; et spatium quartae parti qua- 
drati minoris aequale maiori adplicatur figura quadrata 
deficiens, eam in partes longitudine commensurabiles 
diuidet. 

Sint duae rectae inaequales A^ BF, quarum maior 
sit Br^ et quartae parti quadrati minoris A, hoc est 
(^^)^, aequale spatium rectae BT adplicetur figura 



ptriQ^ij naQcclXTjloyQafifiov V. Post s^ijg add. trjs ngotdasais 
LBVb, F m. 2. 10. ir}' F m. 2; i»' B, mg. tf. 11. maiv P. 

12. iXaTtovos F. 13. tstQaydvtp'] in ras. m. 1 b. 14. 
fiiyxT^ F. 15. ildTtovos F. avfifiitgo) F. 16. firjnsi] om. P. 

av F, ^] 5 b, et F, sed corr. 17. iXdttovos F. ftetjov] 
mg. m. 2 F, fis^iova b. 18. fii^-KSi,] om. P. Post tstaQtco 
add. ^iSQsi b, F m. 2. iXdttovos F. 20. sls] in ras. V, 
corr. ex sl m. rec. b. avr^ V, sed corr. 21. dtsXsi B, disXri 
Vb et corr. in SisXst P. fiijxij F. 22. ftsiiov b, fisliav 

iatat^ F. ^ 23. iXdttovos F. 24. t^s] t F. tovtsativ P. 
Tfl5] To F, et V, sed corr. m. 1. tov A B; tfi AY^ e»^d. ^Qrt. 

Enclidee, edd. Heiberg et Menge. m. f^ 
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JTiii^^ 



TiaX iaza to vao rtov B^, ^F, 6vii(1£t^o^ Si ioTta 
B^ i[) jjr fiiqxif Xdya, ort ^ BF r^g A ftii^ov 
dvvttzttt ta ajio av^fietgov iavt'^. 

Tir/i^fffl-to yap ij BF 81%« xaxa to E OJjfttfov, koI 

Tfl BZ. xai intl sv&iia tj BF rf'i^T)T«t «('s (ihv fffK 
xflTtt To E, slg Si aviCa xata to z/, ro apa tfn;a B^, 
z/r nfp (*];''(***'*'*' opS^oywftOv fi*Ta Tov axh T^g £i^ 
TfTpKyiDVOU /'Ooi' iOri Tt5 «Ho r^g £r xttQaycov^' 
10 xfti TB TerpffjrAfftfia" to ap« rfrpKxig imo rrav B^, ^if 
/iSTK roi> tttpankaeiov rou «^ro r^g z/£ fffoi" eatl za 
TfrpKxig «jro T% Er %iTQaytav<p. ukka ta (tif TfrpK- 

IT^afflD} TOW WBO TtOV B^, i^r i'0OV BOtl TO ftWO r^g 

-4 rfrpayovoi'. Tt5 d^ TfTpKJiiafftcj roii «Tto t?;s ^E 

16 fffoii ^fftl ro anb r^g ^Z rfTpayorov" dmXaaiav ydp 

iativ 1} ^Z T^s ^E. ra dh tSTQctmlccaie) rotJ ano 

zijs Er i'6ov ietl TO a^o T^g BF tttQdyavov SixXa- 

aCav yap iari naXiv rj BF Tijg FE. ra apa ajro tmv 

A, A2. TfrpKyrava lea iatX roj aaro r^g B J~' Tf Tpaj^rarra ' 

20 (oGtt ro «mo r^s Sr roi) «wo r^s A y-e.ltfiv iati tw 

ajto T^g iJZ" ^ Brdga f^g A fitt^ov Svvatai rfj ^Z. 

Seixtsov, orc xai cTvfificrpoV iertv ij BF rtj ^Z. ijttl 

ya(f av[i(ieT(f6g ioTiv ^ BA t^ AF fMjxEi, avfifitTQog 

itQa ietl xal ^ BF tt] F^ fi^xti. aXXa 15 F^ taig 

26 f^, BZ ^ffTi evfifittQog fi^ii' Cojj yap ieriv ij fz/ 

T^ BZ. xai ^ Br apa eviifieTQog ieri Tatg BZ, r^ 

ftijxfC matt xal XoLitri rfj Z^ avmittQog iaxiv tj BF 




ifi Tl 



t iKDiw add. u^uet Vli, P 
;c. b. ^or,'t P. 7. v«6 
1. 2 V. ro] la B. B.J1 
lon (BFVb). Too] om. 
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^ quadrata deficiens^ et sit BJXjdr 

"' ' [u. lemma]; et B^, Jr longitudine 

commensurabiles sint. dico, BF^ 



excedere J^ quadrato rectae sibi 

commensurabilis. 

nam i^Fin puncto E in duas partes aequales se- 

cetur, et ponatur EZ = jdE. itaque jdr=BZ. et 

quoniam recta BF m E m partes aequales secta est, 

in jd autem in inaequales, erit [11,5] 

BJxJr-^^EJ^^EI^. 

et quadrupla eodem modo; quare 

A:BJxJr+4.JE^ = 4.Er^. 

uerum A^ = 4.BJ X JF, ^Z* = 4 ^E^ (nam 

^Z = 2 ^E), Br^ = 4 EI^ (nam rursus Br= 2 FE). 

itaque 

A^ + ^Z^ — Br^ 

quare BF^ excedit Al^ quadrato ^Z^ demonstrandum, 

BF, jdZ commensurabiles esse. nam quoniam B^y 

jdT longitudine commensurabiles sunt, 5F et F/l 

longitudine commensurabiles sunt [prop. XV]. uerum 

Tjd rectis Tjd^ BZ longitudine commensurabilis est; 

nam T/i = BZ, quare etiam -BJTrectis BZ, T^d longi- 

tudine commensurabilis est [prop. XII]. quareBFetiam 



Theon (BFVb). ^ £z/ FVb. Im BF. 12. r£ F. x^xqa- 
TcXaaica tov] tstQditig Theon (BF Vb). 13. tcdvI om. b. 14. da] 
postea ins. F. TeT^axcs, om. rov, Theon (BFVb). 16. tB- 
rgdyaivvov P, corr. m. 1. 16. Zz/ P. tsxQccxtg, om. tov, 
Tbeon (BFVb). ^ 18. TE] EF V. 19. A, JZ] e corr. V. 
tstQttymva)'] □' sapra scr. m. 1 V. 20. Post mats ras. 2 
litt. V. 21. Tg] corr. ex tov F. ZJ P. 22. Zz/ P. 23. 
iati P, corr. m. 2. 24. aU' F. 26. ZB F. 26. tatg BZ, 
Pjd iati avfifistQog Theon (BFVb). iativ P. 27. ftrjxfit] 
9j in ras. m. 1 P. BF] in ras. V. 
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Jvf^^ 



fif/XfC 7) Br aga rrji A (ui^ov Svvarai z 

^iXQQV fBCVTjj, 

'Akka 6ii Tj BF T^s A (isitov dvvcie&a %a dxo 

avfilidxQOv iavT^, rra 6i rtTUQxa tov ano tijg A taov 

6 jrapa tijv B F xuQa^e^lils&a iiXetnov sHSsi tttgaytov^, 

xal ISTM To vnb tmv B^, iJF. Seixtdov, oti evji- 

fwrpos EflTtv ^ B-d T^ ^r (iijXEi. 

Tav yap avxav xataaxEvaaQdvTtDV bfioimg dEiS,o(iev, 
oti t} BV T^s A [liTtov Svvatat t^ anb t^s ZA. 
10 Svvatat Si {i BF r^g A iitt^ov tto aito evfifidTQov 
iavtij. av[i[iirpog apa earlv ij BF rrj ZA fii^itsf 
marE xal f.oiay avvaft^OTE^a tfj BZ, zlV avfifistgos 
ietiv )j BF ii^xBt. a^Xa awafi^otsQos f] BZ, ^F 
Cvfilietpos iati rf} ^F [(tijx£t]. meTs xal ii BF tji FiJ 
16 evfiiiitpog iati (i-qxsi- xal Sielovri, aga ij BjJ ry ^F 
ieri evnfiiErQog (iijXBi. 

'Eav apa mOi Svo evd^tiai aviaoi, jte! ta s^ijs. 

iri'. 

'Eav laei dvo Bv&Biai avteot, r^ Sh tBtdpT^ 

20 nfQei to£i «:ro t^s i^aoeovog leov naQu f^v 

(lei^ova irapa^ij/Or; illeinov etSai TStQayiov^, 

xals{gttevjt(i.eTQaavtiivdiatp^ [ff^xei],?] (teCtiov 

tijs ikdeaovog [isZ^ov Svv^eerat tp «jto aevfi- 



8. Poflt iavT^ add. fujVii V. 4. loul in ras. V. 8. 
onoims Si] V. dfi^ojiev] iSe(- corr. ei dij- F. 0. Poat ZJ 
doL in. 9: ovxa yag onroxsixoi V. 10. fnijov Tf,s A P. It 
cavtiit P. 12. nai] m, 2 F. avvaitarotiQro] -a e corr. V. 
1^1 corr. eiiw F. 14. t^ ^ T trv^iiftfos itrt/ Theon (BPVb; 
t^ dr poBtea ius. F). fi^'xfi] om. P. Dein add. Theoo: tn; 
yaQ lanv g BZ rn -/T {BFVb; xy corr. m z^g m. 2 F, t^e b; 
r^F). coo«] om. Theon (BFVb).' BT «?« Theoa (BF Vb). 
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reliquaeZ^^/longitudine commensurabilis est. ergo^I^ 
excedit A^ quadrato rectae sibi commensurabilis. 

lam uero Bl^ excedat A^ quadrato rectae sibi com- 
mensurabilisy et quartae parti quadrati A^ aequale 
rectae i^Fadplicetur spatium figura quadrata deficienS; 
et sit BjdxJr [u. lemma]. demonstrandum^ B^y 
jdF longitudine conimensurabiles esse. 

nam iisdem comparatis similiter demonstrabimus^ 
esse -81^ = -rdf^ + Z/fi, BI^ autem quadrato rectae sibi 
commensurabilis excedit quadratum ji^. itaque Br,Z/^ 
longitudine commensurabiles sunt. quare BF etiam re- 
liquae BZ-^- ^JTlongitudine commensurabilis est [prop. 
XV]. uerum BZ-^ ^^/Frectae ^Fcommensurabilis est 
[prop. VI]. quare etiam B T, JT-J longitudine commen- 
surabiles sunt [prop. XII]. itaque etiam dirimendo 
Bjd, jdr longitadine commensurabiles sunt. 

Ergo si duae rectae inaequales datae sunt, et quae 
sequuntur. 

xvm. 

Si duae rectae inaequales datae siint, et quartae 
parti quadrati minoris aequale spatium maiori adpli- 
catur figura quadrata deficiens, quod eam in partes 
incommensurabiles diuidat, maior quadrata minorem 
excedet quadrato rectae sibi incommensurabilis. et si 
maior quadrata minorem excedit quadrato rectae sibi 



cvii^Bxqoq icti Tj Fjd Theon (BFVb; zir V).^ 16. (n^%€i* 
xaC] om. Theon (BPVb). 17. «al xa e|^s] tco dl tetd^tp 
(liQSt Tov dno trjs iXdaaovog ieov naqd v^v usiSova naMt§Xffi^ 
ilXetnov stSsi tetQaymvtpf xal td e^ijg* oneQ e96t ^sr^at V. 18. 
% B, iTjf mg. 19. mctv B. 20. iXdttovog F. 22. fn^ttet] 
om. P, ftv^fl P. 23. iXdttovog F. to F. av{Lff,ix.^wi ^ . 
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lidtQov iavTrj. xal iav tj (lei^av c^g ilaaaovi 
(tEt^ov SvvTjTai za aab aev(i(iit:Qov ittvrfj, rp di 
rETuprGi roiJ aab tijg iXdaaovog ieov napa rijv 
Hs(^ova aaga^Xfj&ij iXXeiTtov etdsi. rer^tKyoif p, 
6 £ts advjijtErpa tturiji/ SiaiQei: [ftjjjcfi]. 

Eaxaaav duo ev&ttui. dviaoi at A^ BT, cov (lEt^mv 
.•q Br, rra Ss TszaQta [fitpei] roti «rco r^g ikdaaovog 
r^S y* faov auQa r^ii BF naQa^s^krja&ea ilXsmov 
stdei tsTQaymva, xal i'era lu vnb tmv BJF, aGvfi- 

10 (iSTtfog 6i Sata ij S^ ttj jdV (i-^xsf liym, oti tj BF 
r^S -4 (let^ov dvvarai tm kko aevfi(iitQov savrfj. 

Tmv yuQ amtav xataexsvae&svtmv ta Jtgotsgov 
ofioims Ssi^onsv, oti i/ BF 1175 A (itt^ov dvvatai rto 
djto t^ff Z^. Ssixteov [ovv], ori devfifiatQos iexiv 

16 ij BT r^ z/Z ^ijxct. -ensl yag daiififietQog iaziv tj 
B^ f^ jdr ff^xsi, dev(ifisTQoe apa iatl xal ii BF 
ty Fj^ (ttjXEi. aXi,a tj j^V evfifietQOS ieti evva[i- 
(potiQais rafg BZ, ^F' xal 17 BF aQa dav^ifistQog 
eati evva(i<poriQais tatg BZ, ^F. mezs xaX kotjtij ty 

20 Z^ dav(i(istQ6g laTtv ij BF (tijxeL. xal ij BF tijs A 
(ist%ov SvvaTKi ra dxb rijg Z^- ij BF aga r^g ji 
(let^ov dvvttTai rm dnb dev(i(tirQov iavf^. 

j^vvaa&a Sij adXiv 17 BJ" r^g A (isl^av rra dito 
devfifiezQov savz^, rro 6i tsraQra roC anb rijg A teov 

25 rcKpa zijv B r naQu^efil^e&m iKkstitav st6si rsTQaymv^f 



v6^^ 



iij] om. b. 1. tttttov Y, sed c 



1. BBi — i. t"u'f(J uui. u. 1. f.tPiu. ., Dnui-u.i. e«»i- 

Tovog F. 2. av(iiisiQOii F, et B, corr. m. 2, 3. Havcovos F. 

5. Siuigijt P. ftiJKft] om. P, fHjx»; F. 7. iatlv ^ F. ftiQti] 
mg, m. 1 P. zov] tm F. HurrDvoff F. 8. i^c] tj ^' *■ 
Brj b; B^, .dr V' {dr m rftB.), F, P 
/iiTgov B, corr. m. rec. 12. tip] m. •■'"' ' 

Bjorfflp F. 14, ,dZ V. ovv] or 
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iacoiumensarabilis^ et spatium quartae parti quadrati 
minoris aequale maiori adplicatur figura quadrata de- 
ficiens, eam in partes incommensurabiles diuidit. 

Sint duae rectae inaequales A, BF, qua- 
rum maior sit Br, quartae autem parti qua- 



I 



drati minoris A aequale spatium rectae BF 
adplicetur figura quadrata deficiens, et sit 
^ BJX^r [u. lemma p. 46], et BJ, JT lon- 

' J gitudine incommensurabiles sint. dico, BF^ 

j,„ excedere A^ quadrato rectae sibi incommen- 

surabilis. 
iisdem enim, quae in priore propositione, compa- 
ratis similiter demonstrabimus, esse Br^ = A^ -}- ZJ^. 
demonstrandum, BFj ^dZ longitudine incommensura- 
biles esse. nam quoniam Bjd, jdF longitudine incom- 
mensurabiles sunt, etiam BFj Fjd longitudine incom- 
mensurabiles sunt [prop. XVI]. uerum -JJT rectae 
5Z-{-^Fcommensurabilis est [prop.VI]. quare etiam 
BF rectae BZ -^- jdF incommensurabilis est [prop. 
XIII]. itaque BF etiam reliquae Z\d longitudine in- 
commensurabilis est [prop. XVI]; QiBr^=A^-\-Zjd^. 
ergo BF^ excedit A^ quadrato rectae sibi incommen- 
surabilis. 

lam rursus BF^ excedat A^ quadrato rectae sibi 
incommensurabilis, et spatium aequale ^UA^ rectae BF 

adplicetur figura quadrata deficiens, et sit B^xAF. 

_^ « 

ZJB, 16. ftiixfii] om. Vb, m. 2 B. a^] om. V. iat^v P, 
comp. P. %u£] m. 2 P. 17. FJ] in ras. P. dXX* P. ^] 
sapra sor. m. 1 V. uavfiitstQog P. 18. %ai — 19. jr] m, 
2 B. 20. ZJ] "J'Z P. BT] (prius) FB V. 21. BFJ 
£ in ras. m. 1 B. 22. (rv/iAfiST^ot; B, corr. m. 2; item lin. 24. 
24. zov] t^ P. 



56 ZTOIXEIttN 

ital iazia to vno tiav B/J, /iF. Snxitov, ort iu 






Tmv yap ccvtmv xaTaexevKe9ivtav oftoieag Sii^Oj 
oti ij Br t^s -^ liBL^ov dvvatai ta aito ir^g Z^. ukXk 
6 j; BF T^s >4 fist^ov dvvatat rra kko d9vft[ittpov 
iavztj. RavnjieiQOs apa iatlv ^ BI^TJi Z.^ ft^xEC aats 
xal AoiJTTJ ewajiipotiQp ry BZ, ^ F aavftfietffog ieziv 
ij BI". «AA« ffrvttf^^OTEpog ^ SZ, z^P tj) ^I" Suft- 
fAfTpog ^ffTt fiijxei' xal ij -Sr" «pa tfi ^T aavfifiitQos 
10 iffTt /ijjjfft' (oilTe xai (JifioVti jj B^ tfj ^F aavfifie- 
tgog iati fti^xEi. 

'Eav apa mSi 6vo ev&tiai, xal t« e*!^?. 

»AiJiifia. 
'Ensl SiSiixtai, oti ai ftijx^t OvmittQOL Ttavtag xal 

15 Svvafiei leial ffiSftftfrpot], «f di Swafiei ov ndvtag 
xal fi-^xei, kAAk Sij Svvavtai fi^^xBi xal avfifittpot 
elvai xal aavfifietgoi, tpavepov, oti, iav ttj ixxei- 
ftevT} pijr^ OvftftstQog Ttg i; ft}/»f[, Xiystat pijt^ xal 
tfvftfwTpog «vt^ ov ftdfof ftijxEt, «Ma x«l Svvafisi, 

20 citft «f fi^xft ar/ftftftpot navtas xal Svvdfiei, iav Sh 
t^ ixKetftivTj ^■fjtTJ avfiftszQog tig y Svvdftei, si fiiv 
xttl ftijxcc, liyerai xal ovtcog pijTij xal iJwftftfTpos avz^ 

1. jr] m. 2 B. a. ;, .jb ^01« P. 4. ^z v. dxt 

FV. 5. ou(i(iST(ou F, corr. m. 2. 6. IntJi^B P, corr. m. 1. 
aaviiiitTQa P, corr. m. I. iJZ V. 8. 15 ^T] m, 2 F- 
BaiijifiETeos F, Bsd corr. O.^armP.' «a^lom.P. nai.'— 10. 

juijiiei] mg. F. 10. Aate tooM del. ti BT Squ t^ z) r m. 1 P. 

12. aaiv B. Post t«**(ai add. otiffoi, rtS Ji'iiTQeTQ) fiiptt 
lov «no i^g ^lKocTowoe ttov JittpK rr,»i jieitotitt JntpQpiij^ V. 

13. ^l^fiftii] ODi. PBb. 14. ^itcl dE V. 16. ilcl aviififieoi'] 
om. P. ou] avniifZQot ov P. 16. oUk — (uiKii] mg, m. 1 P. 

er,\ SrilttSi, BVb, d^ Sjilad<\, del. 3ij, P. xtfl ^ny.n BFVb. 
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demonstrandum, B^d ei ^F longitudine incommensu- 
rabiles esse. 

iisdem enim comparatis similiter demonstrabimus, 
esse BF* = ^* + Z^^ BT^ autem A^ excedit qua- 
drato rectae sibi incommensurabilis. itaque BFy Z/i 
longitudine incommensurabiles sunt. quare BF etiam 
reliquae BZ-^- JF incommensurabilis est [prop. XVI]. 
uerum BZ-\- ^F rectae ^F longitudine commensura- 
bilis est [prop. VI]. quare etiam BF rectae ^F longi- 
tudine incommensurabilis est [prop. XIII]. itaque etiam 
dirimendo Bj:^ et jdF longitudine incommensurabiles 
sunt [prop. XVI]. 

Ergo si duae rectae, et quae sequuntur. 

Lemma. 

Quoniam demonstratum est [prop. IX coroll.], rectas 
longitudine commensurabiles semper etiam potentia 
commensurabiles esse, rectas autem potentia commen- 
surabiles non semper etiam longitudine, sed posse 
longitudine tum commensurabiles esse tum incommen- 
surabiles^ adparet^ si recta aliqua rationali propositae 
longitudine commensurabilis sit^ eam rationalem eique 
commensurabilem uocari non modo longitudine, sed 
etiam potentia^ quoniam rectae longitudine commen- 
surabiles semper etiam potentia commensurabiles sunt; 
sin recta rationali propositae potentia commensura- 
bilis sit^ si etiam longitudine sit commensurabilis^ 
eam sic quoque rationalem eique longitudine et potentia 
commensurabilem uocari; sin rursus recta rationali 

19. avtri F. 20. insl at] «t ya> Theon (BFVb). 22. 
TiaQ (alt) m. 2 B. avtrj F. 
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ftjJxEt xttl ivvttfiff e{ 5i r^ ixxBiiiivri naliv ^iji^^ 
avn(i,st(f6s TLg oufftt dvvdfiet jtijxet avt^ »; aavji^frpoSi 
/.Byezai xal ourtag pijrij dvvKjtii [lovov ev^^BTgog. 

6 T6 vzo ^jjrmv (n^xst avfifiBTgai' xard ziva 

zNv TtQoeiffijfiivav TQonav Bv9si.mv iteQiexd- 
ftevQv oQ&oymviov pjjrov isTiv. 

'Txh yap pjjrtoi' ^^Kfi Svfijiit^av ev&eLiav Tav 
AB, BF 6Q9-oyoivi.ov neQie%ia%m to AF- liya, ozi 

10 QijTOV iSTl TO viF, 

^AvayeyQaip&a yaQ anb tijs -^B tBZQttyavov tb A^- 
pijroi/ a^a iotl ro A^. xal izel oviifi-eTQOs istiv rj 
AB tfj BV ftijxft, ^ffjj 8i ifSTtv ii AB rjy BJ, aufi- 
fiiTQog apn iatlv ^ B^ Ttj BF [i^xei. xai iariv tos 
16 ?j B-^ jrpos Tijr BF, oCrws ro ^^ Kpog ro v^r. Guft- 
ftsrpov aga iatl to AA za^AF. ^tjTbv Si tb /iA' 
pijror apa isrt xai ro ^r. 

T6 Kp« ■iPffo pijrdv fi^XEi eufift/Tprac, 3co;t t« f|^s- 



Q ^Ettv ^Tjzbv JiaQk Qtjtifv napa^Aij&^, xXaroe 
itoiet ^TjTrjv xal 6v[ifitT(fov zfj, aag' ^v itaQa- 
XBizai, /iij'xE{. 



2. oSffn nc FV. Svvanti] -ei e cocr., seq. apat. 2 litt. F. 
our^ !?] ^ ""^'i Bff 'J' V ^- 3. oSiins] comp. e corr. F, povov] 
comp. mg. T (euai).). Seq. alt. lemina, u. app, 4. tS'] sic F, 
Hed infra k'; mg. tf(jj(i« fl' Fb. 6. fi^'xEi — 6, «eo-Yia ras. 
m, 2 B. 6. £«ef.iB» Kata Theon (BF Vb). 6. xq6jiov?V. tv- 
«CM*] om, Theon (BFVb), 8, Bv»Hmv tw*] in raa. V, 12. 
ro ,^,d upa fiiio» iaziv F. 13, ^B] (alt.) Bz/B, B^] JB ia. 
ras. P, B-* in ras. B. evfiiietgot — 14. BT] om. B; m^. 
, 2: Ajtj lin. 13 — fiiJMc liu. 14, ut n 
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propositae commensurabilis potentia^ eadem longitu- 
dine ei incommensurabilis sit^ sic quoque eam ratio- 
nalem uocari potentia tantum commensurabilem. 

XIX 

Bectangulum comprehensum rectis rationalibus 
longitudineque commensurabilibus secundum aliquem 
modorum, quos diximus [u. lemma], rationale est. 

Bectis enim rationalibus longitudine commensura- 
bilibus AB, BF rectangulum comprebendatur jiF. 
dico, jiF rationale esse. 

j nam in ^i^ construatur quadratum 

Aj::t, itaque Aj:^ rationale est [def. 4]. 
et quoniam ABj BF longitudine com- 
^B mensurabiles sunt, et AB^Bd^ Bd 
et Br longitudine commensurabiles sunt. etB^:Br= 
AA : AF [VI, 1]. itaque jdA^ AF commensurabilia 
sunt [prop. XI]. uerum j::tA rationale est. itaque etiam 
AF rationale est [def. 4]. 

Ei^o rectangulum comprebensum rectis rationalibus 
longitudineque commensurabilibus, et quae sequuntur. 

XX. 

Si spatium rationale rectae rationali 'adplicatur, 
latitudinem rationalem facit et ei longitudinej commen- 
surabilem, cui adplicatum est. 




ialt.) corr. ex vnv m. rec. P. Ar] e corr. P. 16. iativ P, 
arl %ai V. ro] r^ b. AJ F. 17. iativ P,^ om. F V. 18. 
(iifnst 0viifAitQ<oiA om. BVb. Ante xa^add. svd^s iwv F. %al 
ra ii^g] om. PV. 19. x'] seq. ras. 1 litt. B, xa F. 21. 
noistl -st e corr. m. 1 F. t j ] corr. ex xi m. rec. b. 
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'Pjixhv yap ro j^T mapa ^ijzijv x«t« zivti italiv 
xav TtQoeiprjji^vtav TpoTtcav ttiv AB Traga^s^KtjfSQe) 
nXuTog itoiovv riiv BF' Xiya, Stt ^jjrtj iaTi.v ^ BF 
xal ffiiftftfrpo; t^ BA (i^^xii. 

5 'Avay£yQRip&a> yaQ aau Tijg ABTBTQdymvov ro AA' 
^ijTov &Qtt ietl To A^. pTjToi' Sl xal to AP' evit- 
fiBTQOv aga iszl to AA za AF. xaC ietiv cog ro 
AA jtQog ro AF, ovtag; 9) ^B TCpog tijv BF. oil/i- 
jiBTQog KQ« *tfil xal ij ^B t?j BT' ttst] Si ^ ^B rij 

] BA' evftfiBTQOs aga xal ^ AB ffj BF. pfjr^ d^ ioTiv 
ij AB- gjjtij Hp« iatl xal ij BF xal OvfiiiBTgog t^ 
AB ^ijxfc. 

^ 'Eav apa pTjToi' ^iapa pi)t>/v naQa^Xrj&fj, xal ta B^TJg. 



IB To wffo ^ijToif Svvtt^EL [lovov evfifiiTQav ev- 
^■Biav ;r£pi«j;o'fisvov opS^oyaivtov aloyov Effrtv, 
XK^ ^ dvvufiivti avto aloyog bGtiv., xaXsia&io 
6b ftiari. 

Ttto yuQ ^iijTmv 6vva(i£t fiovov av(i(iiTQiav sv&etav 

20 Tiov AB, BF uQ&oymviov TCBQisxia&ia ro AF' kiya, 
Srt aloyov iOTi t6 AF, xal ij Svvafiivtj avto aXoyog 
ieriv, xaktia&to Si fiiatj. 

'Avaysypaip&ta yap aab T^g AB TBTQaymvov t6 A^' 
pijToi' a(/u iilTl t6 AA. xul ijtsl aevfifitTQos iottv 

1. eV'1»' "i*" ''B T. 2. tteTiitivoiv TheoD (BFVb). i^» 
^B] om. V, 3. ntJow F. 4. JB P. 6. ^Bl corr. ex 

AP m. 2 F. 6. ioi/* P. AT] FA F. 7. Uth P. ^J^j 
-iJ V. 8. xriv] om. BPb. 9. laxiv P. ^B] (alt.) poet 
raa. V, S.d F. :0. HA] A e corr. in, l P. «ptf — tb] iffl 
caa. m. 1 P. 12. BA BVb. 18. av F. Kttpo Sv^ii^^ 
om. F. 9riipa^ili)9'^] om. P. Seq. lemma, q. app. 14. 
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Bationale enim spatium ^F rectae AB rationali 
rarsus secundum aliquem modorum^ quos diximus 
[u. lemma p. 56], adplicetur latitudinem faciens B F. dico, 
^Frationalem esse et rectae Bji longitudine commen- 
surabilem. 

construatur enim in ^^ quadratum A^d. AJ igi- 

tur rationale est [def. 4]. uerum etiam AF rationale 

est. itaque ^A^AF commensurabilia sunt. 

et^A:Ar=^B:Br [VI, 1]. itaque ^J5, 

BF commensurabiles sunt [prop. XI]. ue- 

rum ^B = BA. itaque etiam ABy BF com- 

mensurabiles sunt. sed AB rationalis esi 

itaque etiam BF rationalis est et rectae 

AB longitudine commensurabilis [def. 3]. 

Ergo si spatium rationale rectae rationali adpli- 

catur, et quae sequuntur. 

XXI. 

Rectangulum rectis rationalibus potentia tantum 
commensurabilibus comprebensum irrationale est, et 
recta ei aequalis quadrata irrationalis est, uocetur 
autem media. 

Bectis enim rationalibus et potentia tantum com- 
mensurabilibus ABj BF rectangulum AF comprehen- 
datur. dico, rectangulum .^Firrationale esse, et rectam ei 
aequalem quadratam irrationalem; uocetur autem media. 

nam in AB quadratum construatur A^. itaque 
A^ rationale est [def. 4]. et quoniam AB^ BF longi- 

xa 1 tt in ras. m. 1 B, %p' F et sic deinceps. 15. Post ^rix&v 
add. ^vo B. 16. iazi. PBV, comp. Fb. 17. Icyrt BV, comp. 
Fb, iatai P. 22. iaxi PBV, comp. Fb. 
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1} AB Tti BV fi^^xEf dvvafift yuQ [lovov vaoxEiVTi 
evfiftEtpot.' iGrj di 71 AB T^ Bz/, ai5v\ifiBrQos kqk 
iatl xttl ii z/S rij BF jiijjcft. xai egtiv mg ^ z/B 
jrpos TTjv Bf, oTJTtog to ^.^ jrpog to ^f" aiTti/K^E- 
5 rpov KpK [fffrl] ro zf^ rra AF. pTjtov ^4 ro ^ii^* 
ukoyov aga iatl xo AV' bsSte xal tj Svva^iivri xi) 
AV [Tovtieriv ^ Caov avrra rct(fuymvov Swufiiv^l 
ai^oyog ieviv, xa?.eie&ia di ^iati' otceq £Sei Ssl^ai. 

A^lifia. 

10 'Eav toSi Svo EV&Elai,, Scriv wg ij srpmTJj Jipoff tijv 

dEvripav, ovtiag to anb t-iis irpraTijs ngog tb vnb rav 

SVO EV&EltOV. 

iStaeav Svo Ev&Etai at ZE, EH. Atyro, ott iatlv 
ros jj ZE npog Tjjr £i/, ouTiog to hjto r^g ZE Kpo^ 

Ifi To vno tmv ZE, EH. 

avuytyffap&a yuQ dxb tijg Z E tEtffdyiavov ro ^Zy 
xkI av(tJtEJiX-^Qc6a&(o tb H,d. iitEl ovv iaxiv ag tj ZE 
JTpog T1JV EH.f ovirag to Zz/ itpog to .^/i/, xai isti 
ro ft£i' Zz/ To dnb t^s Z£, to Si ^H tb vTtb tmv 

ao ^jE, £if, tovtiati tb vab tav ZE, EH, iattv apa 
atg 7] ZE repos tijv EH, *>vtca; to aao t^s ZE jiqvs 
To lOTo tiav ZE, EH. bfioicog Si xal mg tb vtco rmv 

1. BF] FB V. ya<f] comp. F, sapra fcr. *i. 3. htCvB. 

dB] (alt.) Bi/ P. 4. ^rl corr. ex^B m. rec. P. 6. JorA 
B, om P. Aii FV. Ai3 F. 6. loi/i' P. 7. i]] anpra scr. 
111. 2 V. B. lart PV, CDmp. Fb. Ante onfp adcl. P: 

Sttt xo (mg. m. I) Tijv feov avaypaqDoitaiiv TfTpayDivov im Ar 
Zmffim, ^» Kcilti ^i^on*. ftiarjv avaloyov clvBi rmv AB, BF; 
eodem loco Theonr Sia zo lo an Ktli^s tetea^^ravov fijov tlvM 
Tm uno TtSv AB, BF xal iiieijv avcfloyo* avtijv Yiyvta9ui (yt'- 
-Eo&BtBV) T(5v AB, BrJBFVb). 9. l^ufut y V (cfr. app.). 

" ' " ioe] di cds F. 11. npiiB] supra scr. m. 1 F, 
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tudineincommensnrabiles sunt (supposuimus 
enim, eas potentia tantum commensurabiles 
esse), et AB=B^J, etiam ^B, -BF longi- 
tudine incommensurabiles sunt. et ^dB iBF 
= A^:Ar [VI, 1]. itaque JA, AT in- 
commensurabilia sunt [prop. XI]. uerum jdA 
rationale est; quare AF irrationale est 
[def. 4]. itaque etiam recta spatio AF aequalis qua- 
drata^) irrationalis est [def. 4]; uocetur autem media; 
quod erat demonstrandum. 




Lemma. 

Datis duabus rectis est ut prima ad secundam, 
ita quadratum primae ad rectangulum duarum illarum 
rectarum. 

Datae sint duae rectae ZEj EH, dico, esse 
ZE:EH=ZE^:ZExEH. 
Z E H describatur enim in ZE quadratum 

jdZj et expleatur H^. iam quo- 
niam est ZE : EH = ZJ: JH 
[VI, 1], et Z^ = ZE^ AH = JE 
xEH = ZExEHj erit 
ZE:EH=ZE^:ZEXEH, 

1) XJerba tovriativ — SvvufisvTj lin. 7, quae nihil ex- 
plicant, subditicia habeo (pro Swafievrj Aug^stus coni. dvayQci' 
q)ovaa), quae adiiciuntur lin. 8 (u. not. crit.) in P apertissime 
scholiastae sunt {HaXst); quare etiam additamentum simile codd. 
Tbeoninorum ipsi Theoni, non Euclidi tribuendum est. 




vno] corr. ex dno Fb. 14. ngos — ZE] mg. m. 2B. EH] 
HE F. 17. To] corr. ex trjs F. 18. rrjy] om. b. iariv P. 
19. TO vno — 20. Tovtiati] supra scr. F. 20. tovtiativ P. 
22. xal £0^] ins. m. 2 F. 
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HE, EZ itQog ro ftiro r^g EZ, rovTiarbv rag to H^^ 
flpDs to Zz/, ovrtjs ij HE irpog tt/c £Z' ojrsp BdBi. 
Sat^eci. 

6 To aaio (iiflj;s reapc pjji^v TtaQa^aXXofiEvov 
jrAKTog Jtotff j^ijrijv x«i KffwfiftETpov t^, siap' 
tJv aa^dxtirai, [ii^xeL. 

"EoTcj (ttffij ^^v ^ ^) piJT^ tff ^ rS, xai rro «sto 
Tijg ^ fffoi' JtKpii T^v Br" JEKp«/3Ej3Ajjffft(D jjcptor op&o- 

10 yroViov tb B^ jiAktos aotouj' t^v r"^- AeV'*'; ^ti pijttJ 
iffTtv ^ r"^ 3cai «ffi5(i;i£Tpos t^ TB ft^xft. 

'EjteI yuQ ^iOri ierlv ?; ^, dvvarai ^&qCov jTfpc 
Exo^ivov vicb ^ijTtdi' dvvtt fisi ftovoi' av(i(i,irQtDV. 
dvvaa&ca TO HZ. dvvaTttt ^^ xal to B^' lOov liQU 

15 ^ffri ro B^ ra HZ. i'3rt Sh avra xal iaoyaviov 
rmv Si /'fftov T£ xal iaoymviov jTapa^ZijAoj^pafifKov 
avriXsnov&aSiv al nXBV^al kI negl rag feas yavias' 
avdloyov aqa itsrlv ag r] BF wpog tjjv EH, ovrag 
r] EZ agog rijv F^. ieriv aga xal ws t6 ({jro rijg 

20 Br npog ro ttno rijg EH, ovrag ro «;t6 t^s fiZ jtpos 
t6 KJto rijg F^. ffv/ijtEipov Si iati. t6 awo T^g VB 
ra dao r^g EH' ^tjttj ydg iariv Bxariqa avriaV ffvft-' 
fiSTpov apa ^ffTl xttl t6 «jio rrig EZ tc5 dno t^s V^l, 
Qtjrov di iorb zb dab rijg EZ' gijrbv apa iezl xal 

2o t6 ajr6 T^s r^' pjjT^ apa iorlv 15 F^. xal iael 
davftfterQog iariv ^ EZ Tjj EH fAijxft" dvvd[iei ydg 
[lovov elel dvftjterQoi' dig 61 1} EZ ngog rijv EH, 



2. Z.J] corr. es JZ V, zfZ BFb, HE] in i-as. V. Sjhp 
ISti Seilai] comp. P, om. Theon (BFVb). 6. aviiiizieov P. 
corr. Tn. 2. tjl corr. es ti ro. rec. b. 8. naC - 9. x<->t^*] 
iit raa. F. 9. oe&oyBVio»'] m, xeo. V. 18. fiovoi-] m rft», F. 
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similiter etiam HExEZ:EZ*=-HJ:Z^=HE:EZ; 
qaod erat demoDstrandam. 

xxn. 

Quadratum mediae rationali adplicatum latitudinem 
facit rationalem et ei, cui adplicatnm est^ longitudine 
incom mensur abilem. 

Sit media A, rationalis antem FB, et quadrato A^ 
aequale rectae ^l^adplicetar epatium rectangulam S^ 
latitudinem faciens FjJ. dico, F^ rationalem esse et 
rectae FB longitudine incommensnrabilem. 

nam qaoniam media est A, quadrata aequalis est 
spatio rectis potentia tantum commensurabilibus com' 
prehenso [prop. XXI]. sit quadrata aequalia HZ. 
ueram qaadrata etiam apatio B^ aequalis eat. itaque 
B^^HZ. uerum idem ei aequiangulum eat. parallelo- 
grammomm aatem aequalium et aequiangalorum latera 
aequales anguloa comprehendentia in contraria propor- 
tione sant [VI, 14]. itaque BT: EH 
= EZ: r^. quare etiam B I^ : EH^ 
" EZ* : rj^ [VI, 20]. uerum FB^ 
et EH^ commenaurabilia aunt; nam 
utraqae rationalis est. quare etiam 



^ EZ* et r^^ commenaurabilia aunfc 
[prop. XI]. uerum EZ* rationale est; qnare etiam r^ 
rationale est [de£ 4]. itaque Fjd rationalis eat. et 
quoniam EZ, EHlongitudine incommenaurabiles sunt 
(nam potentia tantum commensurabiles sunt), et est 

14. fvvofiiEi] Svvaa^ai b. ^B P. 15. icziv P. JB P. 
ffftw PB. ■ KTTo PV. 16. re] corr. «s. 9i m. 1 P, om. 
PT. 21. rS\ e corr. V, SF V. 23. Inh P. 24. iauv P. 
iotiv P. 88. itfri'*] postea ini. F. 26. HE 1'. 
BDalidta, «ild. HailHig et Hei^ta. m. t> 
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ovrog To aito zijs EZ irpos to vjto zav ZE, 
aavii\itTQQv aptt [i0Tl] i6 anb zijs EZ rw varo xav 
ZE, EH. aXltt T-fi y.lv bctio zijg EZ aviiiiez^ov iort 
10 aito t^s r^' ^tjtttl y«Q iloi 6vvtt[isi.' ra di vxo 
b z<3v ZE, EH oviifitzgov iazi to vnb vmv ^^T, FB' 
iOtt yag itszi zS kjio z^g A' aflw^/Air^oi' «po ietl xal 
10 aito rijg F^ za vno zcov ^F, FB- rog di t6 ««6 
T^S r/} n^os rb vnh tcov -dV, FB, ovrag iarlv ^ 
jjr ;rp6s zijv FB' Kevfifitzgog «pa ierlv tj ^F Ttj 
10 rS ftifxft. ^ijr^ Kpa (ffr!i/ ^ FiJ xat ttOvfiftergog zy 
FB ftrjXH' OJTfp Sdsi ict^tti.. 

xy. 
H rij fideij avfifisr^os [liat) iariv. 
"Earat [idati ij j4, xttl rij A avfifitrQog lazta 15 B' 
15 Hiyttt, OTt xttl 7} B (lia^ iarCv. 

'ExxiCa&a yaQ pjjr^ ^ F^, xttl x^ ftiv anb t^s 
j4 taov naQtt ri^v F^ iiaQa^s§X^a9m j;(optov op&o- 
ydviov ro FE si^ttTog noiovv zijv E^' ^tjr^ uQa 
iarlv ii Ejd xai uavyifLSrQoq r^ T^ jxiJxei. za Ss 
ao «310 rr^g B [aov napa zijv FJ naQa^c^Xria&a jopi^ov 
OQ^oyavtov ro TZ n}.arog noiovv zijv j^Z. iirsX 
ovv dviiiieTQOg ianv r} A rf; B, OtJfiftfrpdv ^ffrt xal 
t6 a%b ry\g A zm anb r^g B. dlXa rjS fiiv ajio 
T^g A ftfov ^ari ro EF, za 6i uno zijs B £aov iazl 
25 ro rZ" avfifitzpov UQa iazi rb EF z^ FZ. xaC 



2. imv aftt PV. i«t{] om. P. 3. t£]con. ex x6 V. 

^«1] om. V. 4. eleiv P. fvvaftci] erag. V, dein add. mc 

£(K SiStmxtit. 6. avniittfftov P, corr. m. I. ^eit] ora. 

BFb. 6. il<i, BVb. oTipfisieo* F, sed corr. iniv P. 7. 

TB «((.«lOfifVoj V. 8. rz(] jrF. 9. TB] r.i b. Ittiv] 

'1. Snef tSft Sei^ai] om. BFb, eomp. P. 12, ny'] 
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EZ:EH'^EZ^:ZExEH[uAemm2ilEZ^eiZExEH 
incommensiirabilia erunt [prop. XI]. uerum EZ^ et F^ 
commensurabilia sunt (nam potentia rationales sunt); 
et ZExEH^ jdrxFB commensurabilia sunt (nam 
quadrato jfi aequalia sunt). itaque etiam F^ et 
jdFx FB incommensurabilia sunt [prop. XIII]. uerum 
r^ijdrxFB^jdr^rB [u. lemma]. itaque ^F, 
PjB longitndine incommensurabiles sunt [prop. XI]. 
ergo r^ rationalis est et rectae FB longitudine in- 
commensurabilis; quod erat demonstrandum. 

xxni. 

Becta mediae commensurabilis media est. 
Sit media A^ et rectae A commensurabilis sit B, 
dico/etiam B mediam esse. 

ponatur enim rationalis FAj et quadrato A^ ae- 
quale rectae FA adplicetur spatium rectangulum FE 

^ latitudinem faciens EA. itaque EA 

I 1 I • rationalis est et rectae FA longitudine 

incommensurabilis [prop. XXII]. qua- 
drato autem jB^ aequale rectae FA 
adplicetur spatium rectangulum FZ 
latitudinem faciens^Z. iam quoniam 
A ei B commensurabiles sunt^ etiam 
A^ ei B* commensurabilia sunt. uerum A? = EF, B^ = 
rZ. itaque JBF, FZ commensurabilia sunt. et EFirZ 
= EAiAZ [VI; 1]. itaque E.d, AZ lougitudine commen- 

om. P. 14. iata^ (alt.) om. BFb. 16. tm] rd F. 20. z/T 
BVb. 21. rz] corr. ex EZ F. Zz/ P.' in£ F, corr. m. 
rec. 22. iari] postea ins. F, iativ P. 28. A] corr. ex ^£ Y, 
A icti F. 24. iatl] (alt.) om. Vb. . 26. TZ] (prius) Z in 
ras. m. 1 P. 
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iittiv mg To EF ffpoj t6 rz, ovTtns ij E^ Jrpog 
z/Z" 0v(iiiETQOs apa lerlv 57 E^ ry ^Z fi^xEi. ^iji^ 
dd ioTiv Tj E^ xkI aSviiiietQog t^ ^P ftifxsi- pjjr:^ 
apa ierl xaX rj AZ xal aisv(ifUTQog t^ jJF fi^xei' aC 
5 r^, ^Z epa ^Tjtai bIgi Svva(iei (iovov 0v(i(istQOt. 
15 di TO WJTo pijTcoi/ dvva(i£i ftovov 6v(i(iBTQa}v 6vva- 
(livT] (iBOTj iatCv, 7) UQa To vn.6 t<ov f"z/, ^Z dyna- 
(t,ivr) (isSi] iiftiv' xal Svvarai zo ujto zmv r.d, AZ 
'ij B* (liarj apa iaTtv ij B. 

^Q /JdptOjiK. 

',Ex 6i} tovrov <pavB^6v, ott t6 tw ft^iTc) ;i;(Dpi^(a 
ffvftfiETpoi' jiiaov iatCv [Svvavtai, yag avta ai^etai, 
a? Biai dvvdfiBi avfifiBtgai, ov i] iti^a (liari' aSts xai 
^ Aotre^ (liarj ietiv^. 

15 'SlaavTQis ^^ '^oi^S i^^ T(»v pjjTioi/ Bigtjjiivaig xai 
snl Tioi' (i.iaa)v i^axoi.ov&Bt, t^v r^ f*^<^?/ (tijjtct tJtJfi- 
fifTpov AEyfffS^Kt fiiaijv xal 0v^(ibtqov avt^ (lij fiovov 
fii^xBi, dlXa xal dwdfiBi, BTtEiSijnt^ xa&oXov aC fii^xsi 
avfifiBTQot. advtag xai SvvafiBi. iav 61 ttj fiiaij avfi- 

20 fiETpds Tis fi Svvd(iBi, bI fi\v xaX (I^xbi, liyovzai xal 
ovttag (iiaat, xal 0v(i(iBtQot fti}XE( xal Svvd^Ei, eI S\ 
SwdfiBi (iovov, Xiyovtat (liaui Svvixfi.it ftdvov av(i- 

flBtffOl. 

i. iazCv PB. 5. datv PB. 6. fi Si tdj tb 6i BFVb. 
Foet aviiniiQmv a,dd. ev9etwv Tiegieiofitvav oQ9oyioviav ai.o- 

Jiv iati x«/ b, P mg. m. 1, V m. 2; deinde seq. cfSro aloyav 
att, KaXeia9ai Si b, F mg. m. 1 ; :^ Swaitivrj aoro aloyog iariv, 
Kale£tai di itiajt V m. 2. n Svvatievji BFb, et V (deL 

pimotis). 7. ttfdti] aapra acr. F. fiim; laiiv'] punctis del. V. 
ii] m. 2 B. Svvaiifvri] Smanti ^ b. 8. lari Vb, comp. F. 
9. 17 B] (priuB) HB Bb. 12. iari BV, comp. F. uvtii] 

_ • .- TT ., - T. . . ■ ■ B, B,' add. m. 2 V. 13. tlatv 
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surabiles sunt [prop. XI]. uerum E^ rationalis est et 
reetae^JTloi^gitadine incommensurabilis. itaque etiam 
^Z rationalis est [def. 3] et reetae ^F longitudine 
incommensurabilis [prop. XIII]. itaque F^, ^Z ratio* 
nales sunt potentia tantum commensurabiles. recta 
autem quadrata aequalis spatio rectis potentia tantum 
commensurabilibus comprehenso media est [prop. XXI]. 
itaque recta quadrata spatio F^xJZ aequalis media 
esi et B^ = FJ X ^Z. ergo jB media est. 

Corollarium. 

Hinc manifestum est, spatium spatio medio aequale 
medium esse.^) 

Lemma. 

Congruenter iis; quae de rationalibus diximus [prop. 
XYin corolL], etiam in mediis sequitur^ rectam mediae 
longitudine commensurabilem mediam uocari ei non 
modo longitudinC; sed etiam potentia commensurabilem; 
quoniam omnino rectae longitudine commensurabiles 
semper etiam potentia commensurabiles sunt. sin 
recta mediae potentia commensurabilis est, si eadem 
longitudine est conmiensurabilis; sic quoque mediae et 
longitudine potentiaque commensurabiles uocantur; sin 
potentia tantum^ mediae potentia tantum coinmensu- 
rabiles uocantur. 



1) Sequentia lin. 12 — 14 obscnra sunt et sine dubio sub- 
ditiua. 

FB. 20. sl fiiv — 21. 8h dwdiiet] om. Fb; post avfiiurifoi 
lio. 22 ea hab. V (pnnctis del., add. t6 dh eirjg ov% svqi^ iv 
T^ fi^Up tov itpaciov )uxl inccTfjd-ri?) et B mg. m. 2 (add. in 
juie lUvov). 22. (idvov] (prius) del. m. 2 B. av(ifist(foi] 
m. 2 B. Seq. lemma, u. app. 
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xd'. 

To v«6 ndatav ftijxEt evftfiizpmv Ev&eimv 
xatd Tivcc tiav alffTjfiivciv tp6aiav xegiexo- 
liEvov OQ&oycoviov fiioov ietCv. 

6 'Txh yicQ jieSav (ii^xei. avfifiiTgiav Evd-cmv rmv 
jIB, sr nsQiexiB&m aQ%-oy<aviov ro AF^liya, oti to 
AF [lieov iotiv. 

'Avayeygaip&a yag cwo r^g AB tstgayavov ro 
A.d' fiieov ttQa istl to A^. xal iael avfifieTgos 

10 ietiv 17 AB tfj Br [i^xei, [arj Se ij AB r^ Bd, 
avfifietQos ccQce iarl xal ^ AB tfj BF (i^xei' Sate xal 
To AA rp Ar evfifiSTQov iettv. fiiaov 8e t6 ^ A' 
fiiaov uQa xttl tb AF' oJteg ISei tJfrgat. ^M 



T6 vtio ftiaav Svvaftei. fi6vov evfiftitpatv 
&ei<ov asQiexofievov OQd^oyaviov ^toi p?;roi' 



I (isaot 



ieti 



'Tno yKQ fiieav Svvdfiei, fiovov evfifiitQOJV ev- 
^eiiav tav AB, BV opS^oyoVtoi' aeguxie&a to Ar"' 
20 liyo}, oTi ro AF i^toi Qtjtov ^ fiieov ietCv. 

'AvayEyQaq>d'cj yag a:ith tmv AB, BF tetgayava 
ta A^, BE' fiieov &ga iatlv exategov tiBv Ad, BE. 
xcd ixxeCa^m pijr»; 7} ZH, xal ta ftsv AA teov nccga 
T^v ZH 7cttQaP6^X^a9c3 vQ&oyaviov itaQalXtjloyQafi- 
26 ^ow ro H& Tti.utos noiovv tijv Z&, ta Sh AF Caov 
naga tijv &M MQCt^e^li^e^a OQ&oyaviov nuQaHtj- 

8. ««!«' — TQOJCiav] om. iJFb, sapra ECr. m. 2 V («aia ti*a 
xmv eraa.). 6, nfpiEjso&ixi B, corr. m. 2. 9. ^4^] (priuB) 
inter A ei d ras. 1 litt V. 11. lativ PB. J B] e corr. 
m. 2 V, BJ F. 12. iati V, comp. Fb. ^A] e corr. m. 
2 V. 16. ev9tt£v] m. S T. 19. XEfie%i<i9ia oQ&oyaviov P. 
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XXIV. 
BectangulvuQ rectis mediis comprehensam seciindum 
aliquem modorum, quos diximuB [u, lemma], commen- 
surabilibus medium est. 

Mediis enim AB, BF longitudine commensurabili- 
bus comprehendator rectangulum AF. dico, jiF me- 
diam esse. 

nam in AB quadratum describatur j4^. itaque 
ji^ medium est. et quoniam AB, BT longitudine 

r commeneurabiles sunt, et AB=^Bjd, etiam 

I ^B, Br longitudine commeBsnrabiles sunt. 

quare etiam /lA, AT commensurabilia sunt 

A— — m [VI, 1; prop. XI]. uerum AA medium est. 

ei^o etiam AF medium est [prop. XXIII 

'ji coroll.]; quod erat^demonstrandum. 

XXV. 

Bectangulum rectis mediis potentia tantam commeii- 

BurabilibuB comprebenaum aut rationale aut medium est. 

Rectis enim mediis AB, Bf^potentia tantnm com- 

mensnrabilibus comprehendatur rectangulum AF. dicor 

AF aut rationale aut medium esse. 

j Z H ^^ '^ -^^> ^^ quadrata 

describantar AA, SE. itaqne 
utrumque AA, BE medium est. 
et ponatur rationalis ZH, et qua- 
If^ ^ drato^^ aequale rectae Zi/ad- 
pHcetur parallelogrammum rect- 

HK/Uxta^at B, corc. m. 2. 30. iativ ij fiioov V. S3. 
ZE F, corr, m. 2. rw] corr. es id V. 36. «{*] corr. ei 
t6 m. 2. F 
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?.6yQCCfi(iov ro MK nXuTOs xoiovv zijv &K, xul bti 
rp BE Haov b(ioi(og naga Ttjv KN napa^f^K^e&a 
To Nji nldrog itoiovv r^v KA' ^ac' tv%eCas affa 
eialv aC Z@, &K, KA. InEl ovv fi/Ooi' iarlv ixd- 
5 T£pov Tav Ajd^ BE, xaC ietiv i'6ov ro (lev A^ rp 
H©, TO di BS T^ iVvi, ^iaov a^cc xal sxdztQOV rav 
H&, NA. xul JTKpa qjit^v i^v Z-ff reffpwxfiTKf ^jjti^ 
Spa ioiiv Bxari^a tiov Z&, KA xa\ dav[i[iBTgog t^ 
ZH ii^xBi. xal insl evfifisT^ov iaii to AA ta BE, 

10 avii(iSTffov aga iarl xal ro H& ta NA. xaC iaxiv 
ras to H© jrpog to JV^, oCkos ij Z® «pos t^v Kv4" 
Suftfterpos «pa ia^lv ij Z& ty KA fiijxii. at Z&, KA 
«pa ^tjtrC eiat (ii^xei avfiiisTQof pijiov Kptt ietl tb 
vno Tmv Z&, KA. xal ixBl HGri iatlv ^ [iiv AB Tg 

15 BA, ij di SB t^ Br, lativ apa cog ^ z/B rcpos ii^v 
BJ", ovtms 1) ^B repog i^v BS. kAA' c5g (xiv ^ ^B 
jrpos T^v B-T, OTJiras ro ^A npos t6 j^r"' as Si t) 
AB repos t^f BS, oiJio)s to ^r rcpos lo FIS' iaziv 
KQK ag To tdA JiQos to -^.T, otiiws to -<4F rcpog to 

20 r!S- i^aov de iati. tb (iiv AA ta H&, lo 61 AV 
tp MK, 10 6e rS tp NA' iativ aga ©s lo H& 
ngbg tb MK, ovttag ro MK jrpog ro JV^' iativ apa 
xal tog ^ Z@ wpos t^v ®ff, owttos ^ ©Jf Kpog ttji' 
JiTyi' t6 aga vnb tmv Z&, KA laov iatl ita dnb r^s 

25 ©JC. pijTOV di 10 vwo rrov Z@, JiTji' pTjtov apa sOit 
xal 10 dnb r^s @X' pjjr^ «pa iatlv ^ @Jf. xkI f^ 
(ilv ovfi^etpds iiTtt Tj) Zif (i^xBi, ^jjidi' iort ro @iV' 

2. l:aov — KN] mg, m. 1 F, in teitu «liio «0^0; T71* 

AJV. 4. aH corr, ex W F m, 1, eupra m. 2 P'. 6. JVvl] 

JV e coiT. V, Sta icxL V. 7. W^l M^ b et F (JH in rM.). 

Ante ^ijr^ raa, 5 litt, V. 8. lativ] iatl Y.aC V. 9. xul Ijreif] 

ijttl orvTheon (BFVb). 10. ^oiir P. idj m. 2 P. SH P. 
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angulam H® latitudinem faciens Z®, rectangolo autem 
AF aequale rectae @M adplicetur parallelogrammum 
rectangulum MK latitudinem faciens @K, etpraeterea 
quadrato jBJ^aequale similiter rectae KN adplicetur NA 
latitudinem faciens KA. itaque Z®, ®K, KA in eadem 
recta sunt. iam quoniam utrumque AA^BE medium est^ 
et AA = H@, BE = NA, etiam utrumque H®, NA 
medium est. et rationali ZH adplicata sunt. itaque utra- 
que Z®y KA rationalis est et rectae ZH longitudine 
incommensurabilis [prop. XXII]. et quoniam AA^ BE 
commensurabilia sunt^ etiam H®^ NA commensura- 
bilia sunt. et H®:NA = Z®:KA [VI, 1]. itaque Z®, 
KA longitudine commensurabiles sunt [prop. XI]. ita- 
que Z®y KA rationales sunt longitudine commensura- 
biles. itaque Z®xKA rationale est [prop. XIX]. et 
qnoJiiAm AB=BAySB=BryentAB:Br=AB:B!Sl. 
uerum AB : Br=AA: AF [VI, 1], et AB:BS = 
Ar:rSl [VI, 1]. quare AA:Ar=Ar:r!S. uerum 
AA = H®, Ar=MK,rS = NA. ergo H®:MK= 
MK:NA. quare etiam Z®:®K = ®K:KA [VI, 1]. 
itaque Z®xKA = ®K^ [VI, 17]. uerum Z®xKA 
rationale est. quare etiam ®K^ rationale est. itaque 
®K rationalis est. et si rectae ZH longitudiue com- 
mensurabilis est, ®N rationale est [prop. XIX]; sin 

Ttai] om. FV. Post iottv add. aga %aC V. 11. GH F. 

X9V P, sed corr. 4N e corr. m. 2 V. ti}v] om. Bb. 13. 
iaxCv P. 14. JB] e corr. Vb. 16. ISIb] corr. ex ZB V. 

JB] BJ P. Xe. B^] corr. e? BZ P. 17. tiJv] <?orr. in 
To F, t6 b. 18. &B B. ^axiv — 20. ris!] mg. m. 2 B. 

19. JA] in ras. V. AF] (alt.) FA F. 20. FS] in 
ras. V. iattv P. 24. iatCv P. 26. iatlv PB. 27, 

iati P. Post T^ add. (9M tovtsati t^ V, @. m. 2 (del. m. 
lec). &N] e corr. m. 2 V. 
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eI Se ffffiJftftftpdg ioTi t^ ZH fiijx^t, Kt K&, &M ^i 
tim SvvajiBt. fiovov evfifteTQOf fid0ov a^a t6 @N. t6 
@N &pa ^Tot ^ijrov ^ (lieov iaziv. toov S^k ro ®N 
ra AF' t6 AT &pa ^toi ^jjtoi' ^ (idaov iaTiv. 
5 To apK wwo ftitfwv dvva[iei (lovov evfiiiSTQiov, xal 

Tu ilijs. 

xs'. 
Miaov jiiaov ovx ■intsQixfi- ^ijtm. 
El yuQ SvvaTov, fiiaov t6 \AB (liaov rou AF 

10 vnsQSxira ^Jjip tc5 ^^B, xcil ixxtCe^at ^jjiij ^ £Z, 
xal rt5 ^B rffov jr«jiK tijv ^Z ^affa^e^Xi^a&a 3r«p- 
cAAjjAoypKftftov op'9'Oyrai'ioi' to Z@ jr.iaios noiovv 
rrjv E®, Tt5 di .<4r l'aov afpt]Qi^e&co t6 Zff- Aotaof 
aga ro BA koina x^ K@ iOTiv Heov. QrjTov Si ioTi 

16 t6 AB' ^tjtor npa iatl •koI t6 Jf®. ^al ovv fiiaov 
ierlv sxdrsQov Tmv AB, AF, xuC ieTi lo [ilv AB tp 
Z® fOov, t6 S\ AT %a ZH, fiiaov apa xal ixazsQov 
Tav Z@, ZH. Xttl Ttapa ^?;ti7V t^v EZ naQaxeirai' 
^ijt^ aptt iazlv sxazipa ztav &E, EH xal aevfifisrgos 

20 Tt} EZ fMjxft. xal iasl (Sjjtov iett to AB xat iativ 
teov tra K&, pjjrov apa ^ffrl xal t6 JC®. xai irocpa 
^TizTjv xijv EZ naQttXSLTai' ^V^V ^P"' i<^tiv ^ if® x«l 
ffufiftfTpoff T^ £^Z ftijxft. «AAk xttl rj EH pijtjj ^fftt 

1. K0] oorr. ia 8X m. 2 V. @N B, 9M ^pct P. 2. 
ttmv PB. eWl in ras. V. 3, ^roi] om. Fb. ^irtrw S 
ft^ffo» V. 4. iaxi BV, comp. Fb. 5. lO ^po] ^taii' *^ P. 

ijroi pijio» ^ fiEooi' ^Di/iT '-^ P. 6, Post l^rji add. onep fSn 
StC^ai V. 7. nn' P, corr. m. rec. 10. vnEifixti F, ged corr. 
11. Ti»] T^ (itv B, To itiv b, 14. «^ P. 15. JB] ia 
raa. V. ■ ioTi^v P. @Kh. IS. iuxt] htiv B. 17.««/] 
om. b. 18. nafaKtirxai V. 21. ^ot/] ^otiTi' P. 38. Post 
xai las. 1 litt. V. 
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rectae ZHlongitudine incommensurabilis est, K®, ®M 
rationales sunt potentia tantum commensurabiles; 
quare ®N medium est [prop. XXI]. ®N igitur aut 
rationale aut medium est. uerum ®N=Ar, AFi^' 
tur aut rationale est aut medium. 

Ergo rectangulnm mediis potentia tantum commen- 
surabilibus; et quae sequuntur. 

XXVI. 

Spatium medium non excedit medium spatio ra- 
tionali. 

Si enim fieri potest^ medium AB excedat medium 

AF rationali AB, et ponatur rationalis EZ^ et spatio 

. AB aequale rectae EZ adplicetur paral- 

lelogrammum rectangulum Z® latitudinem 

faciens E®^ spatio autem ^Faequale sub- 



z/; 



trahatur ZH, itaque relinquitur BA = 
K®. uerum Afi rationale est. itaque etiam 
K® rationale est iam quoniam utrumque 
AB, Ar medium est, et AB = Z@, AF 
= ZHy etiam utrumque Z®, ZH medium 
est. et rectae rationali EZ adplicata sunt. 
ergo utraque ®Ey EH rationalis est et 
rectae EZ longitudine incommensurabilis 
[prop. XXII]. et quoniam ^B rationale est et spatio JC® 
aequale, eUamK® rationale est.^) et rectae rationali J57Z 
adplicatum est; itaque H® rationalis est et rectae EZ 
longitudine commensurabilis [prop. XX]. uerum etiam 

1) Uerba t6 ^B lin. 20 — iarl tial lin. 21 post lin. 14—16 
snperuacna Bnnt et fortasse interpolata. uerba ^rixov 6s 
lin. 14 — t6 K0 lin. 15 damnanit Augnst. 
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xal daviifiiTffog Ty EZ ft^xft' aCvftftETpog aqa iet\ 
jj EH rfi H& fiijxEt. jtat iOTiv tog 't EH repos tijw 
if©, ovT<ag tii «310 T^s -EH ngbg r6 vno rmv EH, 
H®' aavfifitTpov &ga iarl to «Jto t^s EH rto uwo 
6 T(ov E//, /f®. kAAo; Tp jiiv «wo r^g £ii 6vft[i£rQ« 
iert ra «jto rtoc EH, H& rtTQKyavcc pijra yip ufi- 
iportQa' T(5 rfJ vwo twv EH, H@ tfwfiftfTpov ^tfri ro 
dlg vxo Tiov EH, H&' dmKaOiov yaQ ieriv artoti* 
aavfifitTQa UQK iarl ra aito i(nv EH, H& T^ 6lg vwo 

10 Ttov EH, //©■ xal avvafiiportQtt aga ra re ajio tav 
EH, H& xal ro 6ls v%b rtoi^ EH, H@, ontQ iarl t6 
KKO t^g E&, aavfiiitrQov iari roig anb tav EH, H&. 
§7}ra 6i tr dnb rav EH, H&' akoyov KQa to aito 
T^S E&. (cXoyos apa iarlv ij E®. aXXa xal Qtjr^' 

15 oz£Q iatlv a6vvaTov. 

Miaov aga (liaov ovx vntQixti Q^tip' ojifp i6£i 
6ilU(i- 

MsSttg ivQEiv 6vva(iti fiovov avfifiirQovg 

20 ^TJTov xsQtEXov^ag. 

'Exxiia9a)aav 6vo QtjTal 6vvd(tii ftovov avfifitrQOi 
BL A, &, xal tlKi'igiQia rmv A, B ^t'oij dvaXoyov i/ F, 
xal ytyoviria atg i} A npog t^v B, ouTwg i} F Jipog 
Tijv z/. 

26 Kal ijiEl aC A, B ^jjrac eiat 6vvafisi fiovov ovju- 
f;(£Tpoi, rb di/a vmb tiBv A, B, zovriart rb dao i^g r, 
fiieov iariv. fiiaT} «pa ^ F. xal imi iartv dtg if A 
JTpttg T^v B, [ovTog] ^ r jrpos T^v ^, tti Si A, B 

i. aevtttioov b. ti] _ . 

8. Tuv om. BF. 9. lo*/* P. 

r»»] nj. 2 P, om. B. laTiv PB, 
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EH rationalis est et rectae EZ longitudine incommen- 
surabilis. quare EH, HS longitudine incommensura- 
biles sunt [prop. XIII]. et EH: H@^EH^ : EHxH® 
[prop. XXI lemma]. quare EH^, EHxH® incommen- 
surabilia sunt [prop. XI]. uerum quadrato EH^ com- 
mensurabilia sunt JEH^+tT®* (nam utrumque ratio- 
nale est); et spatio EHxH® commensurabile est 
2 EH X H® [prop. VI] ; nam eo duplo maius est. 
itaque EH^+HG^ et 2 EHxH® incommensurabilia 
sunt [prop. Xm]. itaque etiam EH^ + H& + 2EH 
XHS, hoc est E®^ [II, 4], quadratis EW + H®^ in- 
commensurabile est [prop. XVI]. uerum EW'\'H& 
rationalia sunt. quare E®^ irrationale est [def. 4]. 
itaque E@ irrationalis est [id.]. uerum eadem ratio- 
nalis est; quod fieri non potest. 

Ergo spatium medium non excedit medium spatio 
rationali; quod erat demonstrandum. 

xxvn. 

Medias inuenire potentia tantum commensurabiles 
spatium rationale comprehendentes. 

Ponaptur duae rationales potentia tantum commen- 
surabiles A^ Bj et sumatur earum media proportionalis 
r [VI, 13], et fiat ^:Jl = r:^ [VI, 12]. et quoniam 
j4^ B rationales sunt potentia tantum commensurabiles, 
AXB medium erit [prop. XXI], hoc est F^ [VI, 17]. 

ta ano b. 13. (rjxd — HG] mg. m. 1 P. Seq. ras. 1 litt. V. 
14. aXoyov b. 15. ddvvatov'] -atov in ras. V. 16. fiiaov 
— 17. dst^ai,'] om. BFb; fisaov aga pbsaov in ras. m. 2 Y; 
lisaov aga fisaov ovx vnegixsi m. 2 6, xal trtt s^rjg add. m. 
rec. 16. ons(f iSei Ssliat] comp. P. 18. n^ P, corr. m. 
rec. 26. elaiv PB. 26. tovtiativ P. 27. iativ'] comp. Fb, . 
iati PBV. 28. ovtms] om. P. A 
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dvvafiti (lovov [tiel] aviiiittQOi, xal aC F, /i apa 
Wftft ^6vov elal OvfifieTpot. xai isti (lieifi ^ 
fiterj tt^a xal ij z/. aC V, A «pa \i,ieai eieX iivva\j.ii 
fiovov evniiET^oi. XiyGi, oti xal gtfrbv nEQii%oveLv, 
5 iTttl yap iextv a^ if A TiQog t^v B, ovtcos ^ F jtQOS 
triv ^, iva},i.a\ aga ietlv aqij A wpog r^v F, jj B Jtpos 
rijv A. akA ms t} A hqos ttjv P, ij T itpbg tijv B' 
xal ras KpK ij r tpog rijv B, ovra>s ^ B Jtpog t^c ^' 
ro apa wko Traj/ T, z/ /'<lov ^ffil rra «mo tijg B. pgj- 
10 lof Si tb anb ti\s B' pijro*' apK [^OtI] scai ro vn,6 
rmv r, d. 

EvQrjvTtti. «Qa fiieai dvvajiBi (lovov evfiiittQOi 
^rjtov ntQiiiovOai.' onsQ SSei Sii^at. J 

16 Mieas svQslv Svvafitt fiovov evftfiixQovg 

. (tieov nsQiexoveag. 

'Exx£ie9(oaav [rptrg] §tiral SvvapiEi itovov avfifie- 
Tlfoi al A, B, r, xal EiX-qfp%a tSv A, B fiierf avaXoyov 
7j jj, xal yEyovirei a>s tf B itQos rijv r, tj j^ itgdg 

20 T^V B. 

'Entl al A, B ^ijra^ elei Swafiet fiovov OvfifiEtQoi, 
t6 UQa vab Tfov A, B, Tovrieri tb anb i^g z/, (liaov 
iezCv. fiiai] apa ij z/. xal iasl a( B, F dvvafiei 
ftavov elel evftfiBTQoi, xai ietiv me ^ B «pog r^v P, 

t. f/oi] om. BFVlj. KaiT — 2. ciififieieoi] oni. B. 2, 
iattv B. 3. eleiv B. 4. xal leyai S^ F, Uym Sij Vb. 10, 
iari) om. BFVb. v«6} bii b. 12. ijrpTinoi FVb. 18. 
QTjTov — 3*r|Hi] «al TU l^^t P- Seq. lemma, u. app, 14. xf 
P, corr. m. rec. 17. Ante tgcie add. yap b, m, 2 FV. tp*?^ 
om. P, TQtts tv&riai F, uavfifiEi^oi b. 19. r ovtciic v, 

21, ovv al F, (tev B, corr. m. 2, 22. lour^fftr P. 28. 
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itaque F media est [prop. XXI]. et quoniam est 
AiB^Fijdj et A^ B potentia tantum commensura- 
biles sunty etiam F, A potentia tantum commensura- 
biles sunt [prop. XI]. et F media est. itaque etiam 

A media est [prop. XXIII]. F, A igitur me- 

diae sunt potentia tantum commensurabiles. 

dicO; easdem spatium rationale comprehen- 
^ 1 ^ dere. nam quoniam est A:B = r:A, permu- 

tando [V, 16] est ^ : 1^= JB : A. uerum A : F 
A B = T: -B. quare etiam r:B = B:A [V, 11]. 
itaque FxA = B^ [VI, 17]. B^ autem rationale est. 
itaque etiam FxA rationale est. 

Ergo inuentae sunt mediae potentia tantum com- 
mensurabiles spatium rationale comprehendentes; quod 
erat demonstrandum. 

XXVIII. 

Medias inuenire potentia tantum commensurabiles 
spatium mediimi comprehendentes [cfr. prop. XXV]. 

A\ 1 Ponantur rationales potentia 

„ '^' ' tantum commensurabiles A. JB, 

E\ 1 F, et sumatur rectarum A, B 

r, , media proportionalis A [VT, 

13], et fiat B:r=A:E [VI, 12]. 

quoniam A, B rationales sunt potentia tantum 
commensurabiles, ^xJBmedium est [prop. XXI], hoc 
est A^ [VI, 17]. itaque A media est [prop. XXI]. et 

XXVm. Cfr. Proclos p. 206, 10. 

iat^ BVb, comp. F. F, B B. 24. PoBt avfifistifoi rep. ro 
&Qa lin. 22 — z/ lin. 28 B, del. m. 2. 24. tijv] om. b. F 
ovtmg V. 
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rj ^ repog Ti;v E, xkI at jd, E aQU dvvaitei fiovov eHA'* 
evfiftaTQOt. (lisri di rj A' fiEffJj Kpo; -xaX ^ E' al A, E 
ttQtt fLieai eCal dvva^ei (lovov avfiftsrQoi. kiyca Sij, 
oii xal itiaov nsQL^xovaiv. iitel yap idTiv rog ^ B 
6 «po? tijr r, ^ ji arpog t^i' £, ^vaiiA^ apa ras ^ B 
jtp^e rjjv ^}, 7j r SQog T^v jE. (ag d« ^ S Jtpoff t^v 
z/, ^ ^ wpoff Tiji' ^' Xtti atg a(fa rj z/ Jrpog t^v ^, 
^ r" npos Tijv E' zb aqa vnh trov A, F l'aov ietl rro 
vKo Trov z/, £. ft/ffov d^ To yjro tiav A, f' [idaov 
10 apa «ai t6 iwi TRPV ^, E. 

EvpijVTai Kpa ftfWi Svvi(iEi {lovov evfifistQOi [is- 
aov ntQii%ovfSaf omQ ISsi, Sst^ai. 



EvQslv Svo TSTQCcyiovovs aQid-fiovg, to6T£ xal tl 
15 Ovyxsiiisvov ^l avriSv elvat TSTQaytovov, 

'Exxsia&oeav ffvo aQtQftol oi AB, BF, i^fftfinn 
d^ ^toi Kptfot ^ TCSQiTtoC. xul insi, iav ze aich Sq- 
Tiov aQttog atpaLQs&fi, idv te aitb KSQteOov nsQiaaog, 
6 Xoinhg aQttog iaziv, 6 Aotwog «pa 6 ^V aQtiog 
20 isttv. TSt^^G&a 6 AV Siy^a xata to z/. sarcaaav 
Si xal ot jiB, BP ^TOt Oftotoi intnsSot ^ teTpayrovot, 
oP x«i B^Tol oitotoi slatv ininsdoi-' 6 «pa ^x ti5v ^B, 
Br ^ETcc Tov aTcb [tov] Pjd TstQayiavov ieog ietX tc5 
aiTo loiJ B^ TETQaycivci. xai iaxi tstQaymvog 6 ix 
26 rrov j4B, BP, insiS-^XEQ iSEtx&rj, ott, iav Svo oftoiot 
iniitsSot noi.kaji:XaataattVTsg k/AijAous aottoaC ttva, o 
ysvoftsvog TiTpKytovog ^ettv. svQtjvtai uqu Svo retQtt- 



1 



1. avfipCTQoi Svriijiei fidvoi' ilai V. fidi 

tciv P. 8. */tfiV P. 6. ovxms ' " " - ' 
u 2 B. G. u? — 7. A (priua)] 



«/bA P. 8. tlaiv P. 6. ovTOjg ij .if V. 6. ^ T — tiJv ^JJ 
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qnoniam B^ F potentia tantum commensnrabiles snnt, 
et est Bir^^jdiEj etiam jd, E potentia tantnm com- 
mensnrabiles sunt [prop. XI]. uerum ^ media est; 
itaque etiam JS media est [prop. XXTTT]. quare ^^, E 
mediae sunt potentia tantum commensurabiles. 

iam dico, easdem spatium medium comprehendere. 
nam quoniam est B : T = ^ : £, permutando [V, 16] 
erit B:^ = r:E. uerum B : jd = jd : j4, itaque etiam 
jd:A = r:E. quare ^ X T = z/ X £ [VI, 16]. sed 
Axr medium est itaque etiam jdxE medium est. 

Ergo inuentae sunt mediae potentia tantum com- 
mensurabiles medium comprehendentes ; quod erat de- 
monstrandum. 

Lemma I. 

Inuenire duos numeros quadratos eiusmodi, ut etiam 
numerus ex iis compositus quadratus sit 

ponantur duo numeri AB, BF, et aut pares sint 

aut impares. et quoniam; siue a numero pari par sub- 

_^ trahitur, siue ab impari impar, reliquus par est 

[IX; 24; 26]; reliquus ^Ppar est. in duas partes 
~.d aequales secetur .^r in jd. sint autem AB, BF 

etiam aut similes plani aut quadrati; qui et ipsi 

similes sunt plani. itaque AB X Br+ Fjd^ = Bjd^ 
^^ [11,6]. et -^5xJBP quadratus est; quoniam de- 



r F. 11. Tivgrjvtai Vb. piaai] om. V. fiiaov — 12. 
Ssiicci'] xal ra s^rjg P. 12. onsg — dst^ai] om. BFb. 14. 
aQi^iiovg] m. 2 F. 16. Ante ot add. ofioMi inlnsdoi mg. m. 
2 B. 17. dri V. ins£] Bnpra scr. m. 1 F. ts] om. V. 

18. nsQiTTov nsQittog V et b, sed corr. m. 1. 20. iati BV, 
comp. Fb. FA P. 22. oi:] ^ b. i%] vno V, corr. ex 
dno m. 1 b. 23. xov FJ] FJ B (corr. m. rec.) et b, xijg 
rd P. 24. z/B P. xsxqaymvov P, corr. m 1. iaziv B. 

26. idsC%&7i] om. b. 26. noimaiv B. 27. TiVQrivTai, FVb. 

Snolides, edd. Heiberg et Menge. m. ^ 
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j-tavot cpi^jxol o %B ix tmv AB, BV xal o ano «^l 
r^d, oK awtE&dvreg «oiovOi tbv ano tov BjH tetgd- 
yoivov. 

Kal ^ave^QV, ori evQiivrai- ndXiv .dvo terQocymvoi 
5 ze Kwo rov B^d xal 6 anb toiJ f^, roffts t^v wMp- 
o^^v amSv tov vno AB, BF tlvai. tstQayavov, oxav 
01 AB. BF o/to[ot (oiJtv inineSoi. bzav dh (lij meiv 
Ofiotot iztinedoi., EVQrjvtai Svo tBTQdyovoi- o rc aah 
tov BA xal b ajto tow '^r'- bv ^ vxspoxti 6 iwo 
10 Trav AB, BF ovx ieti tftpKyatvos' oatQ idsi. SeC^ai. 

Aijftfia. 
EvQstv Svo retQaymvovs affi9iiovs, (oOrc tov i^ 
avtmv Svyx8i(i,{vov fi^ elvai rerQKymvov. 

"Eetm yap 6 ix tiov AB, BF, ms i(pa(iEV, tBtQa- 
15 yatvos, xal aptios b VA, xal rEZfn^e&co 6 FA 8i%u 
t^ A. qjavd^bv dij, oti 6 ix tmv AB, BF rfTpcJytDvos 
(tEta tov ajib [tov] FA tetQaymvov fflog i0rl xa anb 
[tox'] BA tetQaymva), aip7}ff>j(f9m (lovag ">} .AE' o 
«p« ix tmv AB, BT (tera tov aao [rov] FE ildaemv 
ao ifJrl rov ano [rov] BA tetQaymvov. Xiym ovv, o%i 
6 ix tmv AB, BT tttpdymvog (tEra rov dab [rou] PE 
ovx iatat tetQayavos. 

El yap Setai tEtQaymvog, Tftoi fCog iOrX rqi axh 
[tou] BE ^ iXdaeav tov dno [tou] BE, ovxitt tfi 



2. moicooi V, Bed corr. £i)] supra acr. m, I F, m- 

zvaydvov F, sed corr. 4. Mg. add. B Bb, m.S PFV. «oli»' 
jjpeJlfTOi F. lyvQTivxai. Vb, Mtpaymiin P, corr. in. 1. 

5. 0] (alt.) om. P, %. to*] t,jV FV. vno z6v V. ^B] 
B ins. m, 2 P. xe-ci/ayiavov slvat B, 6. i^vpTjvTni Vb, et 
corr. ei (vptjmw m. 2 F. 9. o]_^om. P. _ F^ BFV. ^ if} 
oni. b. 10. ^B] A P. Ante one^ sdd. 6 afa P. once 
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monstrauimus, si duo numeri plani similes inter se multi- 
plicantes numerum aliquem efficiant; numerum inde pro- 
ductum quadratum esse [IX, 1]. ergo inuenti sunt dao 
numeri quadrati jiB X BF et F^^, qui compositi qua- 
dratum B^i efficiant. et manifestum est^ rursus inuentos 
esse duos numeros quadratos B^ et F/fi eius modi^ ut 
eorum differentia ABxBF quadrata sit; si AB, BF 
plani sint similes.. sin non sunt similes plani^ duo 
numeri quadrati inuenti sunt B^^ et jdl^y quorum 
differentia .^^XjBP quadrata non sit; quod erat de- 
monstrandum. 

Lemma II. 

Inuenire duos numeros quadratos eius modi, ut 

numerus ex iis compositus quadratus non sit. 

T^ Sit enim AB X BF quadratus, uti diximus 

lj£ [lemma I], et FA par sit et in -^ in duas 

^lj partes aequales secetur. manifestum igitur, esse 

E-^ ABxBr + r^^= B^^ [u. lemma I]. subtra- 

hatur unitas ^E. itaque ABxBr+ FE^ < 

B^^, dico igitur, numerum quadratum [IX, 1] 

ABxBr addito FE^ quadratum non esse. 

^^ Nam si quadratus erit, aut aequalis est quadrato 

BE^ aut minor quadrato BE^^ maior autem non est, 

M8bi d£t|at] om. BPVb, comp. P. 16. rw] xara zm F. 6] 
om. P. 17. Tov] (alt.) rijs P. 18. tov\ om. BFd, r^g P, 
B m. 2. oyLoCtoq (iovdg P. 19. ix] dno b. rmv'] xov P. 
BT xBxqdyaivogN. tov] (alt.) om. BFb, T?}ffP, Bm. 2. iXdo- 
amv iffTl Tov] in ras. m. 1 b. 20. Tot;] om. BFb, T^e P, 
m. 2 B. 21. 6] om. b. tov] (alt.) om. BFb, t^s P. 22. 
iaxi P. 23. ^GxaC] iati BFb. iativ B, sed corr. 24. tov] 
om. Bb, tTJg P. iXdaamv] i^"^ F, ^Xaaaov ov b; iXdaaov B, 
aeq. rae. 1 litt., iXdaaovi m. rec. tov — BE] om. V. tov] 
om. BFb. ovx ^att b. 
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xal iiii^eav, Iva (irj Tfiij^fl ^ (tovag. «Oro), sC 
Tov, itgoTegov o ix zav AB, BP (ibtix row «tio VK 
ieog Tra aao BE, xai tatco r^s ^E jitova^os dixla- 
Gitav 6 Hj4. inil ovv oios o AF oAov rou f^ 
5 iOTi SmXaOCav, av o AH rov ^£ ^ort din^ARffiGiv, 
xal koinos Kpa o HFAo(n;ou tov EF iOTi SiJtlttGimv 
Slxa aga rirfiijio:! o HF tip E. 6 ap« ^x rcor ifB, 
Br iiita Tou «jro FB fffog ^ffil ira kjto B£ wrpa- 
yojvro. ctAAa x«! o hi ztSv AB, BP jtEra low axo 

10 r£ /'Bog vnoxBixat rp areo [roii] B£ XBTQaydva' 6 
Kpa ^x rrav HB, BF (iBza toiJ anb VE Itlog Effri r^ 
ix Tiov AB, Br (liTa rou uno FE. xal xotvoi' ag>ai' 
QE&dvTOS tov oiTCo FE gvvdyBTai, 6 AB laog Tto HB' 
03E£p aTOitov. ovx aga 6 ix Tmv AB, BF (teta loi; 

15 «JTo [TotJ] FE ftfog ieTi rto aitb BE. Xi^ya djj, Sit 
ovdi ^Aaeeov Tov anb BE Bi yag Svvaxov, e<Stg> 
r^ anb BZ teog, xal Toi j4Z StTtkaeiav 6 @A. xal 
am/axxti^SsTat adliv dtaXaeiav b &r rou VZ' mST( 
xal xbv r& Si-f_a TiTitija&at xaxa ro Z, xal Sia touto 

20 Tov ix xav @B, BF [iBxa tov anb ZF ttfov yivm&ai 
xm dmo BZ. vnoxnTai Si xal 6 ix Tmv AB, BF (tsTa 
roii anb FE teog xm dnb BZ. Sote xal o ix xmv 
&B, Sr [itxd xov dmo FZ feos iexai. xa ix rtov AB, 
Br ftBtd rotJ dnb VE' oxeg uTonov. ovx dga 6 ix 

25 Tav AB, Br iiBxd xov ctitb FE fcog iext [rp] iXde- 

1, (if^Eovt (o et i corr,) B; yg. fiet^ovi, K^eiTxor iaii anpra 
BCt. m. 2 V. fni] (i^tE Theou (BFVb), P m. 2. Post fw- 
*HS add. Theont fiijiE 6 iti im* AB, BF pjra roii «no (jov 
add. V) r.J, os ^O"»' o (om. b, mg. B) ajio (tor add. PVh) 
Ba (e corr. m. 2 V, ^B PBb), (<sot ^ tro ^x {vno BV) t£* 
(om. PB) AB, Br fitro tou «Jti {tqv add. PV) FE (BFVb, 
P m. E). j^] corr. ei ^ m, 2 P. 2, i^b TE P. 3. t^ 
BE P. T^e JE novaSoe] om. V. tfijiltfoioe P. 4. flj< 
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ne tiiiitas diuidatur.^) prius, si fieri potest, sit ABx 
Br+rE^^BE^, et sit HA = 2JE. iam quoniam 
Ar= 2 rjy AH=2^Ey erit etiam Hr= 2 EF. 
itaque ifF in £ in duas partes aequales diuisus est. 
ergo HBxBr+ FE^ = BE^ [II, 6]. supposuimus 
autem, esse etiam AB X BF + FE^ = BE^. quare 
HB X Br+ FE^ = ABxBr+ FE^. et subtracto, 
quod commune est, FE^ concludimus, esse AB=HB\ 
quod absurdum est. ergo ABxBF+FE^ quadrato 
BE^ aequale non est. iam dico, ne minorem quidem 
esse quadrato BE^. nam si fieri potest, sit .^^x^J" 
+ FE* = BZ^yQi®A = 2AZ. et rursus concludemus, 
esse ®P=2rZ5 quare etiam F® in Z in duas partes 
aequales diuisus est, et ea de causa ®BxBr+Zr^ 
= BZ^ [II, 6]. supposuimus autem, esse etiam 

1) Nam ^BxBr+rE«<Bz/". sit latus x. ergo habe- 
bimtiB BE« < x" < (BE + 1)", h. e. BE < x < BE + 1, ita 
ut X &actio sit, qaod fieri non potest. 

T^g z/E (iovddog Y. 5. iaT^v P. mv 6] 6 ds P. dmldciog 

BPb. 6. xal 6 BPb. FH Y. dmXaaiog BPb. 7. Ante 

T«5 ins. a«d m. 2 P. HB] B e corr. P. 8. %ov FE V. 

' Tov BE V. 10. Tovl om. BPb. 11. HB] H in ras. V. 

JB r] B K b. Tov rE V. 12. i%] vno V. tcov] tov P. 

.45] .4 in ras. V. tov TE V. 13. tov TE V. 6] 
17 P. taog To»] fiwj tJ P. 16. tov TE'] TE BPb, t^s 

TE P. Tov BE V. 6 VTTO Twv HB^ BT taog tm in tmv 
AB, BT mg. Fb. 6ri] om. b. 16. iXaaaov P m. 1, V (sed 
corr.); ildaaovi P m. 2, b, B in ras. tov BE Y. 17. tov 
BZ Y. taog] om. Fb, m. 2 BV. ^^ %BCa»m o V. xa/] 
om. V. 19. To] tov F. 20. t6v\ tijv P. ^x] vno b. ToiJ 
Zr V. ylyvBa^ui P, y8VfiO-&at Vb. 21. JBZ] ZB B et V 
(snpra Z ras. est). 22. tov FEY^BE b. BZ] in ras. V, 
rE b. ,(DOT£ — 23. Too] avva%^riaBtai aqa taog o Theon 
(BPVb). 24. fifiTa] in ras. 9. Post TE add. Theon: tw 
iw tmv 0B (EB b) JBF fteTa tov dno VZ (BPVb). 25. iatlv ^. 

Tflol] om. P. ildttovi V. 
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Govi roiJ «;ro BE. iSsCx&ri Ss, ott ovSh [aurro] 
aab BE. ovx «pa 6 sx rtav jiB, BP (lera rou asro 
rE rstQayeivog itfTtv \^SvvaTOv St ovTog xal xaza 
akEiovag XQOTtovg roiie slQtjfidvovs apiQjiovg ijtiSEtx^ 
5 vvBiv, apjtcfff&otfKf ii(itv ot elQijfidvoi., Tva /i^ fiaxQord- 
pag ouoij? r^s JTpttyftarEtag ^wl JcXiov ftvrijv fiijxvvatiiBv]. 
OTteQ SSbI' SBt^ai. 

x¥. 
Ev^Blv Svo pijraff SvvafLBL ^ovov 6v(i(ie- 

10 rpous, meiE T^v jtf^^ora r^g ^Aaffffovog fiet^ov 
Svvae&tti ra ano OviiiiBrQov tttJJT^ ft^XEi. 

'E«JC5iffd'(o ^Kp Tig pfJT^ ^ j4B xal diJo TErpaycavoi 
apid^fio^ of -T,^, ^E, mdTe rijv u3r£po;(^v avrrav tov 
FE fi^ ttvat Terpaj^wvoi', xal yEyQdip&a inl rijs AB 

16 rifiixvxXtov t6 ^Z£, xrI wfreoiTjffS-io mg 6 z/r" Jrpoff 
rov FE, ovTOjg lo ajro T^g BA TBTQiiyavov repog r^ 
KJto T^s v^Z TfTpayravov, Jtal ime^EvxQto ^ ZB. 

"Efffl [oui'] ^flrtv roj ro awo r^s 5^ xpbg rb dab 
rrig AZ, ouTOg o iJP jrpog rov rs, rb aiib xi}g BA 

20 apa Jtpoj t6 ajto rijg AZ loyov Ix^t, ov aQi&fibg 6 
^r %(fbg agi&fibv rbv FE' avfifierifov aga iarl rb 
aab rijs BA ra ajro r^g ■<^Z. pTjrov Si rb dnb r^g 
AB' QTjTov apK xal rb dab r^g AZ- pijr^ apct Jta! 
^ AZ. xal ixel' b ^F ngbg thv FE ^oyov ovx ^x^t, 

26 ov ret^dytovog Kptffjios Jtpog rErQayavov aQi&ftov, 

1. Toi BE T. cur»] om. P. 2. i^s EJS P; FE b. 
Dein add. Theon: ovSi (om. b) /ii^fovi avzov (BFVb), 3. 
Itrit PBV, comp. Pb. Svvazov'^ t in ras, plurium litt. B. 

4. Tponojjfi] bis b. 10 eipijftjfov Theon (BFVb). c^i&ftovej 
om. Theon (BFVb). lK.«£(x».j!tip] ^m- supra bc» P, in ms. 
B ; ivtSti-xvvvttt V. 5. aQ}it£a&e> Tjfiiv o ilfTjfiivoe Theon 

(BFVb). 7. oTtie ftfti fltfjn.] om. Theon (BFVb). 9. ti- 
qiancir B. 11. ip] oon. ex loii m. 2 B. 13. nJc] i^ V. 
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ABxBr+rS^^^BZK quaxeetiam@JJxJir+rZ* 
=» jiB X BF + FE^] quod absurdum est. itaque 
ABxBr-^- FE^ spatio minori; quam est quadratum, 
BE^, aequale non est. demonstrauimus autem^ ne ipsi 
quidem BE^ id aequale esse. ergo ABxBF-^FE^ 
quadratus non est^); quod erat demonstrandum. 

XXIX 

Duas rationales inuenire potentia tantum commen- 

surabiles eius modi, ut maior quadrata minorem excedat 

quadrato rectae sibi longitudine commensurabilis. 

ponantur enim recta rationaliB AB et duo numeri 

^ quadrati FA, AE eius modi, ut eorum 

differentia FE quadrata non sit 

\^ [lemma I]. et in ^JB semicirculus 

describatur AZB^ et fiat AFirE 




^ JE z/ ^BA^iAZ^ [prop. VI corolL], et 

ducatur ZB. 

quoniam est BA^:AZ^==A r.rE, BA^ ad AZ^ 
rationem habet^ quam numerus ^F ad numemm FE. 
itaque BA^^ AZ^ commensurabilia sunt [prop. VI]. 
uerum AB^ rationale est [def. 4]. itaque etiam AZ^ 
rationale est [id.]. quare etiam AZ rationalis est. et 
quoniam AFirE rationem non habet^ quam numerus 



1) dvvazov lin. 3 — firinvvmiiBv Hd. 6 Enclides non scripsit; 
uncis ea inclusit Augnst II p. 369. nescio, an idem recte de 
ambobuB lemmatis totis dubitationem iniecerit. sed satis an- 
tiquo tempore interpolata sunt 

16. cog] supra scr. m. 1 V. 6] ras. F. z/r] in raa. m. 
1 P. 17. tstquyavov] om. V. 18. ovv] om. P. 19. i^F] 
rjY. 21. htiv P. 23. «al^^]^^ P. 24. JF] FJ F. 

0vx] Bupra scr. m. 1 P. • 26. ov 6 Y. 
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ov6h xo aab t^g BA apa rcpog to areo r^g AZ koy&fl 
S%u, ov TBTQayavog «pi&ftos ^Qoq tetgdyavov apt#- 
(tdv affv^fifTpos Kp« ^ffTlv ^ ^B TJj AZ fi^xEf a^ 
B^, y4Z aQtt pijrat s^ui tfwvKfwt jtdvov <sv(i(i.sxqoi.. 
5 Jeai ^Jist [^«ttv] (og 6 z/J' npoff tov FE, ov-cois zh 
aiti) T^g BA nrpds to asio t^s AZ, avaerpEfavTi Squ 
ds f^ Jtpds tdi' ^E, ouTos to kko t^s -^B wpds 
rd KJtd T^s BZ. 6 de PA nQog tbv ^E loyov ixei, 
ov tsTQayiavog aQt9(i6s Jtpdg r*Tpa'j'0Ji'Oi' agi&iiov' 

10 xal t6 dnb T^g AB apa ;tpds to ojid r^g BZ Koyov 
IXEi, ov TBT^dyiavog aQi&fibg repdg zBTQayavov api^ftdv 
avfifUTQOg dpa istlv ij AB t^ BZ ft^jcfc. xai ioti 
tb dnb fijg AB teov tois dnb Tmv AZ, ZB' ii AB 
d^a T^g AZ fiei^ov dvvaTai t^ BZ svfiftdtQa iavt^. 

16 EvpijvTat a^tt 8vo (JfjTai SvvdfiBt ftovov avfi^Btgoi 
at BA, AZ, (DffTe t^v fititfiva t^v AB t^s iXdecovog 
t^S -AZ ^Bl%ov dvvao&at ta dxb t% BZ ffuftftfTpov 
iavtjj [ii^xBf ojifp bSbi SBt^at. 



20 EvqbZv 'Svo pijxaff SvvdfiBi fiovov evfifti* ■ 
tQOvg, SsTe Ttjv ftBl^ova Tijg iXdaaovog ftEfgoi' 
SvvaOQat ta dnb devftftiTgov iavry fiijxBt. 

'EKXsioQfa pijT7, ^ AB xal Svo TBTQayavoi dQi&ftol 
ol FE, EA, coOtB tbv Ovyxtificvov i^ avtmv tbv r^d 

26 fifl Btvat TEtQdymvov, xal yByQKtp&io inl trjg AB ijfii- 



1. AB F. SQa] Bapra scr. m. 1 P. AZ} Z e oorr. V. 
8. BA P. 4. AB, AZ BVbi AZ, AB F. tleiv B. 6. 
ioTiv} om. P. t6v] mnt. in ro m. 2 F. 10, xal x6 — 11. 
efpifrfMi»] mg. m. l F (partem abstalit reparfttio pergam.). IB. 
ev^ittos P. iaxiv P. 14. lavi^ fiiixtt V. 15. ijVQimta 
Fb. 17. fiieiova P. ZB Bb. offifttTfAi F. IS. <E(ifp 
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qnadraias ad numerum quadratum [lemma I]; ne BJ^ 
quidem ad jiZ^ rationem habet, quam numerus qua- 
dratus ad numerum quadratum. quare AB, AZ longi- 
tudine incommensurabiles sunt [prop. IX]. itaque 
BAj AZ rationales sunt potentia tantum commensu- 
rabiles. et quoniam AF: FE = BA^ : AZ^, conuer- 
tendo erit [V, 19 coroU.] rA:AE = AB^iBZ^ [cfr. 
ni; 31. I; 47]. sed rA:AE rationem habet^ quam 
numerus quadratus ad numerum quadratum. quare 
etiam AB^:BZ^ rationem habet, quam numerus qua- 
dratus ad numerum quadratum. itaque AB, BZ longi- 
tudine commensurabiles sunt [prop. IX]. et AB^^At^ 
+ ZB^ [m, 31. 1, 47]. itaque AB^ excedit AZ^ qua- 
drato rectae BZ sibi commensurabilis. 

Ergo inuentae sunt duae rationales potentia tan- 
tum commensurabiles BA, AZ eius modi; ut maior 
AB quadrata minorem AZ excedat quadrato rectae 
BZ sibi longitudine commensurabilis; quod erat de- 
monstrandum. 

XXX. 

Inuenire duas rationales potentia tantum commen- 

surabiles eius modi^ ut maior qua- 
drata minorem excedat quadrato 
rectae sibi longitudine incommen- 
surabilis. 
-p ^ M Ponatur rationalis AB et duo 

I 1 , numeri quadrati TE^ EA eius 

modi; ut numerus ex iis compositus TA quadratus non 

l!9a de^at] \<^ P, om. BFb. Seq. lemma, n. app. 23. apt^- 
|Mt^] om. FV. 24. x6v\ (alt.) ^v b. 
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xvitkiov zb AZB, xal %avtoi^a&io (ag o ^F apoj 
FE, ovrag lo «ko tijs BA X(fhs rb kjto t^s AZ, 
xcd intt^vx^ia i) ZB. 
'Ofiaiaq Sij StC^o^BV tS irp6 toijtou, oti ctC BA, AZ 

5 0]jT«t b16i, dvvdfut (lovov av^fieTQOi.. xal ixaC iGTiv 
cas 6 AP JTpo? Tov VE, ovrffis rb uko r^s ^A ^(los 
t6 «reo rijg AZ, dvttaTffdipavti aQcc mg o F^ nfibs 
Tov AE, ovTag to aab rijs AB icgbg to ano t% 5Z. 
6 di FA jtpos Tov AE Koyoij ovh b%ei, ov rexgikyfa- 

vos «ptS^/tOff npog TitQdyavov apt^jtov ord' apo; ro 
a%b T^s ^B Jipog ro a%b Ttjs BZ Xoyov i'x^t, Sv 
tiTQayiavog aQi9[i6s jrpos TfTpcytovoi' apt&fioV dovp,- 
(istpos apa darlv tj AB rij BZ (iijxEt. xal dvvarat 
■Ij AB rijg AZ fiet^ov Tp ditb t^s ZB davji^idTQOv 

AC AB, AZ aga ^ijiai Eiat dvvdfiEt ftovov ffv(A- 
fiSTpot, xttl ^ ^B rijs AZ (itt^ov Svvarat ra «no t^s 
Z5 Qffwftftsrpow iavTy (tijxEf ojtsp sdft dtf^wt. 

Ac'. ■ 

) EvQEtv dvo fiiaas Svvdfitt [lovov 0VfL(i,i- 
Tpowg grirbv ZEptsxovaas, mare tjjv iiEi^ova 
rijs ildatsovos [lEt^ov SvvaaQai ru «jro Cvft- 
fiiTQOv iavrij ftiJxEt. 

'ExxEiaQ-aaav Svo pijTat dvvd[iei fiovov oviifiergot 

3 aC A, B, Sare T^r A fiei^ova ov<Jav t^s iXdeaovos 
tijs B fiei^ov Svvaa&at ra dao avfinhffov eavTy (i^ 



1 




Poat Ktti del. IneSevzOcB m. 1 P. r.d P. to»] 

2. BJ] e corr. m. 2 V. BZ b. 3. BZ P. 4. Aj b, 

ifls !»• tiB TheoQ (BFVb). B^] e corr. m. 3T. 

6. riw] om. BF. 7. r.d] ^r b. 9. T^J 
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sit [lemma 11], eiin AB semicirculus JIZB describatur. 
et fiat ^riFE-^BA^.AZ^ [prop. VI coroiq, et du- 
catur ZB. 

iam similiter ac in praecedenti [p. 86^ 18 sq.] de- 
monstrabimus, BA et AZ rationales esse potentia 
tantum commensurabiles. et quoniam est jdriFE 
^BA^iAZ^^ conuertendo [V, 19 coroU.] erit FdiJE 
= BA?:BZ^ [111,31. 1,47]. uerum F^iJE rationem 
non habet, quam numerus quadratus ad numerum 
quadratum. quare ne AB^ quidem ad BZ^ rationem 
habet, quam numerus quadratus ad numerum qua- 
dratum. itaque AB^ BZ longitudine incommensurabiles 
sunt [prop. IX]. et AB^ = AZ^ + ZB^ [IH, 31. I, 47]. 

Ergo AB^ AZ rationales sunt potentia tantum 
commensurabiles, et AB quadrata excedit AZ qua- 
drato rectae ZB sibi longitudine incommensurabilis; 
quod erat demonstrandum. 

XXXI. 

Inuenire duas medias potentia tantum commensu- 
rabiles spatium rationale comprehendentes eius modi, 
ut maior quadrata minorem excedat quadrato rectae 
sibi longitudine commensurabilis. 

Ponantur duae rectae rationales potentia tantum 
commensurabiles A^ B eius modi, ut maior A qua- 
drata excedat minorem B quadrato rectae sibi longitu- 

in ras. V. cwx] postea ins. F. 13. tjI] corr. ex. 17 V. dv- 
vu^i b, -ptBi sapra scr. F. 14. fisi^oaif b. £Z Fb. dcvfi- 
fiir^^ BFb. 16. AZ] JBZ Theon (BFVb).^ siaiv P. 17. 
T^] T^ P. 18. JBZ F. aaviifiit(f<p F. onsQ idsi deilat] 
comp. P, omif b. 22. dno] -6 eras. V. davfifiitQov P. 

26. aavfiftiTQOv P, et P (a del.). fiijxet] om. FVb, m.2 B. 
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xttl ra vab tmv A, B fffov aSta tb dn6 r^g P. 
aov Sl tb imb tmv j4, S' (itOav aga xal ro KTcb r^g 
F' itteri npK xal ^ JT. rp de ajto tijs B iaov iOta 
zb vn6 tav F, ^' §r}tbv Si ro anb r^g B' Qijtbv 
6 «pa xal rb vitb tnv r, ^, xai insC iGxiv mg i\ A 
agbg trjv B, oirras ro vxb rav A, B srpos ro anb tijs 
B, aX^cc rp fihv vno tcov j4, B teov ietl tb anb t^g 
r, rro 8i anb tijg B tOov rd vnb rmv F, <tf, d>s ap« 
17 A repos riiv B, ovrcos ro dno rijs -T stpos ro vnb 

10 tmv r, jJ. cos bi rb (Jreo r^s r irpog ro ^jto t<5v 
r, z/, oilrrog 7] r ngbs rtjv z/' xal ojg «pa ^ ^ repos 
tijv B, oijrcos ^ F «pog t^i/ z/. ffi/jifLfrpos Si i] A 
tij B dvvdfist iiovov ctvfifistQos aga xal r] F t^ ^ 
Svvdftit /lovov. xaC iffri ^tiOj ^ F' fiiar/ «pa xal 

16 rj d. x«l fJist ^arn' dts r} A jrpos rijw B, tj V ngbs 
rijv ^, ij Se A t^g B fLel^ov Svvatai, rw dnb avfi- 
fiitffov iavr^, xai ^ F aga tijs A \i,tl%ov Svvatat. rp 
&%h evfifiizQov iavry, 

EvQijvrat aqa Svo fiiaat Svvdftst. fiovov avfifiBTQOi 

80 at r, z/ ^rjrbv ntgiixovaat, xai t} F r^s z/ [lEt^ov 
Svvdtat ta dnb avfifiirgov iavrij fi^^xat. 

'OfioCms Sii Sstx^riaErat xal rro dnb devfniirQOV, 
otuv ri A rtfs B fist^ov dvvrjrat ta dnb devfifiit^ov 
iamfj. 



1. T(51 corr. ex twv m. 1 P. 2. i^s] corr. ex tov m. 

8 P. 3, Sc] 3" F. 4. -i1 corr. ex A m. rec. h, A tp (non P). 

5. uga iarT P. Ante fnel ras. 3 litt. P. 7. vno^ i- in 
ras. V. 8. htl To b. 14. iaxiv PB. 15. ovtias ii P PV. 

16. t^e] tiji F. i^] oorr. es id F. uoufi/iEijon P, supra 
r&s. 1 litt. B, avniiiTeip ip. 17. auv^treTm Theon (BFvb). 

18. aavuiiiieov P, Bnpra a raa. I litt. B, avjiithgip P. 19. 
i]0(>?;vTD( Vb, F m. 2. ^puj aupra acr. m. 2 B. 21. ifovii- 
fiiteov P, aupra o ras. 1 litt. B. 22. Se FV. ra} id FV. 
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dine commensurabilis [prop. XXIX]. et sit JT^ = ^ X B, 
aerum AxB mediom est [prop. XXI]. itaque etiam 
r* medium est; quare F est media [id.]. 
sit autem rxA = S^. uerum B^ rationale 
est. itaque etiam Fx^ rationale est. et 
quoniam est A:B = j4xB:B^ [cfr. prop. 
B r d XXIlemma], etr« = ^XB, JB2 = rx^, 
erit A:B=^r^:rxA. est autem r^:rxA^r:A 
[prop. XXI lemma]. quare etiam A:B = r:A, uerum 
Aj B potentia tantum commensurabiles sunt. itaque 
etiam F, A potentia tantum commensurabiles sunt 
[prop. XI]. et r media est. itaque etiam A media 
est [prop. XXni]. et quoniam est A:B = r:A, et 
A^ excedit B^ quadrato rectae sibi commensurabilis, 
etiam I^ excedit A^ quadrato rectae sibi commensu- 
rabilis [prop. XIV]. 

Ergo inuentae sunt duae mediae potentia tantum 
commensurabiles F^ A spatium rationale comprehen- 
dentes, et T^ excedit jd^ quadrato rectae sibi commen- 
surabilis. 

Similiter demonstrabimus, T^ excedere A'^ quadrato 
rectae sibi incommensurabilis, si j^ excedat B^ qua- 
drato rectae sibi incommensurabilis [prop. XXX]. 

avfiiiitQov P, et F, corr. m. 1. 28. 7} -4] om. P. dv- 
vijaritai B, dvv^astat L, dvvritai ri A V, av[i(iitQOv P. 24. 
Seq. lemma, u. app. 
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Evpetv Svo iiicas Svvdiisi, [lovov av^fti- 
XQOvq (liaov 9rEptcj;otJ0RS, taatt f^v (lei^ova 
T^S i^aSCovog ftffgov Svvao&Ki tia ano ov(i- 
5 ftizfiov eavTTj. 

'Exxsia&aaav tg8ig Qrjtal Svvd^Bi ^6vov ffi^fi/iErpot 
«f ji, B, r, atiTe zi]v d t^s ^ ^eitfiv SvvaS&ai tw 
dxh avfiiiitQOV eavrij, xal rra fiev vjtb ziSv A, B i'<Jov 
iOta To areo zijg ^. [ie«ov aga to ,0Mo r^s ^' xal 

iO t] jd aga fiiar] iazCv. tc5 Se vao rraw B, F laov iOTia 
To tiwo tcov ^, E. xal iiteC ioTiv tog to V7t6 rmv A, 
B ZQog TO vao tmv B, F, ovtats ^ A Jtpog tijv V, 
diXtt T(5 ftlv vnh tmv j4, B l'6ov eOTl ro dxh tijg /S, 
Tcj S\ viih rav B, F itSov th vaa Ttov ^, E, lotiv 

15 «p« wg 1} A jrpos tijv r, orTBg ro dno t^g /S «pos 
TO vito tmv ^, E. dig Si to dao tijs ^ nghg rh vxo 
Ttov id, E, ovTtos 57 ^ JEpog t^v E' xaX dtq dpa i] A 
JTpos T^v V, ovtag tj A %qos tijv E. ev[ifi.etQog Si 
7/ ^ f^ r dvvdfiei [ftovov]. eviiitetpos ap« xal tj d 

20 tri E Svvdfiei, fiovov. itioti Ss ^ z/" (ifai; aQa xal 
ij E. xal i^tel ^ffriv mg ij A jrpog tijv F, ij ^ Jipog 
tijv E, ij Si j4 TTJg F fiet^ov SvvBTat ta dao Ovn[u- 
tQov iavttj, xal tj /i apa tijg E [let^ov ST/vijeetat rp 
Kjro avfifiETQov eavT^. keyca tfij, on xai [liaov iotl 

26 t6 vjtt} tav A, E. inel yaq (Oov iatl th ino teav 
, r ta vnh tdiv A, E, (tiaov Sl to wro riov B, I* 



L 



ijMtxovos PV. /itijom L, et B, aed corr. avmii- 

rpou] ri- add. la. rec. b. 6. ctirij L. 6. ^Tixal at A, B, r V, 

7. al A, B, r] om. V, oi A, B b. fieC£o»a L, et B, ned 

_jrr. 8. SDfifiEipov] d- add. m, rec. b. tiS] io L, 10. 

Ivti V, comp, Fb, 11, 10 i«o im* -J, E] m.'l b, anpn bct. 
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XXXII. 

Inuenire duas medias potentia tantum commensu- 

rabiles medium comprehendentes eius modi; ut maior 

quadrata minorem excedat quadrato rectae sibi com- 

mensurabilis. 

j^ , Ponantur tres rectae 

-^» " rationales potentia tantum 

J5, , commensurabiles A, B^ F 

JT'! 1 eius modi, ut A^ excedat 

r^ quadrato rectae sibi commensurabilis [prop. XXIX], 

et sit jd^^AxB. itaque jd^ medium est; quare etiam 

^ media est [prop. XXI]. sit autem -J X -B = B X r. 

et quoniam est AxB:Bxr=^A:r [prop. XXI 

lemma]^), et A^^AxB^ AxE = Bxr, erit AiF 

= A^:AxE. uerum A^:AxE==A:E [prop. XXI 

lemma]. quare etiam ^:r=^:£^. sed ^, T potentia 

tantum commensurabiles sunt. quare etiam Ay E po- 

tentia tantum commensurabiles sunt [prop. XI]. A 

autem media est. itaque etiam E media est [prop. 

XXIII]. et quoniam est A:r=A:E, et A^ excedit 

J"^ quadrato rectae sibi commensurabilis, etiam A^ 

excedit E^ quadrato rectae sibi commensurabilis [prop. 

XIY]. iam dico, AxE etiam medium esse. nam 

1) Nam A:B==- AxBiB^ (cfr. snpra p. 92,6), J5 : F = 
JB* : B X r. 

m. rec. toS dno tov £. 13. iat^v L. 14. tcov iat£ Y. to 
vno tmv //, £] m. 1 b, stipra scr. m. rec. xco dno tov E, 16. 
to vno tmv //, E] m. 1 b, eupra scr. to dno tov £. cos di] 
dXX' mg V. 19. fiovovli om. P. 22. tm"] corr. ex xd m. 2 P. 

av(ifi,8tQov2 d' add. m. rec. b, item lin. 24. 24. iativ L. 

26. iat}v L. xd] tm V, et b, sed corr. 26. too vnb tmv 
A^ £] m. 1 b, Bupra scr. m. rec. t& dno tov £. xd] roo P. 
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[a[ yuQ B, r §r]Tai eCfti. Svvttfiet [lovov av(iiiETffglj^ 
(ideov UQK y.ul ro vjio rav A, E. 

Evgrjvtai. &Qa Svo fiitsat Svvdfisi (lovov av^^ecQoi 
a£ z/, E fidaov neqLi-fjovaat, mete rijv nsilova t^g ikda- 
6 oovo? fiefgoi' Svvae&at xip ana avftftitgov iaw^. 

Ofioitag 6ij naXtv Stix&riaitttL XKt tm axo aOvfi- 
fiETQov, oTttv rj A T^g J' ^tX^ov Svvjixai ra an6 davfi- 
(litQov iavf^. 

Aijftjitt. 
10 fiffTto tQiyaivov oQ&oyatvLov zb ABT OQ&riv Sjpv 
T))v A, xttl i]x^i^ xd^ftos ^ Az)' Xiyat, oti t6 [liv 
V7t6 T(av FB^ raov iaTl tS dno tijg BA, to iJ^ wto 
tmv Br^ Caov ta dnb xiig FA, xal t6 vno twv BA, 
jdr ieov Ta dno tTjs A^, x«l ixi lo iwro Tmv BT, 
16 A^ laov [iaxXl rra ««6 Tav BA, AF. 

Kai JtptOTOv, OTt TO V3t6 tiov FBA fffov [iatl] Tp 
d7t6 T^s BA. 

'Entl yaQ iv oQ&oyavi^ tQiymva cato rJjs op9^s 
yaviaq inl Ti}v pdat.v xa&trog Tjxtai ^ A^, t« AB^, 
ao Aidr Sqo TQtyfova ofioid ioti Tta te ola Tp ABT 
xal ttXX^^lois- xttl inel ofioiov ieri to ABF TQiyta- 
vov 1(5 AB^ TQtyava, Sattv aQa rag 7} FB jrpog tijv 
BA, ovTiag 1] BA wpog Tiji' BA' t6 apa ureo tidv. 
FBjd H60V iazl TfD ano t^s AB, ^m 



1. Kiycee — evfty.sxQoi] om. LFYb, mg. m. 2 E. s^otvPi I 
2. Kti^] om. L B. 10 ciTD irrav .J, E] m. 1 b, snpra acr. m. reo, 
10 ttiro Toii E. 3. 7jiip)j»ioi liFVb. 4. 1(1» fiE» ¥. 6. ouftfii- 
leou] A- add, m. rec. b. 6. rm] id V. ov^aixQOV L, et BF, aed 
cort._ 7. tftSvctiQiPb. ini(iu.eieouL, etBF, Bedcorr. 8. Post 
lavrn add, Jxf^ fffi d^filn:! v. Seq. lemina, u. app, 9. l^fifia] 
om. L. 10. fi<o» P. 11. A] i«6 B^r Theon (LBFVb); yp. 
■tTiv vno Bjrmg.P. 12. rBil] Bupra add. B PV. Wv L. 
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quoniam Bx F— ^ X E, et BxF medium est 
[prop. XXI], etiam jdxE medium est. 

Ergo inuentae sunt duae mediae potentia tantum 
commensurabiles medium comprehendentes ^, E eius 
modi, ut maior quadrata minorem excedat quadrato 
rectae sibi commensurabilis. 

Similiter rursus demoustrabimuS; ^ excedere E^ 
quadrato rectae sibi incommensurabilis, si J^ excedat 
r^ quadrato rectae sibi incommensurabilis [prop. XXX]. 

Lemma. 

Sit ABF triangulus rectangulus rectum habens 
angulum A^ et ducatur perpendicularis A^. dico^ esse 

FBxBA^BA^ Brxrj=rA^y B^X^r^AA^, 

BrxAJ^BAxAF, 

et primum, esse rBxBA = BA^, 
j^ nam quoniam in triangulo rect- 

^.^^™-_^^ ,^ angulo ab angulo recto ad basim 

j i^ \A ^^^j j, perpendicularis ducta est AA, trian- 
""--.,^ / guli ABA, A^r et toti ABF et 

inter se similes sunt [VI, 8]. et 
quoniam ABFro ABjd , erit rB:BA = BA\BA 
[VI, 4]. quare [VI, 17] rBxBA=AB\ 



13. BTJ] supra add. F PF; BF, T/i e corr. V. taov] 
supra 8cr. m. 1 P. t^s] om. Bb. AF q>, BJF, snpra 
add. J m, rec, P. 14. B F] e corr. V. 16. iatl] om. 
LBPVb. tav] om. P. 16. tmv] om. P. FBJ] FVb, 
B m. 2; FB LB; FJB P; FB, BJ PV m. 2, Pm.rec. iatl] 
om. LBFVb. 19. ra] corr. ex r^t m. 2 B. ABJ] J in 
ras. m. 1 P. 20. JAT^ L. iat^v LPB. 22. ABd] B 
in ras. V. 23. BA] AB g?. BA] mnt. in AB V. 24. 
FBy BJ 9, m.rec. P, m. 2 V. 

Euclides, edd. Heiberg et Menge. III. 1 
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^ia ta alxK d^ xal to imb ttav BTjJ teov isTl 
rp anb t^s jiV. 

Kal imsi, dav iv o^oymvCfp xifiytav^ a«6 rijs 6q- 
fl^S y<^v£as inl tiiv ^deiv xa&stos «x^j V ^X^^tOcc 
6 twv z^g pdaiag t(iij(idteov fisci) dvdkoyov ioriv, i'STiv 
S^tt ms ^ -B^ JTpoj t7}v ^A, otJrms ij A^ Jip^s tvjv 
^F' To aQo, vxo tav B^, ^F iaov iatl tp dno 
tije 'dA. 

Aiyco, oit xttl t6 vtio tiBv BF, Azt taov iatl ta 
10 ujii tmv BA, AV. inel yuQ, eas ig/tt[i£v, ofioiov isti 
To ABF ra ABA, sStiv aga tog ^ BF Jipos tijv 
FA, ovtmg i) BA wpog t^v AA \_iav S% tieaaQis 
EV&Etai dvdXoyov mSiv, tb vno tmv SxQcav Caov ietl 
ta vno xav fi^orov]. to SpK v%h xav BF, A^ teov 
16 ietl ta vao tav BA, AF' oirig idei Set^ai. 

¥■ I 

EvQStv Svo sv&siag dvvd{tic devfifiirQovg ' 
notovettg tb (iiv evyxB ifttvov ix tav dn avtav 
tEtQttyavmv ^Tjtov, tb S" vti avtiav itieov. 

20 ' Exxsie&caattv Svo Qrjtttl Svvdfiti fiovov evjiftetQoi. 
at AB, BF, coexs trjv (lEitfiva xriv AB x^g ikaeeovog 
T^S BT jist^ov dvvae&at ta aito aev[i[iitQOV iavtij, 
xal ittfc^e&at ij BF Si%a xatd ro J, xal ta d<p' 
onoxiQag xmv BA, AF Caov ucaQa ti]v AB jtaQaps- 

2b ^l-^e&N aaQalktjloyQttiinov ikXeZnov slSsi tsTQayiovai, 
xttl ^ffTci To vnb ttav AEB, xal ysyQdip9cii inl t^g 

1. ar, FA m. MC. P, m. 2 V. i<sz(]om. Fb. 8. 

T^tyiDVia] aupTB. Bcr, CDiDp. m. S B. 6, AJ] ^A B, 10> 

i<!ti\ postea inB. F. 11. AZT tQiyiavoy F. AE^] AT^ 

BFb, et anpra scr. B m. 1 V. 12, TA] A m raa. V. Aa\ 
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eadem de causa etiam BrxFjd «^^ AI^. 

et quoniam^ si in triangulo rectangulo ab angulo 
recto ad basim perpendicularis ducitur, recta ducta 
media est proportionalis partium basis [YI; 8 coroU.]^ 
erit B^\JA = AA\jdr. quare [VI, 17] B^X^F 
= JAK 

dico, esse etiam BFx A^d «^ BAx AF. nam 
quoniam, ut diximus, trianguli ABFj ABjd similes 
sunt, erit [VI, 4] BriTA^ BAiA^. itaque^) 
BrxAJ = BAXAr [VI, 16]; quod erat demon- 
strandum. 

xxxni. 

Inuenire duas rectas potentia incommensurabiles, 
quae summam quadratorum suorum rationalem efficiant, 
rectangulum autem medium. 

Ponantur duae rationales potentia tantum commen- 
surabiles AB^ BF eius modi, ut maior AB quadrata 
minoremAFexcedat quadrato rectae sibi incommensu- 
rabilis [prop. XXX] , et AF in ^ in duas partes ae- 
quales secetur, et quadrato BA^ uel -^f* aequale 
parallelogrammum rectae AB adplicetur figura qua- 
drata deficiens [VI, 28] et sit AExEB, et in AB 



1) Uerba qnae praecedunt damnani, qnia non magis est, 
car haec propositio omnibns nerbis citetnr, qnam YI, 17 , qna 
bis in hoc lemmate tacite nsus est. 



JA w, 13. mai Y, toI corr. ex tm V. 16. t«5] corr. 
ez TO m. 1 F, to q>. tmv] om. Bb. Seq. demonstr. alt., n. 
app. onsQ iSsi dsi^cci] comp. Fb, om. BFY. Seq. lemmata, 
n. app. 19. 9i F. 21. iXccttovog b, comp. F. 22. fiBl^ovcc 
P, corr. m. rec. 28. taS] corr. ex to m. 1 V. 25. naQaX' 
XfiXoyifciiutP P. 26. AE, EB V, P m. rec. 

1* 
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AB t}n,ixvxXiov t6 AZB, xal ^j;0o r^ AB xpog op< 
rj EZ, xal imtivx^to0av at AZ, ZB. 

Kal intl [6vo] ti&iiai aviooi siSiv aC AB, BT, 
xal 7) AB r^s BF fist^ov Svvuzai, rp kko aavfiiiEtQov 
6 iam^, T(5 Ss Ttraprp tou «jio t^s SF, tovzsSti za 
ano Tijg TjfuSEiag avf^g, foov w«pa iiji' ^B xaQa^i- 
^lTjTat ]iaQaikril6ytfa[i[iov illElicov efSEi TEXQaymva 
xaX noiEt xo vao tmv AEB, aSvftftetpos apa isziv ij 
AE T]7 EB. xai isxiv ag ij AE Tiphg EB, ovrtag 

10 To iiJto trav BA, AE wpog lo WJto Trav AB, BE, lUov 
Si t6 filv vTCo Tcov BA, AE tra aao zijs AZ, t6 Si 
vw tmv AB, BE ta ajid t^s -8Z' «ffVjiififTpov Kpo: 
ifftl To aJTo T^g ^Z tco aito i^g ZB" af AZ, ZB uQa 
dvvdfiEL Eislv aSvfifiETQOi. xal eiieI r] AB ^>jt?J isziv, 

IS pijtfii/ «pa iStX xaX t6 (Jto r^g AB' aSrs xal to 
SvyxELfi.EV0V ix tav «3i6 tav AZ, ZB Qijtdv isriv. 
xal i^JitX TCakiv ro vno tav AE, EB fUov iStX za 
«3r6 T^s EZ, vitoxEitat Se t6 ^ko tmv AE, EB xal 
Tra KJTO T^g B-^ ('301', f0>j aga iatXv ^ Z£ r^ B^- 

30 dfjrA^ «pa ^ Br r^g ZE' roatE x«l to vao tmv AB, 
BT SvfifiETQOv ieti Tp vnb tmv AB, EZ. fiisov Si 
t6 vjib ttov AB, BT' fiisov aoa xaX tb wiro Teii' AB, 
EZ. Isov Se t6 -iJjro tmv AB, EZ ta vtio tmv AZ, 
ZB' fisSov aQK xaX t6 vno raii' AZ, ZB. id£ij;&i} 

25 6e xaX pijToi' t6 SvyxdfiEvov ix tmv ait nvTinv xb- 
tQaymvmv. 

1. ^S] AEB b. ABZY. 3. Svo] om. P, post iofl-iftti 
iuB. m. 2. Bf] m, rec. P. 4. oufififtfoti FV, corr. m. 2. 
5. To itm V) Si litaQto* BFVb, corr. m. 2 BV (rfTupip m. 
reo, b). iBs] i^e llaouotDs *w Theon (BFVb). xovtia- 
Tiv P. ira] 10 I' b, oorr. ex lo m. 2 B. G. rttor] om. Fb, 
m. 8 B. 't. na^aUiilofpafifiot] om. Fb, m. 2 B. 8. AE, 
EB V, m. rec. P. 9. ngog xijv EB V. 10. z£v] (alt.) om. P. 
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describatur semicircalus 
jiZB, et ducatur ad j4B 



. j , perpendicularis EZ, et du- 
^^^ cantur AZ, ZB. ' 

et guoniam jiB, BF inaequales sunt rectae^ et 
jiB^ excedit BI^ quadrato rectae sibi incommensu- 
rabilis^ et quartae parti quadrati BJT*, hoc est (^Br)*, 
aequale parallelogrammum rectae AB adplicatum est 
figura quadrata deficiens et efficit JExEB, AE et 
EB incommensurabiles erunt [prop. XVIII]. est autem 
jiE : EB = BA X AE:AB X BE [u. p. 95 not.]; et 
BA XAE= AZ^, ABX BE = BZ^ [u. lemma]. 
itaque AZ^ ZB^ incommensurabilia sunt [prop. XI]. 
quare AZ, ZB potentia incommensurabiles sunt et 
quoniam AB rationalis est^ etiam AB^ rationale est. 
itaque summa quadratorum ^Z^ -f- ZB^ rationale est 
[1, 47]. et quoniam rursus AEx EB = EZ^ [u. lemma], 
et supposuimus^ esse etiam AEx EB = Bzfi, erit 
ZE=BA. iisi.qae Br=2 ZE. quare etiam ^jBXjBF 
et ^BXjEJZ commensurabilia sunt [prop. VI]. nerum 
ABx BF medium est [prop. XXI]. itaque etiam 
ABx EZ medium est [prop. XXIII coroU.]. uerum 
AB X EZ = AZ X ZB [u. lemma]. itaque etiam 
^ZxZjB medium est. demonstrauimus autem^ etiam 
summam quadratorum earum rationalem esse. 



12. ZB P. 13. i<n£v P. ZB] (prius) BZ FVb. 14. 
iatt BV, coinp. Fb. 16. (ritov &Qa fat^} mg. m. 1 F. 16. 
iati, BV, comp. Pb. 19. BJ] (alt.) in ras. m. 1 P. 20. tijg'] 
corr. ex T^ m. 1 V. 21. avfifistQovl dinXaaiov Theon (BFVb); 
mg. m. 1: ^ta to triv BT SmXaalova slvai tijg BJ, tijv H 
BjJ tarjv slvui t^ EZ pro scbolio P. rw] tov Theon (BFV). 

22. -4Br BFb, et V, corr. m. 2. 23. Si] om. b. 
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rpc^^ 



EvQ^^vttti ttpa dvo EvQ^BLccL dvvdfiet OL0V(t{teTi 
aC j4Z, ZB noiovSai xo (isv tSvyxeifisvov ix rav an 
avtiov TSZQayoivav ^ijrov, to Si vn awtcov (leGov 
oxep mi detlai. 
6 Id'. 

Eigetv dvo sv&eiag dvvafiei afSvfiyiiTQovs 
TtoiovOas To ftJv avyxtiyi.evov ix rmv an av- 
Trai/ rer^ayavav ^eOov, rb S' vtC avx&v pijTov. 

'Exneia&aaav dvo (lEaai dvvdfiet (lovov av[i(iSTpot 
10 ai AB, Sr pijTOV neQiixovaai to iot' avTmv, Sexs 
Tijv AS T^g Sr (lel^ov Svvtt6%-ai ip ano dGvyi^i- 
ZQOv savzfi, xaX yeygdtp&a inl z^g AB zb A^B 
^iuxvx^iov, xal xsxfi^d&oi t) BF Sixa xazd to E, xal 
nttQtt^e^lria&co retrpK t^v AS xa dno tijs BE taov 
15 naQaiXTiXoypafifiov i^^etnov sldst zBT^aytavp ro wto 
rmv AZS- devfifiezQos dqa {iatlv'] i) AZ xtj ZB 
fiijx£(. Kal ^x&co dxb rov Z tfi AB nqbs OQ&as ^ 
Z^, xal ine^evx&toaav at AA, z/B. 

'E^sl davfifietQos iativ ^ AZ trj ZB, dev^(iezqov 
20 «pa iarl xal zh vnb xmv BA, AZ x^ vjtb rmv AB, 
BZ. laov Sl xb (ihv vai tmv SA, AZ xm dnb xijs 
A^, tb di vnb tmv AB, BZ xm dnb xijs ^B' davfi- 
fiSZQOv apa iazl xal xb anb T^g A^ Tp dnb Trjs ^B. 
xal iasl ftiaov iSTl zb dnb tijs AB, fiiaov dpa xal 
g5 t6 avyxeCftsvov ix xmv anb zmv A^, /IB. xaX htsl 

1, ijreij^iai FV. 3. ^rttmv b, corr. m. t. S' BVb. 

are' F. 4. Stii^ai] tvtelv b, mg. m. 1: yp. Seitai; in P 
mg. m. 2: yp. tupiiV. 7. to] corr. ex t6v P. 8. Si F. 11. 
aviiiiiigov F, corr. m. 1. 15. illtixov ttSft zeTQaYcirta] om, 
Fb, m. 2 B. id] jioioOv lo V. 16. t6v AZS\ non liquet F. 

AZ, ZB V. ciifiptieos f, et B, corr, m. 2. iezCv] om. P, 
foiui tp. ZB] BZ P. 18. ZJ] ^Z e oorr. m. S V. ^B] 
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Ergo inTientae sunt duae rectae potentia incom- 
mensarabiles AZ^ ZB, goae snmmam qnadratorum 
suorum rationalem effiicianty rectangulum autem me- 
dium; quod erat demonstrandum. 

XXXIV. 

Inuenire duas rectas potentia incommensurabiles, 
quae summam quadratorum suorum mediam efficiant^ 
rectangulum autem rationale. 

Ponantur duae mediae potentia tantum commen- 
surabiles spatium rationale comprehendentes AB, BF 

eius modiy ut AB^ exce- 
dat BI^ quadrato rectae 
, ^ sibi incommensurabilis 

^~B i '^ [prop. XXXI], et in AB 
describatur A^B semicirculus, et BF in E in duas 
partes aequales secetur, et rectae AB quadrato BE^ Q.e- 
quale parallelogrammum adplicetur AZxZB figura 
quadrata deficiens [YI, 28]. itaque AZ^ ZB longitu- 
dine incommensurabiles sunt [prop. XYIII]. et a Z ad 
rectam AB perpendicularis ducatur Z^, et ducantur 
AJ, JB. 

quoniam AZj ZB incommensurabiles sunt, etiam 
BAX AZ et AB XBZ incommensurabilia sunt [prop. 
XI]. uerum BAxAZ = A^\ ABxBZ = ^B^ 
[prop. XXXII lemma]. ergo AA^, JB^ incommensu- 
rabilia sunt. 

et quoniam AB^ medium est, etiam A^^-^- ^B^ 
medium est [III, 31. I, 47]. 

oorr. ex JF Y. 19. x«l imi V, intl ovv m. rec. P. 28. 
iat^ P. tijg] (alt.) om. P. TJB b, corr. m. 1. 26. JB] 
in ras. Y. 
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dinAij ifStiv ii Br ■tijs ^Z, SixXaaiov kqu xtel ^ 
vnb xmv AB, BF rov vjtb rcov AB, Zi^. pijTov dl 
ro vno zav AB, BV' pijrov Kpa x«l rb vab rav AB, 
Z^. xb &% VTcb r(ov AB, Z^ tSov ta vxb tiov AA, 
8 ^B' iiszs iial rb viib rtov AA, AB pijrov dstiv. 

EvQjjvrai kqk Svo sv&ttai dvvaiici «avfiiitTQOi aC 
AA, ^B noiovCai. rb [jiiv] Svyxaiftsvov ix ttov 
avrav rsTQayBtvtov (liSov , lo 6 vit i 
ojTEp SSbi Ssli,at,. 



V Sa^m 



^f ■ 

Evgstv dvo sv&tiag Svvdfiti aOviiiiix 
aoiovSas x6 re avyxsiiisvov ix rSt 
tereaymvav fiisov xal t6 vjc avrmv [lisov xal 
Iri a6vfi.(iETQ0v ra avyxetfiiva ix rmv ax' av- 

5 rmv tSTQaymva. 

'ExxsCsQtaeav 8vo iisSat Svvd(isi fiovov ev(ifi.erQoi 
at AB, BP [iiaov itSQii-(pvaai, ra^rf r^v AB z^q Br 
fiei^ov Svvaa&at ta aab davfifiitQov iavrij, xal ys- 
yQa^&a in\ tijq AB ^fuxvxitov rb AAB, xal z« 

loiTta yeyovirm tots iituvai ofioicas- 

Kttl iael davfifistQos iaziv ^ AZ ry ZB fiijxsi, 
davfifiszgos iatt xal ^ A^ t^ AB Svvdfisi. xaX insl 
fiieov iarl rb dab rijs AB, fiiaov aQa xa\ tb avyxsi- 
(levov ix tav dzb rav A^, ,JB. xaX ixel rb vjtb 

\. SiJil^] SiTiXaelmv Tbeon (BPVb). 2. ro^j e cort. P. 

Post ZJ sdd. mort xul oiifiusijoi' V, B m. 2. 3. Poat BF 
add. Tteon: vjroxiirai ydg (ourras add. V) (BPVb). 4. Zjl 
corr. in BZ m. 2 F, corr. es BZ m. rec. b. lol i(5 BP, zp 
Si T^ b. Ta] x6 BFb. lav] om. Pb. 6. iivgiiVTai Vb. 

aviiufTgoi F, COtT. m. 1. T. (liv] om. P. 8. retQdYiorov 
F et V, sed oort. Sl F, 9. onffl fS« aft^ot] comp. P, 



k ^ 
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et quoniam Br—2^Z, erit etiam ABxBr= 
2 AB xZjd. uernm AB XBF rationale est. itaque 
etiam AB XZA rationale est [prop. YI; def. 4]. uerum 
AB XZA = AAXAB [prop. XXXII lemma] . quare 
etiam AAxAB rationale est. 

Ergo inuentae sunt duae rectae potentia incommen- 
Burabiles AA, AB, quae summam quadratorum suorum 
mediam efficiant; rectangulum autem rationale; quod 
erat demonstrandum. 

XXXV. 

Inuenire duas rectas potentia incommensurabiles, 
quae et summam quadratorum suorum mediam ef&- 
ciant et rectangulum medium et simul summae quadra- 
torum incommensurabile. 

Ponantur duae mediae potentia tantum commen- 
surabiles AB, wBFmedium comprehendentes eius modi^ 
ut AB^ excedat Biy quadrato rectae sibi incommen- 
surabilis [prop. XXXU], et in. AB semicirculus descri- 
batur AABy et reliqua fiant^ sicut supra. 

et quoniam AZ, 
^ ZB longitudine in- 

commensurabiles sunt^ 

— I r etiam AA, AB po- 

tentia incommensura- 
biles sunt [prop. XI]. et quoniam AB^ medium est, etiam 
AA^ + AB^ medium est [prop. XXIII coroU.]. et 

sed corr. 17. B r] (alt.) r b. 18. avfinitQOv b et F, corr. m. 1. 

19. ^^Bl corr. ex -4rB m. 1 b, ABJ qp. 20. ysyovsto)] 
Biipra 8cr. F. indcvm BiQ7i(iivoig Y. oaoltog] om. Fb, m. 2 
BV. 21. iTtai] om. B, corr. m. 2. acwv] supra m. 1 P. 

Z£] £Z B. 22. iati] aQu iati ¥, iativ B. 
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rrov AZ, ZB ftfov f^ffri rra (Jg)' ixardQag rav BE, ^; 
fffjj apa ^ffrjji ^ BE T_^ ^Z' dinlij apa ^ SF t^s 
Z^" roffTE 3(ai To vJto rav AB, BF Sijtldeiov itni 
zov vno rmv AB, Z^. ftsffow da to vtco rtav AB, 
B BV' jisaov apa xal ro vao ziov AB, ZA. xai icriv 
teov Tp V7C0 rav A^, ^B- (lieov uqk xal ro vno 
rav AA, A B. xal i%el aeviifiitQos ieztv ij AB t^ 
Br fijjxft, avitiiiTQoq dh 17 FB ry BE, aevfifiETpog 
aga xul r; AB ry BE jtijxft" a9zB xal ro ajco r^s 

10 AB ra vno Tiiiv AB, BE affiJ/ififiTpdii iativ. akXa 
T» fikv ano T^g AB lOa ierl tk bko Trar A^, dB, 
ra di vxo rwi' AB, BE ioov ^ffTl to intb rav AB, 
ZiJ, TOUT^ffrt tA wko Ttoi/ A^, /dB' aav[t[i{rpov apa 
iarl To Ovyxtifi£vov ix rav ano rmv A^, dB rro 

15 vnh rmv A^, jdB. 

EvgrjvraL aQa Svo sv&eiat at A/1, ^B dvvcefiBi 
aevfifiirpoi Ttoiovaai ro ra avyxsiftevov ix rav dn' 
avTtov (iieov xal ro vn' avrinv (liaov xal Irt dev(t' 
(lerpov ra avyxstfiivc) ix rav dz' avrav TBZQaymvfov' 

20 ojTEp iSti Sst^ai. 

'Eav dvo p»jrol Svvd(iBi. (lovov ffuftfifrpot 

CvvrE&maiv, 71 okf} akoyog ieriv, xalEia&ia Sh 

ix Svo ovofidrmv. 

36 £vyxiia9<aattv y&Q Svo ^jjral Swa(iBt [lovov avfi- 

(isrpoi at AB, BF' liyco, ori oZi; ^ AF aXoyog ieriv. 

1, AZ} JZ b. iih] rS ffjrd P, corr. m. reo. 3. JZ 

BFb. 4. tov] To F, corr. ei id m. tec. P, mut. in rm m. 1 b. 

to v-ao — b. opa xa/J mg. m. 2 B. 8. BT] rS t. rs] 

mut. in er T, 9. ^B] BA e corr. m. 8 V. 

2 P. 10. i^] corr. ex to ^ '•'• ^ - 

l)ix{v b, afia sapra add. F. 
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quoniam AZxZB':^ BB? ~ ^Z*, erit BE^ ^Z. 
itaque BT— 2 Zz/. quare etiam ABxBr=2AB 
XZJ. uerum ABxBF medium est. itaque etiam 
AB XZA medium est. et AB X ZA = AA x AB 
[prop. XXXTT lemma]. itaque etiam AAxAB me- 
dium est. et quoniam AB^ jBFlongitudine incommen- 
surabiles sunt, et FB^ BE commensurabiles, etiam 
ABy BE longitudine incommensurabiles sunt [prop. 
Xni]. quare etiam AB^ et ABxBE incommensura- 
bilia sunt [prop. XXI lemma; prop. XI]. uerum AA^ 
^JB^^AB^ [1,47] et ABxZA^ABxBE 
= AAXAB. itaque AA^ + AB^ et AAxAB in- 
commensurabilia sunt. 

Ergo inuentae sunt duae rectae AA, AB potentia 
incommensurabiles, quae et summam quadratorum 
suorum mediam efficiant et rectangulum medium et 
simul summae quadratorum incommensurabile; quod 
erat demonstrandum. 

XXXVI. 

Si duae rectae rationales potentia tantum commen- 
surabiles componuntur, tota irrationalis est^ uocetur 
autem ex duobus nominibus. 

, , , Gomponantur enim duae 

^ ^ ^ rectae rationales potentia tan- 

r«D«'] (prius) mnt. in tijg m. 1 b. 16. at AJ, JB"] om. V. 

18. ccvTcav tBtQocymvcav V. fiiaov xa/] m^. Y. nal toI 
seq. ras. 1 litt. V, to 9i Fb, ro S' B. 20. onsQ iSst ^erjat] 
comp. P, om. BPVb. Seq. ocqx'^ tdov naTa avv^sciv i^dSmv 
BFb, mg. V; et in mg. ivtev&sv uQXStai naQadiSovai xaTa 
avvi^BM %l (IS^ff V) dXoyovg BPVb. 21. Xg'] mut. in Xi' F. 

28. icti BV, eomp. Fb. ^aKsttai P. 26. oXri\ om. FVb, 
m. 2 B. ^JB b, corr. m. 1. 
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'Entl yicQ aevfiiisTQOs ioriv fj AB r^ BV jti 
Svvttitii. yap fiovov el6l Oviifiergor mg di ^ AB jrpog 
tijv BF, oviag to vno t<5v j^BF 3tp6s t6 «jio t^s 
BF, ttOv[iii{Teov apa ittTl lo vwo rtov AB, BT ra 
5 «jro T^s BF. Kkia ta ^iv vno rav AB, BF evfi- 
(iiTgov iffrt Tc ils »"io T(0V AB, BF, rro di asro r^g 
Br" ovfifiETpK ^ffTi r« ajto rmv AB, BF' at yag AB, 
BF ^ijruC eioi dvvatttt ftovoi' evfifisTpof ae^vftiiETQOv 
aga iazl to rflg ijjto rav ^B, BT rofg aito rmv AB, BV. 

10 xal ew&svti lo dlff vrco riav AB, BF fi£Ta rrav aao 
itai' -^B, Sr", TOUTEffrt t6 ano r^g v^f, AevfifitTQOv 
ifSrt ra evyxtL^ivei ix rtSv aith xmv AB, BP, pi^TOi' 
di rb Ovyxsifisvov ix lav kjto rmv AB, BP' akoyov 
apK [ierX\ t6 «w6 r^s ^F' (oOte xal ^ AF aXoyo? 

15 ionv, na^eia&a de ix Svo dvofiarav otibq iStt 

>■(■ 

'£av dvo fiBOai SvvaiieL fiovov evfifiBZQOi 
evvrt&iaai Qtjrov jtsQiixovaai, tj 0A13 aXoyos 
20 iertv, xai.eia&ia Sh ix Svo (tiaav asfart]. 

2h!yxtia&aaav yag 8vo (tieai dvvajiei (lovov Bwfi- 
fifrpoi aC AB, BF ^tjrov nEQtixov6af kiya, ori oXij 
i] AF aloyoq iSTtv. 

1. avniteTfOS P, corr. m. 1. 3, ktio] a in raa. in eitr. 
lin. P. tmv) TTig F. ^BT] AB F ; AB, BF e corr. V, m. 
rec. P. axo tijq Brl aeq. u eras. b, vno liav AB, BF F. 

i. v-ao irav] Biro t^s F. B ri om. P. 5. uwo t^s] w«d 
rm»' AB F, 7. Br] (prins) AB F._ eed corr.? __ at — 8. ouf»- 
fiEieoil oni, Tbeoii (BFVb). 8. aavfiiistQov aga iozl id] lO 
ttea V, elireE xal to BFb. 9. Torg] davaftgxgav iari tois P. 

Br davfiiitTQov loTt BVb. 10. ouviE^ci-tt Pet V, eed corr.; 
avvTt»evF, corr. m. 1 et 2. TravJ (alt.tcorr.eiToiJiD. 2 F. "11. 
AB] corr. es ^T V. Toriiimv P. 12, {artv P. 13. oloyoc 
F, corr. m. 3. 14. iot/] om. BFVb. 16. iext PBV, comp. 



ELEMENTORUM LEBER X. 109 

tum commensurabiles j^B, BF. dicQ; totam ^F ir- 
rationalem esse. 

nam quoniam AB^ BF longitudine incommensura- 
biles sunt (nam potentia tantum sunt commensura- 
biles), et AB : BF = ^B X BF : BF^ [prop. XXI 
lemma]y etiam ABxBF et BF^ incommensurabilia 
sunt [prop. XI]. uerum AB X BF et 2 AB X BF 
commensurabilia sunt [prop. VI], Qi AB^ -{- BI^^ BI^ 
commensurabilia sunt (nam AB, BF rationales sunt 
potentia tantum commensurabiles) [prop. XV]. itaque 
2 ABxBF et AB^ -{- Bjy incommensurabilia sunt 
[prop. XIII]. et componendo 

^ABxBr+AB^^ + Bjy, hoc est AI^ [11,4], 
et AB^ "{' BI^ incommensurabilia sunt [prop. XVI]. 
uerum AB^-^- BI^ rationale est. itaque AI^ irratio- 
nale est [def. 4]. quare etiam AF irrationalis est 
[def. 4], uocetur autem ex duobus nominibus; quod 
erat demonstrandum. 

XXXVII. 

Si duae rectae mediae potentia tantum commen- 
surabiles componuntur spatium rationale comprehen- 
dentes, tota irrationalis est, uocetur autem *ex duabus 
mediis prima. 

Componantnr enim duae mediae potentia tantum 
commensurabiles AB, BF spatium rationale compre- 
hendentes [prop. XXVII]. dico, totam AF irrationa- 
lem esse. 

Fb. Ante onsQ Bchol. est, u. app. otcsq iSsi dsi^ai] comp. 
P, om. BFVb. 17. Xrf F. 19. 6vvts»maiv BF. 20. iati 
PBV, comp. Fb. 21. avynaXslcd^maocv b. 22. nal Xcycn F. 
oXfi] post ras. 1 litt. P, om. Fb. 
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"EjteI yuQ aavfifittQos ieTtv ^ AB ry BF ^ijimI^ 
xal xit ttJTo Ttov AB, BP aQK aavfiiieTgd iari ra dlg 
v%6 Tmv AB, Br- xal avv&^vrt r« cmo rSv AB, BI 
ftiza Tov Slg vao T<av AB, BF, onsp iarl to djto 
6 TTJg AP, davfiiieTQov isTi tw vno ttBv AB, BF. ^ijroi' 
dh t6 vno rmv AB, BF- vmxuvTai ycp aC AB, BI 
^ijrov TtEQiixovaai- aXoyov uqu t6 dno t^ff AF' aKoyog 
KQa fj AF, xaKaia&ta Si ix Svo iidatov «pciJtij" oxeQ 
eSei dtt£,ai. 
10 Xrj'. 

'Ettv dvo (lieai SvvdyiEi ^ovov aviifisTQai 
evvtE9-toai jiieov refpi^jjoueat, ij oAjj uAoyos 
iezLv, xaXsia&d 61 ix Svo (idamv SBvzeQa. 

XvyxEia9<aaav yaQ Svo neeat Svvdjiei fiovov avfi- 
16 {lETQOt tti AS, BF fiiaov JtEQiiiovaaf kiycj, oti aioyog 

iOTlV 7) AP. 

'Exxtia&o) yaQ pTjriJ ij AE, xal tS dnb t^ff AT 
taov sttiQd rijv AE napafis^kijad-m ro ^Z nAaTo; 
aoiovv T^v AH. xal inEl to «jio i^g AF taov iatl 
ao TOig TE ujco TQJv AB, Br xal rm d\g vito rmv AB, 
BF, %aQa§E^Xi^a&ct} dii rots dmo rmv AB, BF naffci 
Tijv ^E teov To E®- loiaov aqa t6 ©Z laov iaxi 
rm S\g vno Tt5v AB, BF. xal iittl (liarj isTlv exa- 
zdffa ztDV AB, BF, fiiea aQU iezl xtil rd dnu tmv 



1. Tj] m. rec. P. jr \,. 2. hxt iiu] corr. ex fano 
m. 2 B. tffl] corr, es id i\ 3. «mn om. Theoii (BFVb). 

avvxfHyri P, aga t« TheoD (BFVb). ra] to V. 4. 
iaiiv P, lo aito] in rits. m. 1 F, 6. aviiiifTga F, sed. corr. 

^«1* P. B r] poBtea ins. F, ^ijTOf — 6, B rl (priua) om, F b, 
m, 2 B, e. yoe] m. 2 B, df Fb, B m. 1. ai] af aTco T<i*> b. 

7. Sloyog — 8. AF] mg, m. 1 P, 8, irpmii;] Beq. BChol,, 

u, app. ojite iiit fff£|a,] comp, P, om. BFVb. 10. Afr' F. 
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nam quoniam ABy BF longitudine incommensura- 
biles sunt, etiam AB^-^-BI^ et 2 -4B x BF incommen- 

R r s^^^^li^ s^^* [^fr- P- 108; 1 sqj. et com- 

I 1 1 ponendo AB^ + BI^ + 2 ABx BF, 

lioc est Ar^\ll, 4], et AB X BF incommensurabilia 
sunt [prop. XVI]. uerum ^BxBFrationale est; sup- 
posuimus enim, AB et £F spatium rationale compre- 
hendere. itaque AI^ irrationale est. ergo ^Firratio- 
nalis est [def. 4], uocetur autem ex duabus mediis 
prima; quod erat demonstrandum. 

xxxvni. 

Si duae mediae potentia tantum commensurabiles 
componuntur medium comprehendentes, tota irratio- 
nalis est; uocetur autem ex duabus mediis secunda. 
Componantur enim duae mediae potentia tantum 
commensurabiles AB, BF medium comprehendentes 
[prop. XXVllI]. dicO; AF irrationalem esse. 

^ ponatur enim ra- 

-^i ' 1^ tionalis AE, et qua- 

-^J 5 ^ drato AI^ aequale 

rectae AE adplicetur 




AZ latitudinem effi- 
Z ciens AH [I, 44]. et 
quoniam An = AB^ + Bn + 2 ABxBF [II, 4], 

12. awte^minv PF. 13. iati BV, comp. Fb. 17. yarf 
om. FVb, m. 2 B. ^] corr. ex cc V. t^] corr. ex to m. 
2 P. 21. PoBt BF add. Theon: xo S^ ino trig AT taov ht\ 
t^ ^Z, xcel To JZ a^ tcov ictl toig {ts add. V) dno tmv 
AB^ BF %al t^ dle vno tmv AB, BV (BVb, F mg. m. 1). 

9fi nuQa triv ^E Y. naqa triv JE^ om. V. 22. iatQ 
m. 2 F. 24. niari B, corr. m. 2. iati] m. 2 V. 
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TB^r 



ylB, Br. (iBeiov Sb imoXEizai xal t6 dlg 

BF. xa( iati rotg \l\v rjto tav AB, BF teov 
To E®, tp S\ 8ls v%b Toov JB, BT taov to Z&- 
fiiaov apa ixaTSpov tcov E®, &Z. xal jtapd pijriji' 

5 Tijv ^E TtttQRXEitaf ^i^t^ apa datlv ixaxsQa tmv 
^&, &H xal aavfifiaTQog t^ z/£ jiiJxEi. fijrel ouj' 
«ffv(t(tftpds dettv 7} AB tjj BF fitjxti, xai ietiv ms 
^ AB Kpog t^r Sr", ourrag to airo t^g ^B wpog ro 
vno ttnv AB, Br, aevftfiBtQOv Kp« ietl td crao t^s 

^S t(5 vjTo ttov j^B, Sf, kAAk Tjo fiiv &n6 tf^q 
AB ffiJ(t(iftpo'v ^tfri to avyxeifiEvov ix tav dito tav 
AB, BV TBTQayfovav , xa Se vito tiav AB, BP Ov(i- 
(litgov iett t6 Slg vao tisv AB, BF. devfifittQov apK 
iezi 10 avyxElfitvov ix tav dab tavAB, BF za dlg 

5 VTio trav AB, Br. dXia totg fiif dao tSv AB, BF 
iaov ietl to E®, ttS Sl S\g vito tav AB, BT taov 
iazl ti &Z. davfifiETQov a^a iatl to E& ta @Z' 

(BffTE xal ■}} i^& Tt} ®H iaziV daVfL^ETQOS ftlJXEt. at 

z}&, ®H uQa Q7\zaC Eiet Svvdfiai (tdvov evfijiEtpot. 
lO tofftf ^ AH aloyog ietiv. ^jjtj; Si ij /JE' to Se vno 
a}.Qyov xal Qrjtijg ^tQisxofiEvov 6Q9oy{6viov aXoyov 
iativ aXoyov «pa £'ffrt lo AZ xciQiov, xal ^ Svva- 
fiivrf [awto] ai.oy6g ietiv. Svvatai Sh ro ^Z i) Af' 

1. KaQ Offl. BFb; ro vjto t£v (ora. Fb) AB, BT, fiiaov 
a(ia Bb, poateo, inB. F; xs^fiffoi'' ro SIb uno tcav AB, BF. 
fiieov «pa mg. m. rec. B. vtco rdj»] Bpat. nac. F. 3. Ze] 
corr. ex ez V. 5. xasdvinvxai Y. 6. IneJ oM xb! Iwf.' 
Tbeo)i(BFVb). 7. hhi.' — 9. BT] om. Theon (BFVb). 9. 
navfifift^ov — 10. BT] punctis del. V. 9. aga] om. PVb, 
m. rec. B. {ailv F. dao t^; .^B iiu] (rttyxE^fiEvov Ik *(ii' 
awo rrar .iB, BT t£o */e Theon (BFV'b). 10. oUa — 16. 
JB, Br(priufl)] om. Theon (BFVb). In mg, vai iaiiv lin. 7 
— AB, Br lin. 16 addito Ktlitsvov et sigois x ^ ad locnm 
1 felat. V (lin. 10 awd pro iwd), eadec " ~ - - 
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rectae /1 E adplicetur E0 quadratis AB^-^Biy ae- 
quale. itaque reliquum SZ^2 ABxBF. et quoniam 
media est utraque AB,Br, etiam AB^ -{-Biy media 
sunt. supposuimus autem, etiam 2 AB x BF me- 
diumesse. ei E@ = AB^ + BF^, Z@ = 2 ABxBB 
itaque utrumque E@j 0Z medium est. et rationali 
^E adplicata sunt. itaque utraque A®y®H rationalis 
est et rectae AE longitudine incommensurabilis [prop. 
XXII]. iam quoniam AB^ BF longitudine incommen- 
surabiles sunt, et AB:Br=AB^:ABxBr [pTOf. 
XXI lemma]; AB^ et ABxBF incommensurabilia 
sunt [prop. XI]. uerum AB^ et AB^ -^- BI^ commen- 
surabilia sunt [prop. XV], et ABxBT, 2 ABxBF 
commensurabilia sunt [prop. VI]. itaque AB^-^-BF^ 
et 2 ABxBF incommensurabilia sunt [prop. XIII]. 
uerum E® = AB^ + Br^, ®Z = 2ABxBr. itaque 
E®, ®Z incommensurabilia sunt. quare etiam A®, 
®H longitudine incommensurabiles sunt [VI, 1; prop. 
XI]. ergo ^®, ®H rationales sunt potentia tantum 
commensurabiles. quare ^H irrationalis est [prop. 
XXXVI]. uerum AE rationalis est. rectangulum autem 
recta irrationali ef rationali comprehensum irrationale 
est [prop. XX]. quare spatium ^Z irrationale est, et 
recta ei aequalis quadrata irrationalis est [def. 4]. 
uerum Aiy = ^Z, ergo -^F irrationalis est; uocetur 

quod om. dno lin. 14 — AB, BF lin. 16 et del. dav(i,(i,stQov 
lin 13 — Ih rmv lin. 14. 17. 0Z] mut. in Z9 V, Z@ BFb. 

iativ P. 0Z] Z0 Bb. 18. aav(i,fiitQ6g iati V. ftT^xst] 
om. Fb, m. 2 B. Deinde add. idsix^riaccv 81 $rjtaL V, m. 
2 B. 19. siaiv PB. 20. iati BV, comp. Fb. 22. iativ P. 

xa^] aats %olI V. 23. avto\ om. P. sati PBV, comp. Fb. 

8\ T\ j^Z to AT UQct &loy6g iativ F. 

Euclides, edd. Heiberg et Menge. III. % 
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a^oyog ccQa iotlv rj ^F, xaXsi^^ta d^k ix Svo fidemv 
SsvtiQa. OTCBQ iSai Sal^ai. 

'Eav Svo avd^atat, Svvdfiai a6vfifiarQ0t 0vv- 

5 rad^a^L jtoiovOac ro fihv Cvyxaifiavov ix rSv 

a% avr&v rarQaydvcov Qi^roVj rb S' vtc' avrAv 

fii^ovy fj oAiy avd^ata aAoyog i^nv^ xakaC6^(o S% 

fiai^c3v, 

2^vyxaC0^(o0av yccQ Svo avd^atat Svvdfiac aevfiiia- 
10 rQOL at ABy BF noLOvOai rd JtQoxaC^iava' 2,iya>, ort 
a^oycg ioriv 7] AF, 

'Enal yaQ ro imo rciv AB, BF ^iiaov iarCv^ xal 
rb Slg l&Qa^ vjtb r&v AB^ BF (licov i6rCv, rb Si 
avyxaCfiavov ax rAv djtb rav AB^ BF ^i^rov' d^vii- 
16 fiarQov ttQa i6rl ro Slg vnb rciv AB^ BF rc5 <yvy- 
xaifiivo) ix rav dnb rav AB^ BF' &6ra xal ra dnb 
rciv ABj BF (lard rov Slg vnb rav AB^ BFj onaQ 
i6rl rb dnb rijg AF^ d6v(i(iarQ6v i6xv r© 6vyxac(iivq) 
ix rdv dnb rcSi/ AB^ BF [Qi]rbv Sa ro 6vyxaC(iavov 
20 ix r&v dnb rcai/ AB^ BF]' dXoyov aQa i6rl rb dnb 
rrig AF. &6ra xal 7] AF aXoyog iirLv, xalaC^d^co Sh 
(iaC^c3v. onaQ iSac Sat^ai. 

(i. 

'Edv Svo avd^atai Svvd^iac d6v(i(iarQ0L 6vV' 

25 rad^^^L noLov6ai ro (Jihv 6vyxaC(iavov ix rc3i/ 

dn avrciv rarQaydvcov (ii60Vy ro d' vn avrciv 



2. devtsga] seq. schol., u. app. onsQ b8si dsL^aC] comp. 
>, om. BFVb. 3. X»''] om. b, ft' F. 4. avvts&maiv PBF. 
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autem ex duabus mediis secunda. quod erat demon- 
strandum. 

XXXIX. 

Si duae rectae potentia incommensurabiles com- 
ponuntur, quae summam quadratorum suorum ratio- 
nalem efficiant, rectangulum autem medium, tota recta 
irrationalis est, uocetur autem maior. 

, , , Componantur enim duae rectae 

^ B r potentiaincommensurabiles -^5, 5F, 

quae proposita efficiant [prop. XXXIII]. dico, AT ir- 
rationalem esse. 

nam quoniam AB X BT medium est, etiam 2 AB XBT 
medium est [prop. VI, XXIII coroll.]. est autem AB^ 
+ BT^ rationale. itaque 2 ABxBT et AB^ + ^F^ 
incommensurabilia sunt [def. 4]. quare etiam^5^ + 
BT^ + 2ABxBT,hocestAn[U,4:letAB^ + BT^ 
incommensurabilia sunt [prop. XVI]. ergo AT^ irra- 
tionale est; quare etiam AT irrationalis est [def. 4]; 
uocetur autem maior. quod erat demonstrandum. 

XL. 

Si duae rectae potentia incommensurabiles compo- 
nuntur, quae summam quadratorum suorum mediam 
efficiant, rectangulum autem rationale, tota recta irra- 

6. fiiv'] TS V. 6. teTgdyaivov b. to 3i BF, dh x6 b. 7. 
BGxi V, comp. Pb. 12. iffT^PBV, comp. Fb. 13. «V] 
om. P. htC PBV, comp. Fb. 16. xa\ x6 B. 18. l<rrtV P. 

av(iiiSTQOv b, corr. m. rec. iaTi.v P. 19. qtjtov — 20. 
Br] om. P. 20. aXoyog F, corr. m. 1. ^ 21. cW PBV, 
comp. Fb. 22. fisCia^v'] seq. schol., u. app. otcsq ^Ssi Sst^ai'] 
om. BFb, comp. P. 23. fta F. 24. ovvTS^oiaLv BF. 26. 
di F. 
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1 



pijrov, 7j o^ij «ud^Efo; aloyos iaii.v, xaleia&a 
pijtow xai neaov Svvufiivy}. 

I^vyxeia&coaav yap ^uo BV^Btai dvvafiei. aaviinsrQOt 
at AB, Br aoioiaai ta irpoxE/ftEtra* Idyto, ort a?.oy6g 
5 ^ffrtv ^ Ar. 

'Ead yag to avyxsifitvov ix rmv ano tmv AB, BT 
(lisov iaziv, xo Sb Slg vao tiBv AB, BF grjTov, aavfi- 
fiiTpov KQa iazl To avyKsijiEvov ix Tmv anb zwv AB, 
Br Ta Slg vnb rav AB, BV' aars xal ro anb rijs 
10 AF aav^fiBTpov iSTi ra Slq vno rrai' AB, BV, Qrjxov 
8l t6 Sls vno zav AB, BF' aXoyov ap« to ano r^g 
AT. akoyoq apa ij AV, xalsiaQto Se ^ijTof xal fte'- 
aov SvvaitBvrj. oxe^ i'Sei dit^ai. ^9 

Ha. ^B 

16 Eav dvo BvQ^stai dvvdfiei aavfifiETgoi, Cvv- 
TB&mai. noiovSai z6 rs avyxEijiEvov ix zmv dn 
avzmv ZET^ayNvav ftiaav xal t6 vn avtSv [li- 
aov xal EZi davjijtETQov Tp avyx£i[iEVa} ix rav 
ttj^ avTiDV TEZQaymvav, »; oA»; EV^Eta aXoyog 

20 iativ, xalEia&a Si Svo fieaa Swaiiivrj. 

£vyxBia&(oaav yd^ dvo Ev9Etai Svvdfisi, «avftftE- 
rpot aC AB, BF noiovaat ta JtQoxBifiEva' liyco, ori 
i) AF aXoyos iariv. 

'Exxsia&6} pijTij ^ ^E, xal napa^E^lrja&a naga 

1. ^ijtdt, ri] in ras, V. ieri BV, comp. Fb. nnltiKH P, 
S. yBpl siipra ecr. m. 1 b. 4. at] supra m. 1 P. npoa- 
veiiievtt F, Bed corr. 6. AB, corr. m. cec, P. 6. ?'iio F, 
con'. m. 2. 7. iiiaoi>]nfa- in raa. V. lari PBVb, comp. F. 
Sig] aiipra acr. m. 1 V. e?;rd)'] corr. es fisooi' m. 2 V, otip- 
lifigav B, cotT, m, rec. S. lartv P. 10, t<5 — B r] bia D, 
m«. m. 1 P. Poit nai add. cvv&tvri Theou (BFVb), P m. 
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tionalis est^ uocetur autem spatio rationali et medio 

aequalis quadrata. 

^A Componantur enim duae rectae potentia incom- 
mensurabiles^ quae proposita efficiant^ AB, BF 
[prop. XXXIV]. dico, jiF irrationalem esse. 

..£ nam quoniam AB^ •■{- Bjy medium est, 2 j4B 
XBr autem rationale, JB^ + BI^ et 2 ABxBF 

-r incommensurabilia sunt. quare etiam AF^ et 

2^BX-Brincommensurabilia sunt [prop.XVI]. uerum 

2^-BxBrrationale est. itaque Aiy irrationale est. 

quare ^Firrationalis est [def. 4]; uocetur autem spatio 

rationali et medio aequalis quadrata. quod erat demon- 

strandum. 

XLI. 

Si duae rectae potentia incommensurabiles com- 
ponuntur, quae summam quadratorum suorum mediam 
efficiant, et rectangulum medium et simul summae 
quadratorum incommensurabile, tota recta irrationalis 
est, uocetur autem duobus spatiis mediis aequalis 
quadrata. 

Componantur enim duae rectae potentia incommen- 
surabiles AB, BF, quae proposita efficiant [prop. 
XXXV]. dico, AF irrationalem esse. 

ponatur rationalis ^E, et rectae ^E quadratis 

rec. 12. aXoyos — AF] mg. m. 1 P. 13. dvvaiiivri'] €eq. 
schol., u. app. onsQ ^dsi dsi^ai] om. BFb, comp. F. 14. 
(ia''\ mut. in ft|3' m. 2 F. 15. avvtB^&aiv PBF. 17. xal 
%o vn' avtmv fiiaov] supra scr. m. 2 Y. 19. tstQaytovm 
PV. ii] m. 2 F. 20. iati PBV, comp. Fb. 22. ra tcqo- 
nsifisva] to ts avy%s^fi6vov ix toov dno t£v AB, BF fiiaov xal 
TO vno tmv AB, BF fiiaov xal iti davfifistQov rco avyKSifiivi» 
i% t&v dno tmv AB, B F tstQayiovmv Theon (BFVb, tstQayoovm 
FVb). 
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tiji/ tJE Tofg \iev dxo Twr AB. BF fOov ro JZ, r^ 
Si 6lg v«o tav AB, BF i'aov to H&- oXov UQa ro 
zl& fffov ietl Tp azb Tijs AF TfTpayojvp. x«! Ixsi 
(tieov istl To avyxsifisvov ix Tmv Ksro tcov ^B, Sr", 
6 KKt' isTiv ieov Tco ^Z, [idaov kqk ierl xal to z/Z. 
xttt TtaQa pijT^v T^v ,^E jraQaxttTaf pjjr^ apa ^Orlv 
ij i^H zal uev^fittpog t^ ^E (i^xei. tfta tot aiJTK tf^ 
xal ^ ifiC piji^ ^UTt xal aevfifittQog t^ ffZ, Tour- 
deTi tfj ^E, [i^xei. xal inil aav[iiitTQa iSTi ta axb 

10 tav AB^ Br ta d\g virb tmv AB, BF, aev^ifisrQov 
ieTi To jJZ Tp H&' toffrf xal 17 AH tj/ HK aev^fit- 
Tpdg EflTt»'. xaC liei Qtitai' ai ^H, HK aQa Qijtai 
eiai Svvafiei [lovov Ow/tftErpof aAoyog apa iezlv 17 
^K i} xalovf.tivr} ix Svo ovofiatav. Q^tij ds jj ^E' 

16 aXoyov uQa iett to ^@ xal ij Svvajiivij avto aloyog 
iativ. dvvttttti di to ®z/ 17 ^/^r"' aioyog apo iffTtw ij 
^/^r, jCKAftffd'» da 6vo fiiea Svva^ivt], oasQ iSst 
Set^ar 

Jilfitttt. 

£0 "Oti, Se ai eiQti(ie'vtti aXoyoi (lovaxi^g SiaiQovvvi 
eis Tag sv&stag, i^ cav evyxsivtat itotovismv tk 
xsCftsvtt slSri, 'Seiiofiev ^'d)] nQosx&iftsvot i.ijiiiidu 

TOIO^TOV 

'ExxsieQci ev9sta {j AB xal Tet(ii]e&ai 7; o^ij eI^ 
96 avtaa xa&' ixaTegov Tmi' F, A, vTtoxeCeQo 6% (isi^tov 
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AB^-^-BT^ aequale adplicetur AZ^ rectangulo autem 
2AEXBT aequale HB, itaque A®^AI^ [11, 4]. 
jj^ ®* quomam AB^-^-BI^ medium est et 

= ^Z, etiam AZ medium est. et rectae 
rationali AE adplicatum est. itaque AH. 
rationalis est et rectae AE longitudine 
incommensurabilis [prop. XXII]. eadem 
de causa etiam HK rationalis est et rectae 

, , HZ^ hoc est AEj longitudine incommen- 

^ ^ ^ surabilis. et quoniam AB^ + BI^ et 

2 ABx BF incommensurabilia sunt, ^Z et H@ in- 
commensurabilia sunt. quare etiam^if , HK incommen- 
surabiles sunt [VI, 1; prop. XI]. et sunt rationales; 
itaque AH^ HK rationales sunt potentia tantum com- 
mensurabiles. ergo AK irrationalis est, ex duobus no- 
minibus quae uocatur [prop. XXXVI]. AE autem ratio- 
nalis est. itaque A@ irrationale est, et recta ei aequalis 
quadrata irrationalis [def. 4]. est autem AI^ — A@, 
ergo AF irrationalis est; uocetur autem duobus spatiis 
mediis aequalis quadrata. quod erat demonstrandum. 

Lemma. 
Bectas autem irrationales, quas nominauimus, uno 
tantum modo in rectas diuidi, ex quibus compositae 

, i-H — I 1 sint proposita efficientibus, demonstra- 

bimus huiusmodi lemmate praemisso. 

17. dvv€Cfiiv7j'\ seq. Bchol., u. app. onsg ^Set Ssi^aL] om. 
BF Vb. 19. Irifit^oc] om. B V, m. rec. P. 20. oti] xi V. ^ 21. 
TiQOCneifieva F, corr. m. 2. 22. TCQod^Biisvot P, nQoasnd-stisvoL 
B et F, sed corr. 24. Ante svd^sia ras. 3 litt. V. rj oXrfl 
SXf} FVb. 26. Kttl na^' F. BytdtSQa BV. vno^SLO^m $i] 
nal vno%ei<f^(o P. 
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] 



j^ ^r Tijs JB- kiya, ort t« «mo tiov j^T, FB 
iflva etfxi, tav anb tmv AiJ, ^B. 

Ttrn^^e&co yap rj AB Slin x«Ta to E. xal 
fiai^av ietiv ^ AF trjq z/B, xoivii a<pTjQjja^(o t; ^T' 
6 Aoi;r^ «pw 17 ^^ Aot^r^g t^? FB fifi^mv ietCv. teiq 
Sl 7j AE t^ EB' ikattiov aga ij ^d E z^g EF' tk 
r, z/ ap« Srifista ovx ieov anixovOi tijg dixotofitas. 
xid iad tb vn.b tmv AF, VB netcc tov aab trjs EF 
teov istl TM ajtb t^s EB, dkXa ftijv xal tb vab tcov 

10 Aj^, ^B (ista Tow «iro AE i'eov ietl ta awo r^g 
EB, tb Kpa vnb ttav AF, FB ftfiK ToiJ amb t^g EP 
teov ietl t^ v«b tmv Aid, AB (leta xov dab trjs 
^E' mv tb anta t^s AE eXaeeov ieri tov aab t^g 
EP' xccl Xoiabv a^a tb vnb tmv AF, FB iXaeaov 

lo sfftt Toti iiitb tav AA, AB. aete xal tb dls vnb tmv 
AF, FB iXaaeov ieti TotJ Sls vab tmv AA, ^B. xal 
Xoiabv aga to Gvyxtiiisvov ix Ttoi' aab tav AF, FB 
[itttov iatt tou evyxHfiivov ix twv aab trov A/il, 
oaeQ £$Ei Ssi^ai. 

20 (((3'. 

'H ix Svo ovofititcav XBtci ¥v (lovov ffjjfi 
dtaipEitai alg ta 6v6[iaza. 

"Eeta ix Svo ovofidtiav ij AB SiJiprifiivr} tCg t& 

6v6(i«ta xattt xb T' at AT, TB dfia ^iqtaC dei, Svvd- 

26 (ift (lovov evftiierQoi,. AcVw, ott ^ AB xat dXXo a^- 

fietov ov SiaiQBltai, sig Svo grjtas SvvdfiH (lovpi 

OviiiiitQOvg. 



a. J^] AF cocr. in AB m. 
7. ^, r P. 9. (ir>] om. P. 



za. 
<vd- 
ari- 



. Poat V...., 

P. Cptt ^lITl'* P. 
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Ponatur recta AB ei tota in F; ^ in partes in- 
aequales secetur; et supponatur Ar> ^B. dico, esse 
AT^ + FB^ > A^ + ^B^. nam AB in duas partes 
aequales secetur in E. et quoniam Ar> ^B, sub- 
trahatur, quae communis est; ^JT. itaque relinquitur 
A^>rB. xxerum AE = EB. itaque^jB<J5r. itaque 
puncta Fj A a.puncto medio aequaliter non distant. 
et quoniam ATxTB -^- ET^ = EB^ [II, 5], et 
A^XAB-^- AE^ = EB^ [idj, erit AFx FB + EI^ 
= AAX ^B + AE^. quorum AE^ < Ejy. itaque re- 
liquum A Fx FBKAAxAB. fluare etiam 2 A Fx F^ 
< 2 ^^ X ^JB. ergo etiam reliquum^) AI^ + FB^ 
> A/fi -{- AB^'^ quod erat demonstrandum. 

XLn. 

Becta ex duobus nominibus in uno tantum puncto 
in nomina diuiditur. 

Ex duobus nominibus sit AB in puncto F in no- 
mina* diuisa. itaque AFy FB rationales sunt potentia 
tantum commensurabiles [prop. XXXVI]. dico, AB in 
nuUo alio puncto in duas rationales potentia tantum 
commensurabiles diuidi. 



1) Nam 
Ar^+rB^+2ArxrB=^AB^ = AJ* + JB^ + 2AJxJB 
01,4). 

11. TB] in ras. F. 12. r^g] postea ins. F. 13. mv — JE] 
om F. iXaaov V. iati] om. V. 14. iXaxxov BVb, comp. 
F (in B supra scr. (isiiov m. rec, sed del.): item lin. 16. 16. 
xa/] snpra 8cr. F. 18. dno] corr. ex vno m. 2 V. 19. 
Ante onso add. stnsQ avvafitpotSQu taa, iatl tcS {tmv b) ano 
xiig AB Tiieon (BFVb), m. rec. P. 21. ina^' 'b. 24. %ata\ 
Bupra Bcr. m. 1 P. slaiv PBF. 
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Et yap Svvazov, SiriQriO^m xaX XKTa to ^, (nit^^ 
xal rug Aj4, ^B pijrag iivat dvva^ft (lovov aviifti- 
Tffovg. ^avEpov tfij, orc ij AT ti} jdB ovx leriv r 
txvttj. sl yKp fftivKTOv, ^Otoj. iSTai, Sri xal ^ ^z/ t^ 
6 VB rj aTJTtj' xal ^STai cig tj AV repos t^v fB, oiTOJS 
^ BjJ ffpog rijv ^^, xai iotKi rj AB xaTcc ro avzb 
xfi xuza To r SiatQdeei diai^s&EtSa xal xattt tb ^' 
oithQ 01)% vnoxEitai. ovx aga ^ AF tfj ^B dotiv rj 
avT<^. dia drj rouro xal ta F, i/ ay}^£i« ovx taov 

10 aitiiovat r^s Si%oxo^Caq. ro «pa SiafpiQti rc kjto rmi' 
j^r, F5 Twv am rraiw ^z/, .^B, tovrra StaiptgsL xal 
ro dtg vnb rrav ^^, ^B tov 6lg vxb rav AF, FB 
Sttt To xal Ta anb tcov AF, FB [lEta roii Sls ifitb rdv 
AF, FB xal t« anb rmv AJ, AB ^btcc rov Slg vicb 

15 Tmv AA, AB taa eIvki rw «ito r^g AB. ak}.a Ta axo 
tav AT, FB Tav dao tiav A/i, AB SiatpiQU pTjrro' 
^ijra yap afdpoTrpw xaX t6 S\g apa vxb tav A/i, ^B 
Tow Slg vnb taiv AF, FB Sia<piQBi pijrra fiiaa ovta' 
owfp atoaov (iiaov yecQ fiiaov ovx vniQixei pijrra. 

20 Oiix «pft rj ix Svo ovofiKTiai' xkt' «AAo xai aJlilo 

ffjjfterov SiaiQEtTaf xa&' ev aga fiovov oxcq Ide* 
SstU^. 



'H ix Svo fiiaai 

26 (IStOV SiaiQEtTttl. 
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1. iiBiifiia&ia V. Kt 
:orr. m. 2 V. 4. S^] 
6. rS] mut. in Br V. 
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ovTo] av- e oorr. V; bvto Tiiijfi,a F, ifi^fio BUpra scr. 
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1 V. 8. JB] ^B cp. 10. diifxovaiv B. toii dinDroft^u 
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Nam, si fieri potest, in A diuidatur ita, ut 
etiam A^y ^B rationales sint potentia tantum 
commensurabiles. manifestum est igitur, ^F et 
^B easdem non esse. sint enim, si fieri potest. 
"" itaque etiam ^^ et FB eaedem erunt. et erit 
..j^ AFirB = BAiAAy et AB etiam in A eodem 
modo ac in F diuisa erit^ id quod contra hypo- 
thesim est. quare AF, AB eaedem non sunt. 
"^ ea de causa r, A puncta a medio puncto 
aequaliter non distant [cfr. lemma]. quo igitur 
AI^ + rJB* ab AA^ + AB^ diflfert [u. lemma], eo 
etiam 2AJXAB a ^ATxrB diflfert, quia AF^ 
+ rB^ + 2ArxrB = AB^ = AA^ + AB^ + 2AA 
X AB pl, 4]. uerum AI^ + FJB^ ab AA^ + AB^ 
spatio rationali diflPert; nam utrumque rationale est. 
itaque etiam 2AAxAB a ^AFxrB spatio ratio- 
nali diflFert, quamquam media sunt [prop. XXI] ; quod 
absurdum est; nam spatium medium non excedit me- 
clium spatio rationali [prop. XXVI]. 

Ergo recta ex duobus nominibus non diuiditur in 
punctis diuersis; itaque in uno tantum diuiditur; quod 
erat demonstrandum. 

XLin. 

Becta ex duabus mediis prima in uno tantum 
puncto diuiditur. 

m. rec. P. tc3v] om. P. JF, FB] AJ^ JB P. 15. AB] 
BTipra 8cr. J b. 16. Post FB ras. magna V. tmv] corr. ex 
rm b. 17. aQcc] snprascr. m. 2 F. AJBP, corr. m. rec. 18. 
AFB Pb, corr. m. rec. 19. onsg aronov] om. Theon (BFVb). 

yaQl 9i Theon (BFVb). 21. diSQsCtai. P, corr. m. rec. 

onBQ ^dsi 6et^ai] comp. P, om. BFVb. 25. SiaiQsitai slq 
ta oviiiata Theon (BFVb). 
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"EeTco ix Svo fidemv ngart] ^ AB SiTjpr}(iBvij xara 
ro J', (offTE rng jVf , TB fifOas slvat dvva(i{t. ftovov 
<Ji'fifiiTpoug ^ijTov acQiexoveag' Xeya, ozi i} AB xaz 
akXo eijjisiov oii SiaiQfttai.. 
g Ei yap SvvaTov, SirjQ^e&at xaX xaza lo ^, mexB 
xkI xag AJ, AB (iBeag eivai dvvdfiet (lovov 0v[tiii- 
Tpoug ^tjrov nsQiexovSag. ixel ovv, a> Sta^dgtt ro Slg 
imo Ttnv AA, AB rov Slg vno zmv AF, FB, TojJtw 
Sta(piQsi TK «roo Tav AP, FB rmv aito Tav AA^ AB, 

10 ^V^ip Si Sia^sgtt ro Sls vno tmv AA, AB toi) Slg 
vno tav AT, VB' Jijtk yciQ afiq^orepa' §r}T& apa 
Sta^eQEt xal ta anb xav AF, VB zav airo reii' AA, 
AB (idea ovza' d«BQ azoTtov. 

Ovx apa 71 ix Svo fiiemv npmtf] xat aXlo xa\ 

15 aAAo etKiBtov SiaiQBtTai e{g tk 6v6(Lata' xa&' h^ a(/a 
(tovov oJMp iSit SeiS,ai. 

("«•■ 

'H ix dvo (lieav SsvziQa xa&' sv (lovov ffij- 
(letov StaiQEtTai, 
20 "Eetta ix Svo (liaav SsvtsQa i} AB Str]Qri(iiv^ xavi 
To r, aOzs tag AT, FB fiieag slvcti Svvdiiti (lovov 
ffvfifiETpoug fiieov nBQtsxoveag' (pavBQOv Stj, ori zo P 
ovx iezt xaza T^g StxOTO(itag, ozt ovx slel (i-^xsi Ovfi- 
(tszQoi.. liym, ori ^ AB xax ahl.o otjiistov ov Stai- 
25 QStTai. 

El yap SvvuTov, diTjgiieQm xal xceta zb z/, mere 

1. i) AB] Bupra scr. P, corr. ei Ji AJ m. rec. P. 4. o<] 
om. b. 6. xo^] om. Fb. 9. r6v oitdl in raa. ra. 1 P. 10. 
dB] BUpra HCr. m. 1 F. 13. Poet ovra add. niaov tiimo 
iatpixn ^ijtm £p. IG. 3jttp liei Sttiai] comp. P, om. BPTb. 
IT. /i& ] mut. in (tt' Y. W. ftittLftii^oi tl^ w &vi^«EM 
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Sit AB ex duabus mediis prima in F ita diuisa, 
ut AF^ FB mediae sint potentia tantum commensura- 

, , , , biles spatium ratiopale com- 

^ ^ r B prehendentes [prop. XXXVH]. 

dicO; AB in nullo alio puncto diuidi. 

nam^ si fieri potest^ in jd ita diuidatur^ ut etiam 
ji^, ^B mediae sint potentia tantum comn^ensura- 
biles spatium rationale comprehendentes. iam quo- 
niam, quo diflfert 2 AJ X ^B a 2 ^F X FB, eo diflfert 
AI^ + rS^ ab AA^ + AB^ [prop. XLI lemma], et 
2AAx^B a 2ArxrB spatio rationali diflfert 
(nam utrumque rationale est), etiam AF^ + FB^ ab 
A^ + AB^ spatio rationali diflfert, quamquam media 
sunt; quod absurdum est [prop. XXVI]. 

Ergo recta ex duabus mediis prima in nomina non 
diuiditur in punctis diuersis; itaque in uno tantum 
diuiditur; quod erat demonstrandum. 

XLIV. 

Becta ex duabus mediis secunda in uno tantum 
puncto diuiditur. 

Sit AB ex duabus mediis secunda in F diuisa, 
ita ut AF, FB mediae sint potentia tantum commen- 
surabiles spatium medium comprehendentes [prop. 
XXXVin]. manifestum est igitur, F punctum medium 
non esse, quod longitudine commensurabiles non sunt. 
dico, ^.B in nuUo alio puncto diuidi. 

nam, si fieri potest, etiam in A diuidatur, ita ut 

Theon (BFVb). 23. ^ativ B. rr^v diiotoiLluv V. oti\ 
insid^nnsQ Theon (BFVb). elaiv PB. Ifo, vitttA Qm.T^^^^^s. 
(BFVb). 



£o3^ 
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TrjV Ar tfj jJB jii] elvai tijv aiti^v, dXXec (isi^c 
xtt&' hnodieiv t^v AF' 5^Aov tfij, ot[ xal Ta anh 
tav A^, ^B, ag indva iSst^afiiv, ikdeeova zmv d:i6 
tav AF, rs- xal Tiis AA, dB (liaag elvat dvvd{iH 

5 /iovov avfifiiT^ovs (i£0ov %e(fi.exov0as. xal ixxeia&a 
PIJT17 1) EZ, xal ta (i.iv ano trj^ AB laov na^d t^v 
EZ naffaXXtil6y(fajiiiov OQ&oydviov aagafie^X^^a&oi to 
EK, rotg Se dao tav AT, FB £aov dtpfiQtjS&a to 
EH' Xoiiihv «pa to &K iaov iarl rp dig wjio tiav 

-4r, VB. itdXiv Sij zotg dno tmv A^, zlB, aneq 
ildaaova iSeCx&ii tatv dnb tav AF, FB, laov a^pij- 
(f^a&a ro EA' xal Xofxbv aqa to MK iaov ta 6\s 
vno tav A^, AB. xal iael (liaa iatl td dnb tav 
AF, FB, (Ldeov a^a \xaX\ tb EH. xal nagd pjjr^v 

5 tf}v EZ itagdxeitaf pijr^ aga iatlv r; E& xal effu^- 
(iSTpos ty EZ (irixei. did td avzd dii xal ^ ®N pJ?iiJ 
eati xat aav(i(ietQOg tfj EZ (i/iqxei,. xal iael al AT", 
FB (lieai elai dvvdfisi (lovov av[i[isrQoi, dav(i.(tsTQog 
apa earlv ij AV tfj PB (i^^xei.. ag dh jj AP jtpoj 

u rijv FB, ovras tb dicb z^g AF Jtpog ro vnb rtov 
AF, FB' davjifistQOV a^a iarl ro djtb r^g AT za 
vnb zav AF, FB. dXXd ta fiev djib tijs AF av[i(ie- 
TQtt iari. td dnb tav AF, FB' Svvdp.ei ydg stai 

1. ^rj r iu raa. F. 2. naza P. Sijlov S^, oti] SijXaSi} 
Theon (BFVb); oii add. B m. 2. 3. AT, FB fiti^^oi-iK xav 
djii ravAJ, JB, ric inava idei^a^tvTheon (BFVb). 4. Ante 
y.ai add. toiai sr V, et in mg. m. 1 "Haauuvtt tav ajto JT, 
rs. 6. ke/o&o) V, corr. m. 1. 6. im] cori". ex id V. 7. 
JtaeoIIijldypa^Ho»' 6Q9oyiavtov~\ om. TheoD (BFVb). 9. BK'] 
ia raa. V. 10. nnfp — U. rS\ om, Fb. mg. m. 2 BV. 11, 
iituiiova V. 12. EA\ viio vav A F, FB B. Deiode add. adliv 
Sq Tois tt-ita xav A.d, j3B iXaaaov fStix9>] zav auo ru» AF, 
FB B, i,cel «ol («ol ejrs^r V) 10 dno iiiv AJ, JB Utt<icova 
Ce'.iacToya F) ide(x9n ^^" i<io niw AV, Tii FVb, in V deL 
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AFy j^B eaedem non sint^ sed AF maior supponatur 
(manifestum est igitur^ esse etiam A^^-^- ZfB^KAF^ 
+ FB^j ut supra demonstrauimus [prop. XLT lemma]), 
et ut A^, jJB mediae sint potentia tantum commen- 
surabiles spatium medium comprehendentes. et pona- 



A J r B 



E. ^ ^ .JNT 



A ~H ^ 

tur rationalis EZ, et quadrato AB^ aequale rectae 
EZ parallelogrammum rectangulum EK adplicetur [I, 
44], quadratis autem -41^ + FB^ aequale auferatur 
EH. itaque quod relinquitur, @K = 2 AF X FB 
[11, 4]. rursus quadratis -4^^ + jdB^ (quae minora 
esse quam AF^ + FB^, demonstrauimus) aequale aufe- 
ratur Eji. itaque MK=2AjdX/dlB. et quoniam 
AI^ + FB^ media sunt, EH medium est. et rectae 
rationali EZ adplicatum est. ergo E& rationalis est 
et rectae EZ longitudine incommensurabilis [prop. 
XXII]. eadem de causa etiam &N rationalis est et 
rectae EZ longitudine incommensurabilis. et quoniam 
AFy FB mediae sunt potentia tantum commensurabiles, 
AF ei FB longitudine incommensurabiles sunt. sed 
AF: FB = AF^ : AFx FB [prop. XXI lemma]. itaque 
etiam AF^ ei AFx FB incommensurabilia sunt [prop. 

iatl T(o P. 13. iati'] in ras. m. 1 b, iaziv B. 14. xal z6] 
x6 BF Vt). 16. 0iV] EH b, EN in ras. m. 1 F. 17. iaziv P. 

18. zlaCv B. 19. FB] BF B. 20. TB] in ras. V. ^ 21. 
avfifiSTQOv V, corr. m. 1. AF] A e corr. V. 22. dXXdi\ 
supra Bcr. m. 1 V. tc5] corr. ex xd m. 1 ¥. xda v-^^w^ ^ 
corr. V. 23. FB] B eras. B. 
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eviifiBTQOi ai jr, VB. rw Sl vnh tmv AT, FB tlvfi^ 
(i£T$6v iati to 6ls vjto tSv AT, FB. xal rcc eaco 
rav AF, FB aga aav^iistQii iOti rp Slq vao tmv 
AV, rB. aXXa toig fiiv aitb tav AT, VB i'0ov detl 
6 To EH, ta Ss Sts wJto Trav AP, FB l'eov to &K- 
aavfifiBtQov aQU iorl ro EH ta &K' raOTe xal t} E& 
r^ ®N RajJftftBtpog iati (iijxei.. xai eIgi ^r\tai- al 
E&, &N ttpa pijtat sioi SvvaiiBi [lovov avfifiBTQOi. iav 
Sl Svo §rital Swa[ist. fiovov avfifutpoi GvvtB&maiv, 

10 ^ oAij akoyoq iativ ij xalovfiivrj ix Svo ovoftaTtav 
il EN apa itc Svo ovofiatcav iatl SitjQrjftivti xatit ro 
®. xata Ta auTa S^ SBi%^^6ovtai xal aC EM, MN 
Qtjtal Svvafiei fiovov Biiftf*ETpOi" xal laTai jj EN ix 
Svo ovofidtaiv xat a2.Xo xal aXko SiTjQTjfLivrj to tb & 

16 xal To M, xttl ovx iaTiv ^ E& tr) MN ij avTij, Sti 
ra tJjTo rav AF, FB fisi^ovd ieri tmv anb tav A/l, 
AB. dXXd tk dnb tmv Ad, AB (isi^ovd ieri tov 
Slg vnb AA, AB' JtoAAw «pa xal tu areo Tav AF, 
FB, TovtiaTi tb EH, (let^ov ieti tou tfis v^b xmv 

20 AiA, AB, rour£«ri rou MK' toOrE xal rj E@ r^g MN 
fisitfov iativ. rj dga E® rfj MN ovx ianv i] ave^H 
OITfp tSBi SBi^iai. ^H 



1. Snpra ouu/iaieot add. a Fb. im Se — rs] njg, 

m. 1 P. 2. id] corr. ei im Vb. lal aupra Bct. m. 2 P. 

3. aiififiEipa b, et B, coir. m. S; a- del. F, 4. TB 

(i^MEt V. rBl (alt.) r e corr. V. 5. taov larl P. 6. 
idxiv P. EHI K in rai. V. 8. E(91 "«'E F. f/oi» P. 

9. ItTf&cSot» B, cotr. m. S. 10. Ik] ^k im» F. 11. apa] 
om. P. htiv P, IB. 0A b. 15. foii*] ?««( V. ij] 
supia BCr. m. 1 F. ^] postea ina. F. oti] txnSJjiteq Theon 
(BFVb). 17, Mg. w. 1: yp. ra 3f ono (tm»' .^, -J F) Fb. 

18. Tl»f ^J FV. 19. lOUTfCTr P. 20, lOtllfflll* P. m5] 

MK'j M seq. raa. 1 litt. B. ^j suptft Bor. m. 
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XI]. uemm jil^ et AF^ + FB^ commensurabilia sunt; 
nam jiF, FB potentia commensurabiles sunt. et 
ArxFBy 2ArxrB commensurabilia sunt [prop. 
Vrj. quare etiam AF^ + FB^ et ^AFxTB incommen- 
surabilia sunt [prop. XIII]. uerum EH= ^r^ + F-B*, 
@K=2Arx FB, itaque EHy SK incommensurabilia 
sunt. quare etiam E@j @N longitudine incommensu- 
rabiles sunt [VI, 1; prop. XI]. et sunt rationales. 
itaque E@f @N rationales sunt potentia tantum com- 
mensurabiles. sin duae rectae rationales potentia tantum 
commensurabiles componuntur, tota irrationalis est ex 
duobus nominibuS; quae uocatur [prop. XXXVI]. itaque 
EN ex duobus nominibus est in @ diuisa. eodem igitur 
modo demonstrabimuSy etiam EM, MN rationales esse 
potentia tantum commensurabiles. et EN, quae ex 
duobus nominibus est, in punctis diuersis 6^ et M 
diuisa erit [quod absurdum est; prop.XLII], GtE@fMN 
eaedem non sunt, quod AI^ + rB^> A^^ + JB^-, 
uerum Ajd^+^B^>2AjdX^B^) quare multo magis 
Ar^ + FB^ > 2A^ X ^B, hoc est EH> MK quare 
etiam E@ > MN [VI, 1]. itaque E@, MN eaedem 
non sunt; quod erat demonstrandum. 



1) U. prop. LIX lemma. 



1 b. 21. (isiiov V, sed corr. rj] Trjg b. Post avtri add. 
fj EN aQa in $vo ovofiocTtov HaXovfAsvri xar' aXXo-Tial aXXo cri- 
fiBiov SiaiQBixav' onsQ atonov. ovx aga Ix Svo fiiacav SsvtiQa 
%at' aXXo xal aXXo arjfiSLOv dmi^firrat 17 xocd'' *iv fiovov F. 22. 
onsQ idsi dsitai] om. BVb. 



^aoUdeg, ed<L Heiberg et Menge. m. 
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H jiBi^au xatu ro avtu (lovo 
QiZtai. 

"Eetfa fieit^v ri AB dirjQii^dvt] xata to F. &atB 

6 T«s jir, rs dvvafist. aevfifiBTQOvs elvai Ttoioveag to 

(liv Svyxfi[ievov ix tav aao tav AF, FB TSTQaywvav 

pi)irov, to 6' v7to tmv AF, FB (lieov kiya, ozt rj 

AB xax alf.0 fSfjfiEtov ov SiaiQittai. 

Ei yap Svvatov, rfijjp^ffffo xal xata to A, raotE 

10 xai tas AA, AB dvvaiisi aSvfiiiitQovs Bivai iroiou- 
Oag ro fifv tfvyxetfisvov ix tav aito tiav AA^ AB ^r]- 
101", t6 ^ vn avtmv (tioov. xal inei, m Sia^igti 
T« ttjto trav AF, VB tiav aTti» tmv AA, A B, roiJTM 
Siatpd^ti xal t6 Slg v7to tmv AA, AB tov Sls v^to 

16 tmv AF, FB, a^Xa to; anb tmv AF, FB tmv asio 
TiDV AA, AB imsQixit P*!^?' piJTii yccQ afKpottpa' 
xal t6 Sls VTto xwv AA, AB apa low S\q v%o tmv 
AT, VB va£(fixsi ^^tip niea Svta' ojrjp iezlv adv- 
vatov. ovx apa ^ [iBiioiv xax akko xal akko arniBlov 

20 SiaiQitzttf xattt zo avzo aga [lovov SittLQBtzKi' oXE(f 
SSbi Set^ai. 

'H QTjzov xttl fiicov2,Svvanivr] xttd^ ¥v (lovov 
OrilfiBtov SiaiQstttti. 
25 "EfSta ^ritov xal fiieov dwaftivt] r} AB Sifjpijitivfj 
xttza t6 r, mOts tag ^T, FB Svvafiit ttavftfiitQOvg 
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XLV. 

Becta maior in uno tantum puncto diuiditur. 

Sit jiB maior in F ita diuisa, ut AF^ FB potentia 
incommensurabiles sint efficientes summam ^ JT^ + FB^ 
rationalem, AFxFB autem medium [prop. XXXIX]. 
dico, AB m nuUo alio puncto diuidi. 
-A nam, si fieri potest, etiam in /d diuidatur, 

ita ut Ajdj ^B potentia incommensurabiles sint 
^^ efficientes summam A^^ + AB^ rationalem, 

AA X jdB autem medium. et quoniam, quo 
' ^" AI^ + FB^ ab AJ^ + AB"" diflfert [prop. XLI 
' lemma], eo etiam 2AJXAB a ^AFxFB 



-B differt [cfr. p. 122, 10 sq.], et Aiy + TB^ excedit 
A^^ + AB^ spatio rationali (nam utrumque ratio- 
nale est), etiam 2AAXAB excedit ^ArxTB 
spatio rationali, quamquam media sunt; quod fieri non 
potest [prop. XXVI]. itaque maior non diuiditur in 
punctis diuersis. ergo in uno tantum diuiditur; quod 
erat demonstrandum. 

XLVI. 

Becta spatio rationali et medio aequalis quadrata 
in uno tantum puncto diuiditur. 

Sit AB recta spatio rationali et medio aequalis 
quadrata in F ita diuisa, ut AF, FB potentia incom- 
mensurabiles sint efficientes AT^ -\- FB^ medium, 



vdfisig P, corr. m. 1. 11. T(i5v dno] m. 2 V. ^ijxcSv F. 

12. di F. ttTmv P, corr. m. 1. 14. to] corr. ex tov V. 

17. To] rd V. 20. onsQ ^dsi. dsi^ai] comp. P, om.^^^\i. 

24. Post Siaiifsttcci add. sCg td ovofiaxa l^^oii l^^^^V^, ^ 
m. 2. 
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tlvai Ttoioveag ro ftiv tJvyxeifievov ix zmv aao xwv 
AF, FB nsaov, t6 Sh dtg vno rav AF, FB ^rjTov 
kiyca, OTL fj AB xa-c aXlo 6j}(1Siov ov diaiQ£iTai. 
Et ■ykt) Svvcaov, 5t]jpi;ff9-(a kk! xuta zh A, were 

5 xaX zits AA, /IB dvvafiei aevftfiBzpovg eivai noiov- 
aas t6 {liv evyxEifisvov ix zinv a^b zav AA, AB 
(lieov, zb di Slg vnb zav AA, AB pijTov. insi ovv, 
a SiarpiQBi zb rfJs vnb t£v AF, FB tov dl^ vizb tiav 
AA, AB, Toiirro diatpeQti xal ra aao Toji' AA, AB 

T(5v n;r6 tcov AF, FB, t6 Ss Slg vnb zciv AF, FB 
TOu Slg vxb TMV AA, AB vxsQiisi ^Tjza, xal ra 
asb tav AA, AB apa zmv kjto t<5v AF, FB vn- 
epix^i Q^ra (liea ovzw otzsq iazlv advvarov. ovx aqa 
7j QTjrbv xal (lieov dvvaftiv^ xax aXho y.ai a'kXo ffij- 

5 ^slov SiaiQslrtti. xata %v aga atjfisiov SiaiQsttai' 
ojtEQ ISsi Sst^ai. 

'H Svo ftiaa dvvafiivt] xaO' iV fioVot' flij- 
^eiov SiaiQElrai. 
Eoxca [Svo (iiaa Svvafiivij] 1} AB dtrjQrjfiivfj xkzk 

t6 r, Sdxs xas AF, PB Swdfisi aavfifiBXQovg slvai 
Kotovffa? To xs avyxsifuvov ix tmv axb tmvAr,rB 
fiiaov xal zb vitb zav AF, FB fiioov xal Iti aavfi- 
listgov xa avyxstfiiva ix zav an avtav. liyta, Szi 

6 ^ AB xat alXo ariftstov ov SiaiQsirai noiovOa za 
TtQOXsifisva. 



2. FB] in ras. '^ 
. Theon (BFVb). 
. 1 litt. F. AB e«*t< 



si]S' 1 

l^aV.' 



I, OVyKsiliflrOV llt tMV V. Sis] I 

rr. ei qtto V. 3. Post liy» I 
4. nai] om. Bb, poitea &dcl.r 
c 1 . o, *ai] supra Bcr. V. 6. njro tiov — 7, piro*] inl 
/as. m. 1 F. 6, JB] JB, KZ b. 7. Si] S' BFb, Sh «vfm 
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2 AFxrB autem rationale [prop. XL]. dico, AB in 
nnllo alio pnncto dinidi. 

. nam si fieri potest^ etiam in ^ ita diuidatur, 
nt ji^d, ^B potentia incommensurabiles sint ef- 
■ j ficientes AJ^-^-ZlB^ medium, 2A^X^B autem 
•r rationale. iam quoniam, quo diflfert 2 AFxrB 
a 2AJX^B, eo etiam JJ^ + ^B^ ab AF^ + FB^ 
diflfert, 2ArxrB autem 2 JJx ^B excedit 
spatio rationali, etiam A/il^ -{- ^^^ excedit 
AF^ '\' FB^ spatio rationali, quamquam media 
snnt', qnod fieri non potest [prop. XXVI]. itaque recta 
spatio rationali et medio aequalis quadrata non diuiditur 
in punctis diuersis. ergo in uno tantum puncto diui- 
ditnr; qnod erat demonstraiidum. 

XLVII. 

Becta duobus spatiis mediis aequalis quadrata in 
nno tantnm puncto diuiditur. 

Sit AB in F ita diuisa, ut AF^ FB potentia in. 
commensurabiles sint efficientes AF^ -{■■ FB^ medium 
et AFx FB medium et simul quadratis AI^ + FB^ 
incommensurabile [prop. XLI], dico, AB in nuUo alio 
puncto diuidi, ita ut proposita efficiat. 

BV. ^ Slg aqa V. 11. tal to P. 12. twv] (alt.j) corr. 

ex T« m. 2 F. 14. arjfisia P, corr. m. 1. 15. yiad' BFb. 

xara — 16. dsi^at] m. 2 V. 16. onsQ ^Sst dgtgat] comp. 

P, om. BF. 17. fit'] e corr. F. 18. 17 Svo usoa] in ras. 

m. 1 F. 19. diaiQSiTui slg ta ovoiiata Theon (BFVb). 20. 

dvo (isaa $vva(isv7}] om. P. 23. xal to — (isaov] mg. m. 

1 P. to] t6 avy^sifASvov in tmv V. 24. tco avyyisifiivco] 

ego; t6 avynsCnsvov PBFVb. Post avTcov add. t6 (corr. ex 

10 m. rec. P) avyyLsiyLivco (corr. ex -fisvov m. rec. r) ix tmv 

^n' (corr. ex dn m. 2 V, aw' b) avxa^v (xEx^cqci^v^atJ ^^^*'^^ 

:»• m. 2) BFVb, P mg, m. 1. 
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Ei yiiQ dvvtcrov, tft^ptJffS'» xttra ro z?, coezs nitkiv 
dijlovozi. T^v AF Ttj ^B (iij slvat zi}v avTi\v, kAAk 
[lEi^ova Mtt*' vno&aOiv tijv AV, xaX ixxsio&a ^jjr^ 
ij EZ, xal na$a^s^k-qa&co naga zijv EZ TOtg jilv amo 
6 rav AT, FB faov ra EH, ra ds 6ls vnb tidv AT, 
FB i'6ov ro QK- oAor aQa ro EK raov iatl rp axo 
T^S AB rstgayavc). wMv dij naQtt^s^XiiO&a naQa 
njv EZ rotq kwo tav A^, AB taov ro EA' XotTtov 
ttpK ro 6lg v:i6 rtov A^, ^B loixm ta MK teov 

10 iariv. xttl insl fiiaov vnoxeirai ro avyx£i[ievov ix 
tav K)t6 rSv AF, FB, (tieov aga i(Jrl xal to EH. 
xal JCttQct Qtirijv rijv EZ itagaxEirtti' Qrjtij aqa iarlv 
?} &E xal aavfifiETQOs r^ EZ (ijjxst. Sia tu avza Si} 
xal ^ &N pjjr») iari, xal aav}iiiEtQ0S ttJ EZ fijjxEi. 

16 xal ixsl daiififtErpdv ian rb avyxsijisvov ix rav dnb 
rav AF, FB ta 8X5 vnb t(Sv AF, FB, xal rb EH 
RpK Tffip HN aavfktiErQov iativ mtJTS xal ^ E& tj) 
&N davniiEtQos iativ. xai sloi. pjjTffi' at E@, &N 
ttQtt Qiirai slsi dvvKftsi. jiovov avfiiiETQor *j EN «p« 

2u ix Svo ovoiidrav iarl SiriQ7i(iivii xata ro &. 6[ioiag 
6fi dEii,o(iEV, OTt xal xara to M di^prirai. xal ovx 
seriv i} E® T^ MN •ii awTjj" i} aQa ix 8vo ovo}id- 
rcav Xttt ullo x«l aXi,o at]{istov di^Qrjraf onsQ iativ 
atonav. ovx aga jj dvo (Lsaa Svva(iiv^ xax akXo xal 

25 alXo atjfistov StaiQstraf xa&' 'iv aQu (lovov [atjjiElov] 
StttiQttrai. 

^irKttl^^ia V. 3. *tla&w P. 6. Ej?] corr. ex &K 
m, 2 P. 10. iaxi BV, comp. Fb. 13. SE} EO P. 14. 
ieziv P. 15. zi — IS. ifflt in rae. m. 1 F. 16. i(nl ™ 
evyK[ip.hii< l* tSv (Toil F) tVh. Sii) Bupra Bcr. F, ' vni] 
in tas. F. TB] BT' F. EN b. 17. «pa] Dm. V. i^] 
uint. in tav m. 2 V. HN] SK BFb, @K apa ¥, 18. 
//rrtyj coiap. Fb, iutl /njn»! V. tifliv P B. 19. t^9i« PB. 
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nam^ si fieri potest; in A ita diuidatur^ ut scilicet 
rorsus AF^ jJB eaedem non sint^ sed supponatur maior 
M & j^ AF^ et ponatur rationalis EZ^ 
et rectae EZ quadratis ^F^ + 
FB^ aequale adplicetur EH^ rect- 
angulo autem 2 AFxrB ae- 
quale ®K. itaque EK = AB^ 
[II, 4]. iam rursus rectae EZ 
quadratis AA^ -{' AB^ aequale 



-J 



-r 



-B 




A H 



adplicetur EA. itaque quod re- 
linquitur, 2 AA X AB = MK. et quoniam suppo- 
suimus, AF^ + FB^ medium esse, etiam EH me- 
dium est. et rectae rationali EZ adplicatum est; itaque 
0E rationalis est et rectae EZ longitudine incommen- 
surabilis [prop. XXII]. eadem de causa etiam ^iVratio- 
nalis est et rectae EZ longitudine incommensurabilis. 
et quoniam ^F^ + FS^ et 2 AFx FB incommensura- 
bilia sunt, etiam EH, HN incommensurabilia sunt. 
quare etiam E®, @N incommensurabiles sunt [VI, 1; 
prop. XI]. et sunt rationales. itaque E®, 0N ratio- 
nales sunt potentia tantum commensurabiles. ergo EN 
ex duobus nominibus est in ® diuisa [prop. XXXVI]. 
similiter demonstrabimus, eandem in M diuisam esse. 
et E&y MN eaedem non sunt. itaque recta ex duobus 
nominibus in punctis diuersis diuisa est; quod fieri 
non potest [prop. XLII]. itaque recta duobus spatiis 
mediis aequalis quadrata non diuiditur in punctis diuersis. 
ergo in uno tantum diuiditur. 



21. dtae^etrat V. 22. MN aQoc b. ^x tav P. 23. 
UTonov iativ V. 24. rj] corr. ex ^x V. 25. ?ya F. «i\^%vw\ 
om. P. 
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"Opot SBvteQoi. 

tt. 'Taoxiiftdvtjs pjjii)? Xttl r^s ix Svo ovojiatav 

Stjitf7ifiiv»is Big ta ovofiata, »js ro (isi^ov ovo[ia tov 

ilaStsovos fA6E5ov Svvatat ta «reo sviifih^ov iavt^ 

6 /fijifft, iav jiiv To iiat^ov ovofia BiSfijxjrpov r; ftijxfi 

T^ ixxei[iev^ ^rjt^, xaXBteQa [^ oA»/] ix Svo ovofid- 

§i'. Eav Se TO i^ctffsoi' ovOfia iTii^ftftpov jj [irjxet 
vrj ixxst}iEvri Qrjtfj, xaXeCe&fa ix ffuo 6vo(iata)v 
10 Sevtiga. 

y . 'Eav Se ftrjSdrtQov riov oifOf^aroiv 0v(i(iErpov 

JJ fll]}<C[ T^ ixXElflBVtj pijtfj, XkAeiWg) SX fivo OVOfift- 
ttOI' tJITlJ. 

tf'. ndliv Sii iav to fifi^o!' ovojxa [tow IAkOuovos] 

15 ftetgoi' tfiJVJjrct Tca R^to aavmietQov iavty fnjxft, ^di» 

ftJv to (ut^ov ovofiR ai;f(ft£t(iov ij (i^xei TJj ixxeifti 

^ijT^, xaXeie&o) ix Svo ovofidtcov TETWpTi 

e'. 'Eav Si i6 fAaflOov, nejiTttt}. 

S'. '£av d^ (i}]SEreQov, ixrij. 



, fi»j. 

E-ifQttv tijv ix diJo ovo/iKTOv ;tpoJr»)v. 

'ExxEia&aaav Svo aQi&fiol of ^r", jTB, (o0t£ 

avyxetfievov i^ avriav tov AB srpog (tlv tov SFAoyov' 

^X^tv, ov rEr^nyavog aQt&ftog ngog tEtpdyaivov api- 

& &ii6v, jrpog rfc tov FA i.6yov (irj i'x^tv, ov tErpdya- 

vog dgt&iiog xpog tEtQayavov &qi&^6v, xal ixxEie&a 



1 



1. otfot SEuTfpoi] mg. B, m, 3 V, ora. F, ftij' t 
om. codd. 4. AttiTOvoe BFb. aut^ B, coir. m. lec; el 
Bupra ecr. lo h; l- e corr. V. 5. fiijKii'] (alt.) om. V, ra. 2 F 
(erae.). 8.' ^ijt^ fi^jid FV. i; 3lfj] aupra 6Cr. m. 2 P, Sitii B. 
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Definitiones alterae. 

1. Proposita recta rationali et recta ex dnobus no- 
minibus in nomina diuisa, cuius nomen maius potentia 
minus excedit quadrato rectae sibi longitudine com- 
mensurabilis^ si maius nomen rationali propositae lon- 
gitudine commensurabile est^ uocetur ex duobus no- 
minibus prima. 

2. Sin minus nomen rationali propositae longitudine 
commensurabile est^ uocetur ex duobus nominibus se- 
cunda. 

3. Sin neutrum nomen rationali propositae longi- 
tudine commensurabile est, uocetur ex duobus nominibus 
tertia. 

4. Bnrsus si maius nomen potentia excedit quadrato 
rectae sibi longitudine incommensurabilis^ si maius 
nomen rationali propositae longitudine commensurabile 
est^ uocetur ex duobus nominibus quarta. 

5. Sin minus commensurabile esfc, quinta. 

6. Sin neutrum; sexta. 

XLVin. 

Inuenire rectam ex duobus nominibus primam. 

Exponantur duo numeri j^F, FB eius modi, ut 
jiB : BF rationem habeat, quam numerus quadratus 
ad numerum quadratum, ^B autem ad FA rationem 
non habeat, quam numerus quadratus ad numerum 
quadratum [prop. XXVIII lemma], et exponatur ratio- 

8. f*^xfit] om. V. 9. ^??T^ firjiiSL V. 17 oXr} ^x F. 14. 
tov iXaaaovog] m. 2 P, tov iXocTTOvos V. 15. aviifistqov BFb, 
corr. m. 2. savtjj] supra scr. 00 b. 16. ovofia] om. V. 19. 
Seq. schoL, n. app. 20. fid'' F. 23. tov'] (prius) corr. ex 
tmv V. 26. FA] ras. V. 
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^jjTJj «po; f^ffrl «al ^ EZ.. xkJ yeyovdTDi tog 6 B-<4 
apidftog JTpog rov ^r", ovros ro areo t^s £Z irpog 
ro £MEO rijs Zif. 6 di AB Jtpog tov AF Aoyoi' S%£t, 
h ov dpi&fios ffpog agi&fiov xal ro anb tijg EZ aga 
3rp6? ro dno trjg ZH Xoyov SxBt, ov dQL&[i6g jtgog 
d^i&ftov agrs evftfiirQDV iari ro ttTzo r^s EZ rm 
djta r^g ZH. xaC icri pjjr^ i EZ' pTjri] «p« «al ^ 
ZH. xal iTttl 6 B^ Jrpog tov viF Aoyov ovx fjjif, 

10 ov rETpa^yojKOS Kptd-zios Jipos T£Tpa'y(iJVOV «pt^ftov, 
oviSi t6 KTto rijg EZ ap« 7rp6s t6 diio r^g ZH Xoyov 
^XEi, ov rttQKyavog dpiQfios Jrpog rErpayovov apt^^oV" 
«OtJftftErpos ap« ^ffrii' ^ £JZ r^ Zif .uijmei. af EZ, 
ZH apa ^jjrat f^fft iJuvKfUi ftdvoi' ffrfi^Erpof ^x tfiJo 

15 apK ovofitttaiv isrlv ^ EH. 
Aiyto, oti xttl JTQtorij. 

'EtisI ytip iattv a>g b BA api^&fiog npog rof AF, 
ovTCig t6 djib rijg EZ «365 ro aw6 r^g ZH, ^ei^mv 
6h 6 BA rov AF, (lei^ov apa xecl ro airo r^s EZ 

20 roiJ «roo r^s ZH. Sera ovv ra «nh r^g EZ f«« ra 
ano TKiv ZH, ®. xa) inei ienv ag o BA irpos rov 
AF, oirtras ro a;r6 tijs EZ jrjjog to ««6 r^g ZH, 
dvaaTQiil>avti aga ietlv ag o AB TtQog t6v BF, owTtos 
ro KJrd Tris EZ jrpog ro dno rij^ 0. 6 ds AB stQog 

26 t6i' BF Xoyov i'j:", ov tsTQayiavog «pt*f(6g Jrpo? rerptf- 
yavov dffi&fioV xal ro «jto rijs EZ dga agog to 
dno r^s ® Aoyov ij;") •'*' TfTpa^ywvos aQi&iiog xqos 
tsTQdymvov ttQi&fiov. 0V(i[ierQog «pa iatlv i) EZ rg 

1. nffl aiipra scr. m. 1 V. 2. Iirrl Ma/] iativ B. 3. 

^rj r.^ PVb. Dein add, api#f.ov V. 4. ZH] H eraa. F. 

J d/ ~ 5. api&fiov] mg. m. 2 B. 6. 5* P, 8. iuTiji B. 
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nalis aliqua /1, et rectae z/ longitudine commensura- 
bilis sit £Z; itaque EZ rationalis est [def. 3]. et fiat 

^: , « , BA-Ar=EZ-'.ZW 

[prop. VI coroll.]. uerum 

Z K AB\Ar rationem ha- 

^ r B ^®*; quam numerus 

' ' ' ad numerum. itaque 

etiam EZ^iZH^ rationem habet^ quam numerus ad 

numernm. quare EZ*^ ZH^ commensurabilia sunt 

[prop. VI]. et EZ rationalis est. itaque etiam ZH 

rationalis est. et quoniam BAiAF rationem non 

babety quam numerus quadratus ad numerum qua- 

dratum, ne EZ^ quidem ad ZW rationem habet^ quam 

numerus quadratus ad numerum quadratum. itaque 

f^Z^Z J71ongitudine incommensurabiles sunt [prop.IX]. 

quare EZ^ ZH rationales sunt potentia tantum com- 

mensnrabiles. ergo EH ex duobus nominibus est [prop. 

XXXVI]. dico, eandem primam esse. 

nam quoniam est 5^:^r= EZ^ZfZ^, et 5^ >^r, 
erit etiam EZ^>ZH^ [V, 14]. sit igitur ZH^ + & 
= EZ^. et quoniam est 5.^ : .^r = EZ^ : ZH'^, conuer- 
tendo [V, 19 coroU.] est AB:Br= EZ^iS^. uerum 
JBiBF rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque etiam EZ^:®^ rationem 
^Bhetj quam numerus quadratus ad numerum quadratum. 
9uare JBZ, longitudine commensurabiles sunt [prop. 

»- BA] mut. in AB V. ovx] postea ms. F. 14. ZH — 

?V9^€i(i^i] m. 2 B. 8laLv P. 16. ccQocj m. rec. b. 17. 6] 

^ ^sa. m. 1 P. AB F. 18. to\ (prius) supra scr. m. 1 P. 

P^^Ctov F. 20. Tc5] corr. ex to V. 21. AB P. 26. t6v\ 

??^- BFb. JBF] r snpra scr. V. 26. EZ^ X^ ^oti. ^t. 

^^ T. 27. 9] Beq, ras. 1 Jitt. F. 
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& fiTjxjc ^ EZ aqa t^g ZH fifrSov Svvazai ttS tJ^ro 
evfifiBTQov Bavrfj. xai tiai Qtjzal al EZ, ZH, xal 
Ovfi(i£tQog 7} EZ Tfs /J fiJjxft. 

'H EH uga ix dvo ovo^Ktav iOTl itQtaTiq' oXsf 
3 idai. dEt^tti. ^H 

■ 

EvQslv Ttjv ix Svo 6vo(iaTO}v devTSQav. ^| 
'ExxEia^aeav Svo «pi^&ftol ol AF, VB, roffrf rbv 
avyAciittvov i^ avtmv Tor AB srpog (ihv tov BF ?.6- 

jo yov ix^tv, ov TiTQiiymvos ciQi&fios Jrpog TETQayiovov 
apt^jioV, jrpog Si tov AF loyov fiij ix^iv, ov rerpa- 
yavog apt&iiog ngog xexQKyasvov afiid-(i6v, xal ixxBla- 
Qa Q^zi} Ti ^, xal t^ ^ avfifittgog Isto} r] EZ (iT,x£r 
pijt^ apa iOTlv 7} EZ. yByovixia 3ij xal tag 6 VA 

15 aQi.Q(iog rcpos xov AB, ovrmg to kjto t^s EZ jrpog 
to KJio T^g ZH fliSftfiftpov aga iffti to rjto rijs £Z 
T^ «w6 tijs ZH. pfjti) KpK Effti xni T] ZH. xai iTttl 
6 FA agi9(ios ngos tov AB X6yov ovx ix^i, ov «tpa- 
yesvog agi&jibg jrpog Titgayavov agi^^iov, ov6'b to 

20 ttito tijg EZ Jtpog i6 «Jio t^g ZH Xoyov Ix^i, 

tpayrovog apt^fiog jrpos tBtgayaivov a(fi&(i6v. aevn- J 
(lEXQoq &Qa iatlv 7] EZ i;; ZH fiijxfi' «f £Z, ZHM 
cepa prjTtti eiet Swafiei fidvou tfiJfiftErpot' ^x dvo apirl 
ovOfiKtrai' ioTlv ij EH. 

95 jdEixxiov S'^, oti xal dfVTiQtt. 

2. !laiv PB. 3. aavjififTeos F, a- erai.; Uemde adifl 

wnjiEi, del. m, 1. Poat uijxti del. uoiifi^tfrpoi m. 1 F. 
onsp l^ait «ec|a.] oomp. P, om. BFVb. 6. v' F, et aic 
cepe. 8. Td»3 eorr. es td m. 2 V. 11. r^ BVb. 
tetgaYtavoe F. 13. £Z] ZH BVb, iu ras. P, m. vec. P. 
^i^ — EZ] Kol ij ZH Bvoc pVi' ea"» F. EZl ZH BV| 
m. rec. P. yiYOvhai dn taC] ««l ('dto) V. Se F, soi 

Birr. efi^; 16. EZ] HZ F, et COtr. eiL Z H V. ZH Bb, PJ 
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IX]. itaque EZ* excedit ZH^ quadrato rectae sibi 
commensnrabilis. et EZ, ZH rationales sunt, et EZ, z/ 
longitudine commensurabiles. 

Ergo EH ex duobus nominibus est prima [def. 
alt. 1]; quod erat demonstrandum. 

XLIX. 

Inuenire rectam ex duobus nominibus secundam. 
Exponantur duo numeri Ar, FB eius modi, ut 
AB ad BF rationem habeat^ quam numerus quadratus 
ad numerum quadratum^ a,d AF autem rationem non 
babeaty quam numerus quadratus ad numerum qua- 
. ^ dratum [prop. XXVIII lemma]. et po- 

natur rationalis ^, et rectae z/ longi- 
tudine commensurabilis sit EZ] itaque 
EZ rationalis est. iam fiat etiam 
FA: AB = EZ^ : ZH^ [prop. VI coroU.]. 
itaque EZ^, ZH^ commensurabilia sunt 
[prop. VI]. quare etiam ZH ratio- 
nalis est. et quoniam rA:AB rationem non habet^ 
quam numerus quadratus ad numerum quadratum^ ne 
EZ^ quidem ad ZH^ rationem habet; quam numerus 
quadratus ad numerum quadratum. itaque EZ^ ZH 
longitudine incommensurabiles sunt [prop. IX]. quare 
EZj ZH rationales simt potentia tantum commensu- 
rabiles. ergo EH ex duobus nominibus est [prop. 
XXXVI]. iam demonstrandum; eandem secundam esse. 

rec. 16. ZH] ZE BFVb, m. rec. P; item lin. 17 bis, 20, 22. 

16. EZ] HZ B b, et corr. ex ZH V. ZH F, P m. rec. 17. iaxCv B. 

18. TAl in ras. V. 19. ovd &qoc Theon (BFVb). ?IQ, 
EZ] HZ BFV, et e corr. m. 1 b. ^^. ET?^ llX^\i,^ ^s^. 
rec; Zlf Y, ZH' F, xrjg b. 23. ilaiv B. ^^. ^% ^ * 



'Exel y(tQ avaaaXiv iOTtv ag 6 BA aQi&fiog wpog 
Tov Ar, ovTtog To aao r^g HZ icqo^ to axo t^? ZE, 
^d^av Sh 6 BA tov AF, ^ei^ov aga [xal] tb anb 
zijg HZ rov anb T^g ZE.^ i'ffT(o tw kjto trjs HZ Cca 
5 ta KJto tav EZf &' uvaGtgeilravti. affa iailv rog 6 AB 
Jlpog tbv BT, ovtag tb anb f^g ZH jrpog ro axb 
r^g &. ciXX AB itQog tbv BF Xoyov Sx^t, ov zstga- 
yavog «ptft/tos «pog tBtf/ayavov apt&ftov xal ro «jro 
t^gZ Hagu srpog to K;to t^g @ ^o^yov ix^h ■'f tfrpa- 
10 /'cavos as}i&[ii}g ffpog rBtQuyavov ttp(.d'(jdi'. Ovftftsrpos 
Kpa iffTir r; ZH tjj & /iijxsi' roffTf ^ Zif TJjg ZE 
ft£E£ov tftJwKTai tra anb «vfiftETpou ekvtjj. xat f('fft 
pijTccl cff Zff, Z£ dtifKfiEt ftdvov ev[i{i£TQot, xal to 
£Z IXaeOov owofia ti] ii{XBt(idv}j ^tjtij evfifiSTpov iett 

15 T^ .^ ftJJKft, 

'H £i/ «pK ^z 6vo ovoficitcov fffri rfevTjpK' Snep 
iSsi dit^at.. 

EvQEtv T^v ix Jtjo dvofiKTojw rpitiji'. 

20 'EKxeia&aSav Svo agt&fiol' ol AF, PB, mate tbv 
avyxtifisvov i^ avrmv tbv AB xpbg [Iev tov BF X6- 
yov ix^iv, ov TttQKycovog apt&fibg jrpog tstpKyiavov 
agt&iiov, srpoe Sh tbv AV Xoyov ^^ *ZS'^3 •'" ^fTpK- 
ycovog apt&fibg tpog Tctpaj^Qivov Kptd^ftdv. ixxeia&a 

25 Si Tig xal aKXog fti) TerpKj/tavog apt&fio? 6 z/, xa! 
jrpog ExoTEQOv tSv BA, AF koyov ft^ ixi^f^j o* '^^ 

1. AB P. B9(fl'/»o5] om. b, 2. HZj EZ BPVb, m. 
rec. P, item lin. 4 bis, ZEJ ZH BFTb, m, rec. P, item 
lin. 4, 11. 3. iteiSmv — AP] mg. m. 1 P {fifijo», aed corr. 
m. 1). Byl] ,i e corr, V. xn/] om. P. 5. EZ] HZ 
BPVb, m. rec. P. 6] tj b <p (non F). 6. ZH] EZ BFVb, 
m. rac. P, item Iin. 9, 11 h\s. 8. -AHi — VQ. aBi^^QD'^ m^. m. 
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nam quoniaju e contrario est [V, 7 coroll.] Bj4 : AF 
= HZ^:ZE^, et BA>Ar, erit HZ^>ZE^ [V, 14]. 
sit HZ^ = EZ^ + e\ conuertendo [V, 19 coroll.] igitur 
est AB : BF = ZH^ : ®\ uerum AB : 5r rationem 
habety quam numerus quadratus ad numerum qua- 
dratum. itaque etiam ZH^:@^ rationem habet, 
quam numerus quadratus ad numerum quadratum. 
itaque ZH, @ longitudine commensurabiles sunt [prop. 
IX]. quare Zif* excedit ZE^ quadrato rectae sibi 
commensurabilis. et rationales sunf ZH^ZE potentia 
tantum commensurabiles, et minus nomen EZ rationali 
propositae A commensurabilis est longitudine. 

Ergo EH ex duobus nominibus secunda est [def. 
alt. 2]; quod erat demonstrandum. 

L. 

Inuenire rectam ex duobus nominibus tertiam. 

Exponantur duo numeri AFy FB eius modi, ut 
^B ad BF rationem habeat, quam numerus quadratus ad 
numerum quadratum, ad ^^Fautem rationem nonhabeat, 



B 



E\ 1 K\ 



Z H 

\ 1 1 



4^«ni numerus quadratus ad numerum quadratum. ex- 
Ponatur autem etiam alius aliquis numerus non qua- 
dr-^tus ^, et ad utrumque BA^ AF rationem ne habeat, 

1 ^. 12. slaiv B. 13. EZ, ZH BFVb, m. rec. P. 14. 
^Z] ZH BFVb, m. rec. P. ^Xatrov BVb, comp. F. avii- 
Pgt^ov iati vj Theon (BFVb). avfifistgov iati\om. Theon i 
(^PVb). 16. 07C6Q id8L dstkai'] comp. P, om. BFVb. ^Q. * 
"^^o^ooffav, supra scr. i%, Y. dio\ corr. ex. ol tsl. x^^.^. 
26. uQi^^/jtos] om. Y. 
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rpaytavos aptfffiog JtQog TiHQaytovov aptdfiov xal ix- 
xsiod^a rig pi;r^ sv&Bta 7] E, xal yEyovdrm ag 6 ^ 
^gbg Tov j4B, ovrcog to «reo i^s ^ "^pog ro anb rijs 
ZH' avfiiisrQov a^a ierl ro «jto rijg E tp «jro rijg 
6 Zif. xai iatt Qtjri} rj E' pjjT^ Kp« ^(ItI xat ^ ZH. 
xal insl 6 ,d xpog rov AB loyov ovx ix^i, ov TEZQa- 
yiavog aqi&^bg wpog nr^ayavov agi&iiov^ ov3h rb 
«jrd r^gEnQog ro UTcb zijs ZH Xoyov ^XEi, ov rerpK- 
yavog ap^&juog jrpog rBrQayavov «ptO^^oV" afftijtjifrpos 

10 apM iorlv jj E r^ XH ^tjxei. yEyovira drj xdkiv tag 
tj BJ aQi&fi,bg repog tov ^F, ovrcjj ro areo r^s ZH 
itpbs To «reo 1% H®' GvfiiiEZQOv «pa ^ffri ro «^ro 
T^g ZH ra anb r^s H&. pijr^ tfi ^ ZH' grirT} aQa 
xaX ^ H&. xal iitsl o BA JCpos rov AF loyov ovx 

16 ixBi; ov rerQayfavog aQi&fibg jrpoj TSTQayavov aQiQ^fiov, 
ovdi rb anb r^g ZH nQog rb axb rijg @H Koyov 
iX^i, ov rsTQayavog aQi&fibg repog rsrpKj-civov ccqi- 
9fi6v devnfisTQog aQa isrlv rj ZH TfJ H& fi^^xsi. 
at ZH,H@ a.Qa ^riTaC sloi Svvttnsi (lovov aififiErQof 

20 ij Z@ «Qtt ix Svo ovofidrav ioriv. 
Aiyta S'^, ort xal rp^rij. 

'Easl ydQ iuriv dtg b ^ Jtpog rov AB, oStos to 
anb rjjg E irpog ro offo xijg ZH, dig 61 o BA JtQog 
rbv AF, ovtag t6 dnb t^s ZH nQog ro dnb rijs 

36 H@, dt loov aga iarlv ag 6 A jrpog roi' AF, ovriog 
To «;ro r^s E repog ro dab rfjg H®. 6 Sl ^ nrpog 
ror AT loyov ovx ixsi, ov rsrQayisivos «pift;tog irpog 
rfTp«Vti"'Oi' dQt&fioV ovSl To «;t6 r^g E np« npog 
To anb T^g H& Aoyoi' ixBt, ov TetQdyoivos dgi&fibs 
8. frjT^] m. 2 F. Z. xri ZH b. 4. 
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quam numerus quadratus ad uumerum quadratum; et 
ponatur aliqua recta rationalis E^ et fiat ^\AB = 
E^iZlP [prop. VI corolL]. itaque E^^ ZH^ commen- 
surabilia sunt [prop. YI]. et E rationalis est; quare 
etiam Z if rationalis est. et quoniam ^iAB rationem 
non habet^ quam numerus quadratus ad numerum qua- 
dratum, ne E^ quidem ad ZH^ rationem habet^ quam 
numerus quadratus ad numerum quadratum. itaque 
E^ZH longitudine incommensurabiles sunt [prop. IX]. 
iam rursus fiat 5^ : ^F = ZH^ : H®^ [prop. VI coroU.]. 
itaque Zif^, H@^ commensurabilia sunt [prop. VI]. 
uemm ZH rationalis est; itaque etiam H0 rationalis 
est. et quoniam BAiAF rationem non habet^ quam 
numerus quadratus ad numerum quadratum^ ne ZH^ 
quidem ad H&^ rationem habet^ quam numerus qua- 
dratus ad numerum quadratum. itaque ZH^ H® lon- 
gitudine incommensurabiles sunt [prop. IX]. quare 
ZHy H@ rationales sunt potentia tantum commensu- 
rabiles. ergo Z@ ex duobus nominibus est [prop. 
XXXVI]. iam dicO; eandem tertiam esse. nam quo- 
niam est J:AB = E^:ZH^ et BA:Ar=ZH^:H®\ 
ex aequo [V, 22] erit ^:Ar=E^: H@\ uerum ^:Ar 
rationem non habet^ quam numerus quadratus ad 

11. BAl AB' F. x6v\ om. B. 14. TA F. 16. @H'\ 
in ras. V, HB F. 18. htlv\ lcxl %al F. ZH] e corr. m. 2 
(ex HZ?) V. Tj] m. rec. P. 0if F. 19. He\ in ras. V. 

bIcw B. 20. iatl BV, comp. Fb. 22. m\ supra scr. 
m. 1 F. 23. ZH] HZ F. BA] AB P, AB' F. 24. xov] 
om. P. AT] corr. ex ABm. 1 F. 26. H&l Z0 P, corr. 
m. rec. (enan.). 28. xBxqaymvoq F, corr. m. 1. 



Haclidea, edd. Heiberg et Menge. IH. VQ 



14l5 STOIXEIGN r. 

wpog TBz^aycovov aQi&(i6v aavfifiiTQOS «P« iatlv i/ 
E rfi H& ff^xti. xal inU iaziv «ig o BA jrpog xbv 
AT, ovrag ro dtno tjjg ZH TtQog to ktco t^s H®. 
list^ov aQU t6 aai) Trjg ZH xov aito T^g H&. iaxm 

5 OVV TCO Kjro T^S ZH fOK TK KJTO TtOV i^fet, Jf' KVK- 

aTQBipttvTt apK [/ffTJi'] tag o AB jrpog tov Bi^, oijtiag 
t6 «jro T^g ZH jrpog ro «;i6 Ti^g JiT. 6 81 AB itQog 
Tov BF Xoyov ^X^i-, ov TBtgaytavos Kpt.&fi6g n;p6g te- 
Tffdycavov aQi&fiov xal ro «reo T^g ZH apa Jtpoff t6 

10 «mo T^s ff loyov %«, ov TETpayajvos aQi&fiog jrpo; 
raTpaj/rawow «pifl-^oV" nv^fiErpog ap« [iazlv] rj ZHTrj 
K if^xEi. ^ ZH agu t^s H& fisi^ov Svvazai rp ajro 
OvfifihQov iaiir^, xat eioiv at ZH, H& pijTfti dvva- 
fist (lovov aviifieTQOi, xal ovSetiQa avtmv avtiiierQog 

16 ieri T-rj E (tijxEt. 

'H Z& uQa ix 6vo ovofiKTtov ietl TQit-q- oncQ 
sSei Stt^at. 

EvQEtv rijv ix dvo ovoy^dxav xsTaQTtjv. 

20 'Exxeia&caaav dvo ciQi&fiol oC AF, FB, aars toi' 
AB jrpog Tor BT loyov fiij Sxsiv [I-^ts firjv jrpog tov 
AF, ov TSTQaymvog aQt&fiog Jrpog TfTpKyraroi' api- 
OfioV. xal ixxsia9(o (JfjTij ij ^, xal Trj A tJvfiftsTQog 
iaxco [i^xsi ^ EZ- Qrjri] aQa iarl xal ^ EZ. xai ys- 

26 yovira mg h BA aQi&^og JiQog xbv AF, ovTtog xo 
«jro Tt/s EZ itQog t6 «tto t^g ZH- avfifiBTQav apc 



1. ieTiv} m. 2 F, om. B. 8. toJ (alt.) om, b. 4. tflg] 
(alt.) oiu. b. 6. tniv} om. P. Toil om. Fb. 11. ^oiiM 
om. BFVb. 12. S^u] m. 8 V. _ BvvaTai] -va- in raa. P. 
13. aevfiiiiTQov F, corr. m. rec; a- Bnpra scr. F lu. 2. if6 
«(JiT V. 16, ^ff«i; B. Tn E laxiv F. 16. re/iijl oorr. ex 
piiirl m. rec. b; {rjr^ P, mg, y(). tijitii m, vec. 3Tfp fiJei 
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niuiierQm quadratum. itaque ne E* quidem ad HG^ 
rationem habet, quam numerus quadratus ad numerum 
quadratum. quare E, H@ longitadine iacommensura- 
biles ennt [prop. IX]. et quoniam est BA\Ar = 
ZU*.H&*, erit ZH^>H0 [V, 14]. ait igitur 
ZH^'-H& + K*. itaque conuertendo [V, 19 coroll.] 
AB:Rr~ZH^:K^. uerum ^BrSrrationem habet, 
qaam numerus quadratus ad aumerum quadratum. quare 
etiam ZH':K' rationem habet, quam numerua qua- 
dratus ad numerum quadratum. itaque ZH, K longi- 
tudine commensurabiles suat. itaqae ZH' excedit H@^ 
qnadrato rectae sibi commensurabilis. et ZH, H® 
rationales sunt potentia tantum commensnrabiles, et 
neutra rectae E longitudine commensurabilis eet. 

Ergo Z® ex duobus norainibus tertia est [def.alt.3]; 
qaod erat demonstrandum. 

LI. 

InueBire rectam ex duobus nominibus quartam. 

Exponantur duo numeri AT, FB eius 

modi, ntAB nequeadBJTnequead.^i^ratio- 

nem habeat, quam numerus quadratus ad na- 

merumquadratum[prop.XXYIIIlemma]. et 

ponatar rationalis ^, et rectae ^ longitu- 

dine commeusurabilis sit EZ. itaque EZ 

rationalis est et fiat SA: Ar= fiZ"; ZH» 

-^ [prop. VI coroU.]. itaque EZ^, ZH^ com- 

mensurabilia sunt [prop. VI]. itaque etiam ZH ra- 

ieiiai\ oomp. P, om. BFTb. 21. lov Brj tKazttov avxav 
Theon (BPVb). Brj corr. f^x AF m. 1 V. (ir,ti — ^l.. 
Ar] om. Theon (BFVb). 24. iaiiv B. 5,b. ■BA\ A"'^; "^. 
ift»/tie] om. V. FA F. 26, av|V|i£x«o« ? , »11«. «i. ^ 
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tOri To «sro TJJs EZ Tto «iro t^s ZH' pijrij oipa fOtl 
xal 7} ZH. Kul inti 6 BA jrpog roi' y^r" k6yov ovx 
i%H, ov tBZQayavos aQL&ftbs JCqbq tstqky(ovov uqi^- 
^ow, ovSl t6 «w6 t^? £Z neog t6 «jto r^ij ZiZ 
5 koyov l%si, ov TETQayavos uQi&fibs jrpog rsTQayavov 
ctQi&(iov' a6v(ifi£TQos ttQct iBTiv 7j EZ Tfi ZH (LrpiEi. 
al EZ, ZH KQa Qijrai siei Svvafiai (lovov evfinsTQOf 
mOTB jj EH ix Svo ovo^tarav iezCv. 
Aiya 5)J, OTt xal tEraQTjj. 

10 Ejtsl yaQ sOtiv as o B A npog tdi' AF, otiitog to 

ano T^s EZ xqos to anb t^s Zif [/iftErav ds o BA 
Tov -^r*], ftEt^ov aQtt ro «;t6 r^g EZ rov «no T^g 
Z/f. EBirra ouv tc5 (Jjto r^g -EZ fuc tk ajt6 tov ZH, 
®' dvaSzQiipavTi «pa rag 6 ^5 aQtO^iibs ^pbs tov 

16 -B-T, ovrras to djto tijs EZ jrpos to «Jto t^g ®. 6 61 
AB nQog tbv BF Xoyov ovx s%si, ov zstQaytavos agi&-- 
[log jrpos TfTpaj'(ai'oi' a^i&fioV ovS aga to «jeo 
T^S EZ Jtpog To ajr6 tijs ® i.6yov ix^i, ov zsTQttyto- 
vog aQi9(iog TCQog tetQayavov apt&fiov. aavjiiiEtQOs 

20 Kp« iSTlv t] jEZ r;; ® (t^xec »; £IZ ap« T^g ilZ 
fieE^oi' dwKrat rd airo aOvftfiitQOV savTfj. xai slaiv 
at EZ, ZH Qtjtal dvvdnsi (lovov av[i(iBTSfot,, xal i] 
EZ Tjj z/ aviiiistQ^s iati fx^xfi. 

'H EH ap« ix dvo ovofiaroji' iati rerapTij' ojrep 

26 eSsi Sst^ai. 



1. PoBt ZH add. ^jji^ ^£,(aeq. ras. 1 litt. F) ij E 
2 F. e^J*^ "P"] i] EZ pijrj] «pB V m. 3, ^tjttj ^on» 
iotO om._ b, iarh PB. 2. yial] CpriM) om. BFb. 
..IB P. oux] postea add, m. 1 F. 6, ly] rtjs b. 7. 
8. hti BV, oomp. Fb. 9. 6^] Bupra acr. m. 1 P. 
m. 3 F. .10. BA] corr. ex ^B V. tov] om. Bb, 
ra m. rec. P, 11. neiSmi — 12. AV\ mg. m. 1 in 



&A] 
liatv B. 
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tionalis est. et quoniam BAiAF rationem non 
habety qnam numerus quadratus ad numerum quadra- 
tum^ ne EZ^ quidem ad ZH^ rationem habet, quam 
numerus quadratus ad numerum quadratum. itaque 
JSZ, Zff longitudine incommensurabiles sunt [prop.IX]. 
itaque EZ^ ZH rationales sunt potentia tantum eom- 
mensurabiles. quare EH ex duobus nominibus est 
[prop, XXXVI]. 

lam dico^ eandem quartam esse. nam quoniam est 
BA:Ar~EZ^:ZH\ erit EZ^>ZH^ [V, 14]. sit 
igitur EZ^ = Zlf^-\-S'^. itaque conuertendo [V, 19 
eoroU.] AB:Br= EZ^ : @\ uerum AB:Br rationem 
non habet; quam numerus quadratus ad numerum qua- 
dratum. itaque ne EZ^ quidem ad @^ rationem habet; 
quam numerus quadratus ad numerum quadratum. 
quare EZ^ ® longitudine incommensurabiles sunt [prop. 
IX]. EZ^ igitur excedit ZH^ quadrato rectae sibi in- 
commensurabilis. et EZ^ ZH rationales sunt potentia 
tantum commensurabiles; et EZ^ Ai longitudine com- 
mensurabiles sunt. 

Ergo EH ex duobus nominibus est quarta [def. 
aJt. 4]; quod erat demonstrandum. 



11. 'RAl A e corr. V. 12. r^g] (prius) om. P. 13. rco] 
%6 P. 16. xov\ om. BFb. 18. 0] ©^ b. 20. hziv\ oin. 
Fb. a^a] om. F. t^s] corr. ex ri} V. ffZ] corr. ex 
ZH V, EH F. 21. avfificTQOv b, corr. m. rec, et F, corr. 
m. 2. §avT^ tiTiHei F. 24. onsq ^dsi dei^ai,] comp. P, 
om. BFVb. 
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EvffEtv T^v ix dvo ovoiitttmv Jid^nTtjv. 
'ExxEi6»wactv Svo aptS^ftol ot ^iT, VB, Sote tov 
^B Jtpos ixixTtQov avrav koyov (iri ix^iv, ov TixQti- 
5 yavog Kpc&ftos T0OS TtTpaycovov apid^fiov, xal ixxfi- 
e9a QTjtri Tie EV&tia ^ ^, xal rfj d ffvf^^^Ec^og iGTta 
ffi^jcji] 17 E2.- ^Jji^ ap« ^ EZ. xftl yEyovira ag o 
FA JCpog TOi' j4B, otiriDS ro kjto t^s .EZ mpos ro «ffo 
T^S Zif. 6 S^k FA Kpog roi' ^B ),6yov ovx ix^i, ov 

10 TETQayavos agiQfiog jrpog rfrpaywi/oi' a^iQfiov ovdl 
t6 ano T^s E.7. aqa ffpoff t6 «n;6 Tijs 2.ii l.6yov sj;«, 
ov TfTpayravos aQi&fios npog tsTQuyavov tt0i9fi6v. aC 
EZ, ZH KpK ^■Tjtai liei dvvafiEt ftdvoi' evftfiiTpof 
ix Svo apa cvofidTav iUTlv i] EH. 

15 Aiya 6-^, ott xal KEftwii;. 

'EtceI yag lativ rog o fji ^rpog rov .^B, oilros 
ro KTCO Tris EZ jrpog ro «3r6 tijs ZH, avdaaliv ag 6 
BA Jtp6s ^61/ .^r, ovtae t6 «Tib tfjs ZH ^rpog t6 
dn6 tijs ZE- fiti^ov aQtt t6 k«6 t^s HZ toiI ««6 

2ij r^g ZE. cata ovv Tto kjto t^s HZ i'aa ta dxo ttov 
EZ, &■ dvaaTgi^avTi apa iaTlv as o AB dsft9{i6q 
TtQoe Tov Br, oijtae To dno tijs HZ rapos to Kjr6 
T^g 0. 6 Se AB ^Qog tow BF i.6yov ovk Sxei, ov 



Theon 
n ZH 
HZ P 



°>J„^ 



ro V. 



C^""] om. P. £Z1 ZH 
FVb), HZ m, rec. P. fijirij apu ^5 EZ] pijiq &eu 
etlTlit^ aga HZva.2. EZ] ZH Theon (BFb), 
8. EZ] Z poBt raa. 1 litt. V, ZH F, HZ Bb, 
J. ZH] ZE Theon (BFVb), m. rec. P. Deinde 
add. avjiiiiTeov ufcc iazi t6 utio zr/g HZ zro axo z^s ZE' itjxij 
apa ^otl xnl ^j ZE. Knl ine^ Theon (BFVb), P m. rec. (ZH 
pro JJZ). *£] om. Theon (BFTb). zov} om. BFb. 11. 
r^ffj (prius) m. 2 B. EZ] HZ FVb, 10. 2 B, m. rec. P. 
dpa] om. B. npos To dno] m. 2 B. 7.H"\ P, ZE BFVb, 



-r 
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LII. 

Inuenire rectam ex duobus nominibus quintam. 
Exponantur duo numeri jiF^ FB eius modi, ut AB 
ad neutrum rationem habeat, quam numerus quadratus 
ad numerum quadratum [prop. XXVIII lemma], et 

ponatur recta aliqua rationalis ^, et 
^ " ~ rectae jd commensurabilis sit EZ. itaque 

EZ rationalis est. et fiat 
T^ FAiAB^EZ^iZH^ 

[prop. VI coroU.]. FA autem ad ^E ra- 
tionem non habet, quam numerus qua- 
j^ dratus ad numerum quadratum. itaque 
ne EZ^ quidem ad ZH^ rationem habet, 
quam numerus quadratus ad numerum quadratum. 
quare EZ^ ZH rationales sunt potentia tantum com- 
mensurabiles [prop. IX]. ergo EH ex duobus no- 
minibus est [prop. XXXVI]. 

iam dico, eandem quintam esse. nam quoniam est 
rA:AB=EZ^:ZH\ e contrario [V, 7 coroll.] est 
BA:Ar=ZH^:ZE\ itaque HZ^>ZE^ [V, 14]. 
sit igitur HZ^ = EZ^ + ®\ itaque conuertendo [V, 

m. rec. P. 12. tetQdYavog F, corr. m. 1. dgi&fiov'] m. 
2 y. Deinde add. ciavfni,stQOs uQa iatlv ^ HZ tjj ZE {t^ Z£ 
om. V) /Ltifx£t b, mg. m. 1 F, m. 2 V. 13. slaiv PB. ' 14. 
&Qa'] om. P. EH]!! e corr. m. 1 b. 16. xa/] m. 2 F. 
17. EZ] P; HZ BVb, P m. rec^; ZH F. ZH] P, ZE 
BFVb, P m. rec. Ante mg add. &Qa m. rec. P. 18. ovtag] 
om. BVb. ZH] P, EZ BFVb, P m. rec. 19. Z£] P, 
ZH BFVb, P m. rec. Dein add. 6 dl BA tov Arjisitoiv 
{corr. ex (keitov) iatiY; fisViov {fislS^v m. rec. b) $s to (6 m. 
rec. b) JS^ rov AF hj in ras. F. fisitov &Qtt] sustalit rep. 
in F. ttQtt iatCY, rd] m. 2 F. HZl P, EZ BFVb, 
P m. rec; item lin. 20, 22. 20. trig] om. F. ZE"l P., Z.H: 
BP Vb, P m. rec. tm] supra scr. m. 1 \), po^\,^«i, «A^. txv. "V"^ > 
cojT. ex ToFm. 1, 21, EZ] P, HZ B¥\), m. x^o.^, Vax^^."^ 
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tiTQuyavog aQi&fiog iCQog TSTQuyatvov aeiQ-iiov ovd' 
KQtt TO «lEo tj^s ZH Jipog ro kko rijg & Xoyov fjjet, 
6V TErpffyiavog dgt&fiog nQog TSTtfayavov aQiQ^jiov. 
davjiiiBTQog ttQo. iailv ^ ZH i^ © ft^xef maTt ij 
5 Ziif T^s ZE (lEl^ov SvvaTtti ra aao aavfifihQov iav- 
T-§. xaC eIolv al HZ, ZE pjjT«i dvvafiEt, fiovov ffvft- 
ftetQot, xal ro EZ ^laztov ovofia avfifiiTQOv iart rij 
ixxeifievij pijT^ Tfj /i (^'^xei. 

'H EH aqa ix dvo ovofidrav ioTl niftxT^' ojfSQ 
10 iSei dstlai. 

vy. 4 

EvQtiv TJjv ix dvo ovofidtav £xri]V. 

'Exxsia&aeav Svo «pi&ftol of jiF, FB, ciars rov 

AB XQog BXKttQov avtmv loyov fiij £^"1'? ov TSTpd- 

15 yiovog d(fi&[i6g wpog TETQayavov a(fi&fi6v iata di 

xal stsQog UQi&fiog 6 ^ jt^ rsrpdyavos av (itjdl wpog 

ixdtSQov rav BA, AV Koyov ^xe>v, ov tstQdyavog 

dpi9lt6g Jipog tsrpdyavov apt^/iov xal ixxEie&a rig 

^ijT^ sv&ata 7) E, xa\ yeyovira oig 6 z/ Ttgbg rov 

20 jiB, ovrag to d%6 t^s ^ '^poe to «k6 tijg ZH' Ovii- 

ft£Tpov kp«'t6 aito rijg E t(5 dno r^g ZH. xaC iOTt. 

QffTr} Tj E' pijTiy affU xal r} ZH. xal insl ovx iy^si 
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19 coroll.] jiB:Br=HZ^:®K uerum AB:Br ra- 
tionem non habet, quam numerus quadratus ad nu- 
merum quadratum. itaque ne ZH^ quidem ad & 
irationem habet^ quam numerus quadratus ad numerum 
quadratum. itaque ZH, @ longitudine incommensura- 
biles sunt [prop. IX]. quare Zif ^ excedit ZE^ quadrato 
rectae sibi incommensurabilis. et HZ^ ZE rationales 
sunt potentia tantum commensurabiles^ et minus nomen 
EZ rectae rationali propositae z/ longitudine commen- 
surabilis est. 

Ergo EH ex duobus nominibus est quinta [def. 
alt. 5]; quod erat demonstrandum. 

LIII. 

Inuenire rectam ex duobus nominibus sextam. 
Exponantur duo numeri AF^ FB eius modi, ut 
jiB ad neutrum rationem habeat^ quam numerus qua- 
dratus ad numerum quadratum, sit autem etiam alius 
numerus z/ non quadratus neque ad alterutrum BAy 
AF rationem habens^ quam numerus quadratus ad 
-^ y - numerumquadratum [prop. XXVIIIlemma]; 
£ et ponatur recta rationalis E^ et fiat 

A:AB = E^:ZH^ 

■Z [prop. VI coroll.]. itaque E^, ZH^ commen- 

surabilia sunt [prop. VI]. et E rationalis est; 

\k itaque etiam Zif rationalis est. et quoniam 

A:AB rationem non habet, quam numerus 

quadratus ad numerum quadratum^ ne E^ 

~® quidem ad ZIZ* rationem habet, quam nu- 

Zir]ri E ty (tflS dno trjg P) ZH 8vvay.u T\xeOTi iJ^^^Vj^ ^ 
JB. rec. iffttp B, 22, ine^] m. 2 B, om. ¥ , 
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6 z/ ;tpog Tov AB Xoyov, ov ,t*tp«j/s)vos Rpt-9'(t6s- 
npog TtTQuyiavov apt9ii6v, ovdl tA kwo r^g E «pa 
Kpog ro kwo tjjs ZH Aoj/of i'3;"i ^" Tftpftyojvos «pt- 
d';i6g jrpoff terpfcyiavov a^i&fiiOV a6viniiTQ0S npa tj 
5 E r^ Zif (f^xsi. ysyovha S^ ncdliv ag 6 BA jrpog 
tov Ar, owtojs To (Jjto t^s Z,H jrpog ro ano r% H&. 
avft.(teTQOV «pa TO «jto t^s Zif tra diro r^g ©if. pjj- 
EOi' Kpa TO ttwo t^g ®i/" pijt^ Kp« ^ ®H. xal insX 
6 BA nQos Tov AF Xoyov ovx ix^i, ov taTgaycovos 
10 «piO^fios repog t£TgdyDsvov dQi&[i6v, ovSi to ajto r^s 
ZH XQog ro «reA t^s if® Adj/ov ^j;"? o** TftQaycovos 
apt&fiog Jipog TSTQayavov apidftdv affwfififtpos «pa 
^fltiw ^ Zii tfj H@ [i^xEi.. aC ZH, H® aga pjjrat 
sCei SvvttiiEi fiovov av{i[iSTQOi' tx Svo apa dvoftfttrav 

16 ^tftiv 1J Z®. 

/JsiKtiov ijjj, ort xai Strij. 

'EjcsX ydp iSTiv ag 6 zl «pdg toi' AB, oiitws t6 
Kjro r^s E ffpos ro a;r6 t^s 2if, iatt Se xal as 6 
BA jrpog tov AF, ovtros to ajt6 t^s Zif ;rp6s to 

20 ano r^s H&^ dt teov ap« iffttv ms o A «pog roj' ^F, 
ovtrag to ajTO T^e E irpog to a^to r^s H&. 6 Ss ^ 
jtpos tov AF Xoyov ovx sxsi, ov Tftpayojvos api^ftog 
«pog rftpaj-oi^ot' dpt^fidv oiiSi ro djro t^g E apa 
jrpos to Kjro t^g H@ Koyov Ix^i, ov TaTgdymvos dpi&- 

26 fiog srpos TetpaVovof dpi^ftdj'' tfffWftftETpog «pa iatlv 17 
E Tij H@ [i^xst. idslx^T} d\ xcd r^ Zii davfificTpog' 
£xaT^p« ap« rtoi' ZH, H® ttOw'ftfiETpo'g ^ort tjj E [f^xsi. 
xal inei sOtiv rog BA itQog tov AF, ovTmg to dn;6 
t^S ZH XQog To Rjro t^s H®, (ist^ov apa to dnb rijs 

seA corr. 0H] in raa. V, H» Pb. 

16 («310 t^eZH'i:^iaottl,B?\\)V 8. tfQM 
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merus quadratas ad numerum quadratum. itaque EyZH 
longitudine incommensurabiles sunt [prop. IX]. iam 
rursus fiat BA.Ar = zm.H®^ [prop. VI coroU.]. 
itaque ZH^, ®H^ commensurabilia sunt [prop. VI]. 
itaque ®H^ rationale est; quare ®H est rationalis. et 
quoniam BAiAF rationem non habet, quam numerus 
^uadratus ad numerum quadratum, ne ZH^ quidem 
ad H®^ rationem habet^ quam numerus quadratus ad 
numerum quadratum. itaque ZH, H® longitudine in- 
<;ommensurabiles sunt [prop. IX]. quare ZH, H® ra- 
tionales sunt potentia tantum commensurabiles. itaque 
Z® ex duobus nominibus est. 

iam demonstrandum, eandem sextam esse. nam 
qiiomsimest A:AB = E^:ZH^,etBA:Ar=ZH^:H®^, 
€x aequo erit [V, 22] A:Ar=E^: H&. uerum A:Ar 
rationem non habet, quam numerus quadratus ad nu- 
merum quadratum. itaque ne E^ quidem ad H®'^ 
rationem habet^ quam numerus quadratus ad numerum 
quadratum. itaque E^ H® longitudine incommensu- 
rabiles sunt [prop. IX]. demonstrauimus autem^ etiam 
JE^ ZH incommensurabiles esse. itaque utraque ZH, 
H® rectae E longitudine incommensurabilis est. et 
quoniam est BA:Ar=ZW:H®% erit ZW>H®^ 
[V, 14]. iam sit ZH^ = H®'^ -{'K^, quare conuertendo 
[V, 19 coroU.] erit AB:Br=ZW: K^. uerum AB.BF 

^aC Theon (BFVb). pijTi? — ©H] mg. V. H@ P. 9. 
BA^AB' F. 10. ovde] ovd* uqu FVb, ovyi oiqa B. xo\ 
Ttt F. U. bIciv B, 18. IW B. l^. BA^ABV. 21. 
di] m. 2 F. 23. ovds] ovS' apa Theon (BFVb). &qu] 
om. Theon (BFVb). 26. HZ F.^ 27. hatiQoc -- E] 17 E 
&Q€i sntctiQ^ T&v ZH, H@ iativ aavfipLsrQos V. aQal supra» 
scr. F. 28. ovTdos] om. b, m. 2 B; ^^. ^^o^^. H^ ^^^^. 
/uiteop ^} 6 JB tov Ar V. fiatgov^i \)\ft ¥ . 
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ZH TOii ROTo r^s H&. Effro) ovv za azo [fijs] ZH 
faa T« r3e6 tioi' 1/©, X" avaetpiipttvti cpK rog 6 ^B 
ngog Br, oiiTog t6 ^;t6 ZH ngos to ano rijg K. 6 
de AB aiQos tov BF Xoyov ovx E^jjEi, ov rstQayiavog 
h «piS-fto? nQoq TsrQayavov aptffftof aota ovSh to 
lino ZH TCQog to anb r^s K Aoyov t%Ei, ov zBtQdyca- 
vog agi&fiog ngog tarQaymvov aQi.&ii6v. ndvft/iET^og 
Kpa darlv tj ZH fij K iiijxef ^ ZH agcc tijs H& 
[leltov Svvutai ta ano Ravjifihpov iavtij. xtti sieiv 

10 a£ Z H, H® pijr«i SvvKfiit (lovov avfiiiitQoi., xal ov- 
SetiffK avtmv av(i(iBTff6g iati jtijjtji r^ ixK£t(idvfi 
^rjty T^ E. 

'H Z& aga ix Svo 6vo(ittTav iatlv sxzrj- oTtfQ 
Idii. Sii^ai. 

16 Af3(i(ia. 

"Earm Svo tstQaytava ta AB, BF xal xsie&iaaav 
i0dc£ in tv&Bitts dvai, t^w /JB r^ BB' ix ev&siag 
aga ietl xal 7} ZB t^ BH. xal avfiaenXijeioa&a} ro 
AF itciQaXXrjXoyQaiiftov liya, ott rstQdymvov iatv 

SO t6 AF, xal ozt zav AB, BF (lieov dvdXoyov iazi to 

^H, xal itt tfSv Ar, FB (liaov dvdkoyov iatt to ^V 

'Ensl yitQ iVij iatlv fj (lev jJB ty BZ, tj Sl &E 

z^ BH, oAjj apa ^ ^E oAfj zfj ZH iativ tarj. dXX' 

ti (ilv zlE sxatiga t6v A&, KT iaztv iai], 17 S% ZH 

25 ixatiQK tav AK, &r lativ ieri' xal ixatiQa aqa 
tmv A&, KF ixatiQa t(5v AK, &r ietiv iarj. too- 
nXevQov «ptt ietl ro AT naQaXXijXoyQaftfiov iati 6i 
xal oQQ-oyiaviov rezQdycavov «p« iatl ro AF. 

1. ZH] Z& b. t^e] om. P. xfis] 
£r V. lisg ZH Y"^. ■ i. wpos ro» BT] 
rfV Zff FV. 7. «ffufifttrpK P, oort. 
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rationem non habet^ quam numerus quadratus ad nu- 
merum quadratum. quare ne ZIP quidem ad X^ 
rationem habet; quam numerus quadratus ad numerum 
quadratum. itaque ZH, K longitudine incommensura- 
biles sunt [prop. IXJ. itaque ZH^ excedit H@* qua- 
drato rectae sibi incommensurabilis. et ZH, H® 
rationales sunt potentia tantum commensurabileS; et 
neutra earum rationali propositae E longitudine com- 
mensurabilis est. 

Ergo Z® recta ex duobus nominibus est sexta [def. 
alt. 6]; quod erat demonstrandum. 

Lemma. 

Sint duo quadrata AB^ BF ei ita ponantur^ ut ^B^ 
BE in eadem recta sint. itaque etiam ZjB, BH in 
y ' ^ r ^Sidem sunt recta. et expleatur paral- 

lelogrammum AF. dico, jiF quadratum 
essC; et ^H medium esse proportionale 
inter AB^BF^ et praeterea ^Tmedium 
^ Z "" esse proportionale inter AF^ FB, 

nam quoniam AB = BZ, BE=BH^ erit AE=HZ. 
uerum AE = A& = Kr, ZH=AK = @r [I, 34]. 
quare etiam 

A® = Kr=AK=&r, 









B 



J n E 

e 



ftSTQOv F, corr. m. 2. savvn (ii^^si F. 11. avtmv] x&v 
ZH, H® Theon (BFVb). hxiv P. ^yHSifteyw F. 12. 
E] E Jf b, il add. m. 2 P. 13. ii\ om. b. onBo idsi dsilai] 
comp. P, om. BFVb. 18. iativ B. 19. Sti ro AF \. 

iaziv P. 20. t6 Ar] om. V. ori} hi BF, supra scr. 
ow m. 2. 21. iaziv P. 22. ZB B. 24. Post tari del. 
aXX' 71 (tsv JE sv,axsQ(f m. 1 P. HZ BFV. 25. TS V. 

apa] om. b. 26. A&J^ A postea add. ^. Yl. \<sx\a)^- 

iariv TB. 28. iatCv P. 
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Kal iTtsi iariv (og ri ZB TtQog tijv BH, ovr cog rj 
JB TtQog xiiv BEy aAA' cSg ^ihv fi ZB TtQog rijv BH^ 
ovtmg t6 ^B TtQog t6 ^H, (hg d^ ^ ^B TCQog xriv 
BEy ovtcag to ^H %Qog t6 BF, %al cSg aQa xb AB 
5 ^Qog t6 ^H^ ovtcog tb dH TtQbg tb BF. tciv AB^ 
BF aQa [idoov avaXoyov iotv t6 AH. 

Aeyci) di}, oti xal tAv AF, FB ^ii^ov avdXoyov 

[iotL] t6 ^r. 

^Eitsl yaQ i6tiv mg ri A^ TtQbg f^v AK^ ovt a}g 
10 ri KH TtQbg tiiv HF' tcri yaQ [i6ttv\ ixatSQa ixati- 
Qa* xal Owd^ivtt (hg rj AK n:Qbg Kd^ ovtfog fj KF 
jtQbg FHj aXX (og fisv fj AK TtQbg Kd^ ovtcog 
tb AF TtQbg t6 F^j (hg dh 17 KF TtQbg FH^ ovt(og 
tb dr TtQbg FB^ xal (hg aQa tb AF TtQbg JF, ov- 
15 tcog tb dr TtQog tb BF. tmv AFj FB ccQa fiieov 
aviXoyov icti tb dF' a TtQoixsito Sst^ai. 

vdT. 

^Eav %coqIov 7tSQii%ritai vitb Qrjt^g xal trjg 
ix dvo 6vo[icitci)v JtQcitrigy rj tb %coqCov Svva- 
20 [livrj akoyog ictiv ri xaXov^ivri ix Svo ovo- 
[natcov. 

XoQiov yccQ tb AF Jt6Qt6%ii6^co vTtb ^ritijg trjg 
AB xal trjg ix Svo ovoiicitcov TtQoitrjg trjg Ajd' liyco, 
ott fi tb AF %coq(ov Svvafiivri a^oyog ictiv fj xakov- 
25 liivri ix Svo dvofiatcov. 



3. rriv B E — 5. B r] postea ins. m. 1 F. 4. ovtoh B. to] 

m. 2 F. xb BF] corr. ex tirv BT m. 2 B. 6. ovt(o B. 6. 

ccQcc] om. b. 8. iati] om. P. 10. ti}v] om. BFb. ictiv] 

om. P. sxatSQoc] om. P. 11. tiiv KJ V. 12. t^v FH V. 

T^p KJ V. ' 13. tfiv FH V. 14. TO PB V, seq. ras. 

j litt ^r] t6 rj V. 15. jr"\ rj v. xo sri bf 
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itaque parallelogrammuin ^F aequilaterum est; est 
autem idem rectangulum. ergo jdF (^uadratum est. 

et quoniam est ZB : BH= JB : BE, et ZB : BH= 
AB:dH, JB : BE = ^H : Br [YI, 1], erit etiam 
AB : AH = ^H: BF, ergo AH medium est pro- 
portionale inter AB^ BF. 

lam dico, AF etiam medium proportionale esse 
inter AFj FB. 

nam quoniam est AA : AK = KH : HF (nam 
utraque utrique aequalis est), et componendo [V, 18] 
AK:KA = Kr:rH, est aniem AK: KA = AF: TA, 
Kr:rH=Ar:rBj erit etiam Ar:Ar=Ar:Br. 
ergo AF medium est proportionale inter AF^ FB] 
quae propositum erat demonstrare. 



LIV. 

Si spatium recta rationali et recta ex duobus no- 

minibus prima comprehenditur, recta spatio aequalis 

A HE Z quadrata irrationalis est ex duo- 

bus nominibus, quae uocatur. 

2 _-___j» Spatium enim AF recta ra- 

tionali AB et recta ex duobus 
nominibus prima AA compre- 
hendatur. dico^ rectam spatio 
AF aequalem quadratam ir- 
rationalem esse ex duobus no- 
minibuS; quae uocatur. 
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B, FB Fb. 16. &] oitBQ Theon (BFVb). Post dstiai 
add. o > : >— P. 18. r^s] m. 2 B. 22. x(oqCov — 25. ovo- 
fMCTcov] mg. m. 1 F. 22. AF] ABVd Theon (,E¥^\i^, '^^. 
AB] Ad F. 
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'EnBl yuQ ix Svo ovo^azav itJTl ffptar») ti A^, dii}- 
g^O&m eig ta 6v6[iaTtt xara ro E, Kol eOtcj zb (iBitov 
ovofia To AE. ipavtpov 3jj, ort aC AE, E^ QtjzaL 
alsi Swdfiai ficvov sv[i(ietQOi , xal ^ AE rijg E^ 
6 jtfF£ov Svvaxai rp a%o OvfifiatQOV aavf^, xal tj jiE 
uiJftftErpdg iatt tij ixxtifiivTj pijr^ ty AB (itixai. te- 
rft^ad-c] drj ^ E^ SCxa xara to Z ejjftfEov. xal iasl 
ij AE T^s Ezi ftEfgov dvvazai rra anrd Gv^^itQOv 
iavttj, ikv ap« tm tatapta jitpft rov areo r^g ilaa- 

10 fforos, TOUtfBTt Tt5 airo ri^g EZ, foow itapa tijv [lEi^ova 
ti}v 4E naQtt^kii&'>] iXXaZnov alSai taT^aymoi, elg 
0v(i(tatQtt ttvTTjv Sitti^et. jtttQtt^E^K^a&o} ovv staQcc 
Ti\v AE T(3 RJio T^e EZ teov to vao AH, HE' auft- 
ftfTpos &(ftt iOTiv Tj AH T»; EH ftijxet. xal ^x^mffav 

15 K3E0 TtDi' H, E, Z bitoTBQf^ rav AB, FA naQallriXot 
a( H&, EK, ZA' xal tip (thv A& napttAAijAoj/paftft^ 
Haov TBtQdycovov evvB6tdta rd I^N, rp Sh HK taov 
to JVJ7, xkI JMt^ffftm aiSTa iii ai&aiag alvai t^w MN 
tij NS' in Erd^ftag Bpa ^jtI xkJ 17 PN t^ NO. xal 

ao «vy.JcenXriQme&m lo 2^77 JtKpaAAjjAdypceftftoi'' rerpa- 
yojvoi' apa ^ari to .S/Z. xai inal t6 i^jio tibi' viff, 
HE taov iatl ita kjto t^g EZ, BOtiv a^a mg jj AH 
jTpog EZj owTcas rj ZE TCQog EH' xaX ag aQu 16 jt& 
jrpog EA, tb EA «pos iTiJ- tmv A&, HK Kpa (teOov 

25 avaAoyoV itfrt ro £.4. aiXa tb ftiv .^® rsov iotl 



2. E] e corr. m. rec. P. 3. S^] corr, ei 3( B. 4. 
ftaiy P. doufifiETeo[ F, aed eorr. 5. dtfufifiETeDu b, sed 
corr.; in F aiipra add. d- m. 2. *ai] om. F. E^ F. 7, 
i-^] Se V. 8. omifuiSTpou b, eed corr. 9. ztiafT^] if b. 
Toii] tmi B. r^ej e covr. V. IB. oufifitipo* P.' SiiXi{ 
Vb, dt^lBi corr. ia iiAti P, ffwleJ B. Deio add. finjwi T. 13. 
*W T^» FY. HE1 H& P. 14. AH} H e corr. m. 1 V. 
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nam quoniam A^ qx duobns nominibus prima est^ 
in £ in nomina diuidatur, et maius nomen sit AE. 
manifestum igitur, AE^ EA rationales esse potentia 
tantum commensurabileS; et AE^ excedere E^ qua- 
drato rectae sibi commensurabiliS; et AE rationali 
propositae AB longitudine commensurabilem esse [def. 
alt. 1]. iam E^ in Z puncto in duas partes aequales 
secetur. et quoniam AE^ excedit EA^ quadrato rectae 
sibi commensurabiliS; si quartae parti quadrati minoris, 
hoc est quadrato EZ^, aequale maiori AE adplicatur 
parallelogrammum figura quadrata deficiens^ eam in 
partes commensurabiles diuidit [prop. XVII]. adplicetur 
igitur rectae AE quadrato EZ^ aequale AHx HE. 
itaque AH, EH longitudine commensurabiles sunt. et 
ab Hj Ej Z alterutri AB^ F^ parallelae ducantur 
H@^ EKj ZA. et parallelogrammo A@ aequale qua- 
dratum UN construatur, et NU = HK [II, 14], et 
ita ponantur, ut MN^ NS in eadem recta sint; quare 
etiam PiV, NO in eadem sunt recta. et parallelo- 
grammum £11 expleatur; itaque 27i7 quadratum est 
[u. lemma]. et quoniam est AH x HE = EZ^, erit 
AHiEZ = ZE : EH [VI, 17]. quare etiam 
A@:EA = EA: KH [VI, 1]. 



EH] HE in ras. V. 15. H] m. 2 F. AB] A eras. F. 

rj] in ras. Y, BJ F, JF B. 16. EK] E postea ins. m. 
1 F. ZA] mut. in ^Z V, ^Z BFb. naQaXXriXoYgapLiiov P, 
corr. m. 1. 17. ZN] S corr. ex E BFb. 18. nsicd^oaaav V. 

MN] corr. ex iV^ m. 1 F. 19. iariv B. NP P. 20. 
Sn] corr. ex EH B, item lin. 21. 21. ro] tm V. AHE b, 
et corr. in AH, EH m. 2 V, AH F, et B, corr. m. 2. 22. 
T^l TO V. 23. TiQog triv V. ^ ZE] EZ P. EH] triv fl, 
ante H ras. 1 litt. V. 24. ngog to, seq. raa. 1 \\i\:.^ N . TL A\ 
E eras. V. ro KH Y, apa] posteu a^^, m, \ ^. 

EnolideBf edd. Heiherg et Menge. m. W 
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Tc5 SN, To dh HK Ceov ra NH- Tav £N, NU aga 
jideov ttvaXoyov iazt lo Ej4. iati 6e xmv avriav zmv 
2^N, NII ^iteov Kvakoyov xrI to MP' ittov apa ^iiii 
TO EA rp MP- mtste vtttl xm OS Haov iariv. tStt dJ 
5 xal TK A&, HK Toiff 2N, NU taa- oAov aga ro ^F 
taov iaTiv oio) ra SII, xomisxL xa k!i6 x^g MS xe- 
TpajJoJvto' rh AF aga Svvaxai ij MS- 

Aiym, ort i} MS ix 6vo ovofuxxav iaxiv. 

'EjtBl yag evnnEXQog iaxiv ^ AH t^ HE, avmiS' 

10 xgos ieti xal ij AE txatipa xav AH, HE. vnoxcL- 
tai Se xal 15 AE xtj AB ev(ifi(T^os' xal aC AH, HE 
aga t^ AB av^netpoi tiaiv. xaC iaxt pijT^ 15 AB' 
pijT^ apa ietl xttl BXtttiffa xav AH, HE' gr}x6v apa 
iazlv ixaxef/ov xidv A&, HK, xai iaxi av^^BZQOV to 

ib A& T(5 HK. ttkla To (ibv A& Tp EN teov iaxivy 
xo 61 HK T^ NH- xttl xa £N, NH aQa, tovzBeti 
t« aito xmv MN, NS, Qtjzd ieti xal ev(i(iBtQa. xttl 
bjibI aavfifiezQog ieiiv ri AE x^ EzJ (l-^xbi., aki.' ij 
(lev AE tfi AH iaxt av(i(iBZQog, ^ d% AE xtj EZ 

■20 ev(i.nBTQos, dav(i(iexQos ttga xal 7) AH ztj EZ' Sete 
xal x6 A® rd EA dav^t^BZQOV iaziv. diXa zo (ibv 
A& xa EN iaxtv i'eov, t6 61 EA Tp MP- xal ro ' 
2^N aptt Tt5 MP aav(i(iexg6v iaxiv. aAi rog to SN 

1. £N] (bis) corr. ex EN B, item lin. 3, 5. 2. EAJ 
corr. ex A m. 1 F. i'tniy PB. 3. htiv P. 4. td] corr. 
ei rm m. 1 P. MP z& EA Theon (BFVb). mare nol rm] 
dlXato ftlv MP xip Oi (corr. ei 30 T) taov ictl (iffrCv 6) 
To Si EA '{E^ F) tffl Zr, oXov apor 10 ET tois MP Theon 
(BFVb). tffl] corr. ei td ni. 1 P. hxCv'^ rostea, ins. m. 
1 F. 5. EN, nN F. 6. tovtiativ P. 9. ^iV F, corr. 
m. 1. HE] corr. ei EH m. 2 V, E" H' F. 10. EA i%ari- 
Qiav F. 11. (™'(ifi(T(Os — 12. AR] (prioa) nig. m. 1 F. 11. nai'] 
.U5M1- JiBi-V, Bm. 2. or] 7] E F, in raB. B. £H P, 12. *fa» 
f^ comp. Fb. iaziv B. 13. ^oiii' PB. 14. htCv'] lai). *ttl V. 
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itaqxie EA xnedium est proportionale inter 2JN, NII» 
aerum etiam MP inter eadem 2JN^ NIl medium est 
proportionale [u. lemma]. qus.re EA=MP. itaqueetiam 
EA—OS[l,4:3l uemmeimm Ae-^-HK^UN+Nn. 
quare totum^) Ar=Un=^ MSK ergo MS quadrata 
spatio AF aequalis est. 

dico^ MIS ex duobus nominibus esse. nam quoniam 
^if rectae HE commensurabilis est, AE utrique rectae 
AH^ HE commensurabilis est [prop. XV]. supposui- 
mus autem, etiam AE, AB commensurabiles esse. 
quare etiam AH, HE rectae AB commensurabiles 
sunt [prop. XII]. et AB rationalis est. itaque etiam 
utraque AH, HE rationalis est. quare etiam A0y 
HK rationalia sunt [prop. XIX], et A0y HK commen- 
surabilia. uerum ^® = 27iV, HK = Nn. itaque etiam 
2Ny NHj hoc est MiV*, iV/S*, rationalia sunt et 
commensurabilia. et quoniam AE, Ed longitudine in- 
commensurabiles sunt, et AE^ AH commensurabiles; 
et /^E^ EZ commensurabiles, AH et EZ incom- 
mensurabiles sunt [prop. XIII]. quare etiam A® et 
EA incommensurabilia sunt [VI, 1; prop. XI]. uerum 
AS = 2]N, EA = MP. quare etiam ZN^ MP in- 
commensurabilia sunt. est autem I^Nx MP= ON: NP 
[VI, 1]. itaque OiV, NP incommensurabiles sunt 



1) Nam EA^Zr. 



15. 2N] corr. ex EiV B, item lin. 16. 16. iaxiv tcov V. 

iazi PBb, comp. F. 16. ra] z6 F. NH aqa] tc5 NTl F. 

17. aav(i(istQa B. 18. dXXd Bb. 19. AH] corr. ex 

ABY. EZ] EZ iati V. 20. %aQ iativ V. Post EZ 
add. fii^%ei. Vb, m. 2 B. 21. iativ] om. BFb. ^^. 21^\ 
NS' F. 
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jrpog MP, r\ ON a^og rijw NP" aUvfinBTQog «p« EOttv 
7] ON Tfj NP. tatj Si 7) (ilv ON r^ MN, ij Se NP 

ry NS' aavfifistgog icQK ierlv ij MN rfj NS- xai 
ieri ro areo r^g MN 0v[intzQOV ta ano t^q N3, xal 
6 pijTov taaifpov ai MN, N!S uqu Qtjtai siOi Svvafisi 
fidx' 01/ ouftftEipoi. 

'H MS «pa ix dvu dvofidzcov s0tl x«i dvvarai 
t6 ^F' ojiep iSu Sst^tti. 



10 'Eav xf^Q^Ov nsgisxritai vao ptjT^g xal T^g- 
^x dtjo dvoficJrcai' Ssvtiffae, i} t6 j;^<>^o*' ^"" 
vafiivvi aAoyog iertf ij xftAovftcV^ ix Svo (id- 

JlsQisxio&a yag %aQiov to ABF^ vxo ^iji^s 
15 T^g AB xttl T^s i^ Svo ovo^dtav SavtiQaq t^s A^J' 
Isya, oti ^ To AT xagCov Svvafisvti ix Svo (tioav 
Tcgcottj Edttv. 

'E^sl yap sx dvo ovofidtav Ssvtdpa ietlv ij A^, 
SifjQ-^e&ia el^ ra ovo^ata xata to E, a6rs to ftf[£oi/ 
20 ovoiia slvai to AE- at A E, EA apa pijTWt siOi Sv- 
vdjiBi fiovov av[i[i£tQoi, xal ij AE t^g EA fiei^ov Sv- 
vatai ta «jro ffvfiftiVpov SKVtf], xal %q IXattov ovoiux 
jj EA OvfijietQov ieti t^ AB fiijxfi. TfTft^ffSc) ^ E^ 
Sixtx xata to Z, xal rp dnb r^g ^2 foov jrap« tijv 
25 AE naQa^s^X^a&a iXXtiJtov stSsi tstifaydva z6 vno 
tmv AHE' OvfifLSTQog dqa ij AH ry HE firjxsi. xal 

1. t6 MP V. TOias ij V. Tiji-] om, Brb. MP F. 

iativ aQu F. 2. PW P. NM P. 4. t^s] (priua) om. Fb, 

m. 2 B. NS] MS F. 6. t^oi» B. 6. iiotoiot P. 7. i*\ 

^ i» Pb. 12. i«] ii ix b. 14. Poit yap del- '■" R l« 

rafj om. Fb, m. S B. 20. ^E] (.a.lt.) EA F 
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[prop. XI]. uerum ON = MN, NP = NS. quare 
MNy NS incommensurabiles sunt. et MN^, NS^ 
commensurabilia sunt^ et utrumque rationale. MN, 
NS igitur rationales sunt potentia tantum commen- 
Burabiles. 

Ergo MS ex duobus nominibus est [prop. XXXVI], 
et MS^ = AF; quod erat demonstrandum. 

LV. 

Si spatium recta rationali et recta ex duobus no- 
minibus secunda comprehenditur, recta spatio aequalis 
quadrata irrationalis est ex duobus mediis prima, quae 
uocatur. 

Spatium enim ABF^ rationali AB ei recta ex 
duobus nominibus secunda A/l comprehendatur. dico, 
rectam spatio AF aequalem quadratam ex duobus 
mediis primam esse. 

.nam quoniam Ajd ex duobus nominibus secunda 
est; in E in nomina diuidatur ita^ \xi AE maius nomen 
sit. itaque AEj E/l rationales sunt potentia tantum 
commensurabiles^ et A E^ excedit E^^ quadrato rectae 
sibi commensurabiliS; et minus nomen Ejd rectae AB 
longitudine commensurabile est [def. alt. 2]. iam Ejd 
in Z in duas partes aequales'secetur^ et quadrato EZ^ 
aequale rectae AE adplicetur AHxHE figura qua- 
drata deficiens. itaque AH, HE longitudine commen- 
surabiles simt [prop. XVII]. et per H, E^ Z rectis 
ABj FA parallelae ducantur H@, EK, ZA^ et paral- 

m. rec. bIoiv PB. 21. t^s EJ] mg. m. 1 P. 22, |}.a««Qr« 
P. comp. F. 23. AB'] A ins. m. 1 ¥, "H^. x«k\ ^QTt, ^i^ 
tJ m. 1 F. 25. To] T^ V. 26. AK^ HE. N ^ c,QTt, 
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Sia t6v H, E, Z :iaQKXi.r}Xot i^x^""'"^ '^"^S -^S, P^^ 
at H&, EK, ZA, xal ra liiv A® ■xaQakk'f\i.oyQa^its> 
tisav TBXQayavav GWBiSTKta to SN, rt5 Sb HK Caov 
TtTQayavov zo NH, xal xEieQia m6te in B^v&BCas slvai 
5 trjv MN tij NS' btc EV&Boag aga [iatl] xal ^ PN 
ty NO. xal avfintalijQme&a to £11 titQayavoV 
tpavBQOv di] ix tou nQoSeSBiyiiivov, ort to MP^iisov 
avaXoyov iati tmv UN, NIT, xal taov ra EA, xal 
oti t6 j^r x^Qiov dvvcctai rj MS- Sbixteov dij, or^ 

10 ij MS ix Svo (lieav iatl KQatri. inel aavftftetQOS 
ioziv ■Sj AE Ttj E/J ^rpcBi, av[i[iBTQos S^ ^ E^ tij 
AB, aSvfLfistQos aQa ^ AE tij AB. xal iael avfifie- 
TQOS iOTiv Tj j4H tij EH^ avjiftetQos iori xal rj AE 
BxaziQa xav AH, HE. akXa ij AE aavfifietQOs tfj 

16 AB fi^xBf xai al AH, HE UQa aevftfiBZQoi Blat zf] 
AB. K(' BA, AH, HE «pK pijrKt Biei SvvafiBi jiovov 
avfifiEtQof mets fiiaov iatlv ixdteQov tav A&, HK. 
aate xal ixaTBQov rav 2!N, NH fiiaov iatCv. xal 
ttC MN, NS aQa ^iaai Elaiv. xal inel avfiftBtQOS ij 

20 AH tfi HE ftriXBi, avfifietQov iari xal to A& rm HK, 
Tour/ffrt xo SN ta NH, TovtiaxL ro anh r^g MN 

1. rj] BF, rj P, eoiT. m. 1; jrhh. 2. ZA] mut, in 

AZ Y, AZ Pb. 3. PoBt iizgayavov del. ro JV/I m. 1 P. 

EJV B, Bed corr. 5, NS} mut. in NZ V. IistC] om. P, 

lariv B. 8. JVnj UN F et in raa. V. 9. MSl MN, NS 

corr. fls MNS; V; mg. m. 1 yp. MN, NS b. Si V. 10. 

(liaov F, corr. m. 1. ixil ydf F. 12. aeu] aQU uai V, 

aea lariv P. Poat AB add. fnjKH V, ra. 2 B. lnti'\ om. P. 

13. EHl HE F. ^01(1- B. 14. aXi^ — 15. Tia(] xal lcti 

{iativ B) fnt^ Ti AE- ^iji^ Sga «tti. ixttteQu tav AH (^AE F), 

HE. vtttl fffil aavuiifTQot lativ ij AE xfi AB, avnfitTifos H 

nAE £Kt(T% t^v AH. HE, Ktti (om. B) Theon (BFVb). 15. 

aja] m. 2 F. cuftfitieot BF, sed corr. rlaiv PB. 16. 

J^ost jiB add. ft^nei m. 2 B. SA] om. F. liaiv B. 18. 

^au' i' V, cotnp. Fb. 19. tlal "V, ocimp- 'E\i. fcsHa \ aM, 



ELEMENTOBUM LIBEB X. 



167 



H E Z 



B 



S K A 



M 







N 





n 



A 



o 



lelogrammo A® aequale con- 
struatur quadratum EN^ par- 
allelogrammo HK autem 
Nn, et ponantur ita, ut MNy 
NtS in eadem recta sint; 
itaque etiam PN^ NO in 
eadem sunt recta. expleatur 
quadratum UII. tum ex iis, 
quae antea demonstrata sunt 
[prop. LIII lemma], adparet^ 
MP medium esse proportionale inter UN, NII et 
^EA [p. 162, 1], et esse MS^ = AF [p. 162, 5]. 
iam demonstrandum est, MIS ex duabus mediis primam 
eese. quoniam AE^ E/l longitudine incommensura- / 
biles sunt, et EA^ AB commensurabiles , AE, AB 
incommensurabiles erunt [prop. XIII]. et quoniam 
AHj EH commensurabiles sunt, etiam AE utrique 
AHj HE commensurabilis est [prop. XV]. uerum 
AE, AB longitudine incommensurabiles 'sunt. quare 
etiam AH^ HE rectae AB incommensurabiles sunt 
[prop, XIII]. itaque BA et AH, HE rationales sunt 
potentia tantum commensurabiles. quare utrumque^®, 
HK medium est [prop. XXI]. quare etiam utrumque 
£N, Nn medium est. itaque etiam MN, NtS mediae 
sunt. et quoniam AH, HE lougitudine commensura- 
biles sunt, etiam A@j HKj hoc est UNj NH siue 
MN^, NS^ commensurabilia sunt [VI, 1; prop. XI]. 
et quoniam AEj EA longitudine incommensurabiles 
sunt, et AEj AH commensurabiles, et EA^ EZ com- 

lauv BVb, m. 2 F. 20. xal xo A%\ ei«k%. N. x^^xt^^. 
MK F, corr. m. 2. 
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rra a;to r^g NS [coffrs tfiifafift f^ffl aviiftatpoi ccC MN, 

oAA' ^ ftiv .^E evfniargos ieti. tfj AH, 57 S^ E^ ty 
EZ avfiftsTQog , aSvfiiietQog kqk ^ AH tfi EZ' asts 
6 xttl t6 A& ta EA aQviniBt^ov iativ, tovtiati ro UN 
rp MP, tovTE6tiv ij ON zfi NP, tovxiaziv ri MN 
z^ N S ^Svii,iiitp6g iati fi^^xti. idsCxQ^aKv St aC MN, 
NS xai [Uecct ovOat xal dvvRfist. evftftttgoi.' aC MN, 
NS apa iiieat stel dwdfisi ftovov owjtftfrpot. Xsya 

10 iJiJ, 0« xal pijtov itfgiij^ovetv. ijisl yitQ ij ^E vao- 
xftrat ixatiQa tcov AB, EZ evfifitt^og, evftfistQog 
apa xal ^ EZ tfi EK. xal ^rjtij ixati^a avtaV pr]- 
tiiv aqa ro EA, rour^ert ro MP' zo Sb MP iezi td 
iiito T(av MNS- iav Ss Svo fiiaat Swdfisi ftdvov 

15 OUfifiErpoi evvts&iaei Qtjrov atQiixoveai, ij oXjj aloyog 
iattv, xaAtttai. Se ix Svo ftiavav irpnjrij, 

'H upa MS ix dvo fiieav iezl ^itqtozri' oizsp iSii 
Sti^ai. 

20 'Eav j;ropi.'ov ntQii%nrat vao ^t^f^g xat tijg 
ix dvo ovofidzav tQizrjg, if zb xfQtov dvva- 
fiivTj a^oyos iativ tj xaXovfiivrj ix Svo fiiaiov 

Xapiov yag ro ABF^ 3Csqts%ia&a vab QTjzris t^g 

26 AB xal t^s ix Svo ovofidzmv rpitijs trjs AA tftj/pij- 

fiivrjs eis rw ovofiaiK xara t6 E, lav^^fitt^ov iett zb 

I, aati — 2. A'S] om. P. aaic xui F, sed corr. 3. 
ttlla V. 4. avftniTfog'] om. FVb. davfiiuTQos} corr. ex 

avitfiezfOi la. 2 F. 6. aaviiiiiTi/oB F, con, m. 2. laii BV. 
comp. Pb. SN] corr. ei EiV B. 6. NP] in ras. V. 7. 
^«/y P. 8. Svfdpti (loBOv V. al — 9. ovfijKrpoi] me. 
m. .? P: ft e/a^p B. 10, .dE] in icas. \. \\. ,rtE\ 01 



ELEMENTOBUM LIBEB X. 169 

mensnrabiles; AH et EZ incommensurabiles sunt [prop. 
Xni]. qnare A&^ EA^ hoc est ZN^ MP^ incommen- 
surabilia sunt, siue OiV, NP, hoc est MN, NIS, lon- 
gitudine incommensurabiles [VI, 1; prop. XI]. demon- 
strauimus autem, MN, NS et medias esse et potentia 
commensurabiles. itaque MN, NS mediae sunt po- 
tentia tantum commensurabiles. iam dicO; easdem 
spatium rationale comprehendere. nam quoniam sup- 
posuimus^ AE utrique AB^ EZ commensurabilem esse, 
etiam EZ, EK commensurabiles sunt. et utraque 
rationalis est. quare EA^ hoc est MP^ rationale est 
[prop. XIX]. uerum MP = MN X NS- sin duae 
mediae potentia tantum commensurabiles componuntur 
spatium rationale comprehendentes^ tota irrationalis est, 
uocatur autem ex duabus mediis prima [prop. XXXYII]. 
Ergo MS ex duabus mediis prima est; quod erat 
demonstrandum. 

LVI. 

Si spatium recta rationali et recta ex duobus no- 
minibus tertia comprehenditur; recta spatio aequalis 
quadrata irrationalis est ex duabus mediis secunda, 
quae uocatur. 

Spatium enim ABFA comprehendatur rationali AB 
et recta ex duobus nominibus tertia ^^ in nomina 
in E diuisa; quorum maius est AE. dicO; rectam 



ex £B m. rec. F. EZ] in ras. V. avfifiBTQog] om. F. 12. 
aQa kazC P. fiZl mut. in ZE V, ZE P. 13. xovxBattv P. 
14. MN^ NlSl V. fiovov] om. BFV. 16. avvxB^maiv 
PB. 5] m. 2 F. 16. kaxi V, comp. Fb. 17. M&1\ MHZ^ 
del. Z, F. hxl'} m. 2 F. 24. qtixtis^ «xi-^x^b ^^x,^, '&• 
rf/rjs/fj anpra Bcr. F, 26. tav\ &v x6 "P. lcx« "B^^i. 



170 £TOIX£IQN ('. ^H 

AE' kiya, ott ^ ro jIF %aQ(ov Swap.ivri aKoyis 
iOTiv ij xaloviiivri ix dvo (iiaav SEvriQtc, 

KttTE0xevtta&€o y«Q t« uvrcc rors JiQoztQov. xal 
iTlsl ix dvo ovofittTiav iszl Tpirjj t] Ajd, «t AE, E^ 
5 Kpa gr]Ztt( tiei SvvufiBt [lovov evfijiet^ot, xkI i] AE 
lijs E^ [lEt^ov dvvcnttt zm airo avimirqov iavtfi, xal 
ovSsriQtt t&v AE, B.J OvfifiszQos [iati.'\ tij AB fi^xai. 
ouottas dij totg wpodfrffty/iEVois Sst^ofiav, oti ^ M3 
ieztv ■!} To AF %oiQtov Svvaiiivtj, Xttl al MN, NS 
10 fiisat si0l SvvaiiEt fiovov OVfifistQOf SatE ij MS ix 
Svo [liOeiv iaziv. 

AEtxtiov ^ij, OTt xal SEvtiQa. 

[KkI\ i^iEt asvfifistffog iaziv ij AE t^ AB ji^xei, 
Tovzieti zfj EK, ffvfi[i£tQos Si r/ AE zfj EZ, aaufi- 
16 [letQos a@a iativ ^ EZ z^ EK (i^^xst. xaC eiai QTjZttL- 
aC ZE, EK ttQtt pjjrat siai. Svva^st [lovov avfifLEzgoi. 
fiiaov agtt [iatl] to EA, rovziazt to MP' xttl nsQii- 
xstcci. vTio rav MNS' (liaov apa iazl to vnb zdov 
MNS. 
20 'H MS aga ix Svo fiiaav iazl SsvziQa- oxeq iSet 
SEt^at. 



1, ^] supra scr. m. 1 b. 3. v.aTu<i>tevdad-(o Vb. ytfpj 
Si V. 5. ilciv P. Post AE del. Ed aga ^Tirai datv m. 
l P. 7. ^a-ci] om. P. 8. TDfs n^oifi/ov StSnvnivoig Theon 
(BFVb). 5j] m. rec. P. 9. ^] postea ina. F. xal 3n 
al BFV. 10. tCaiv B. MS] MZ FV. 11. lati BV. 

eomp. Fb. 13. «c/J m. 2 BF, om. Vb. ^weI ovv V. 16. 
EZ] ZE P. EK] EH P. 16. limv PB. 17. icin om. 
BFVb. zovtiauv P. IB. MiV, WS b. fitW — 19. 

iWWST] mg. m. 2 F. 20. MS] MJV, add. S m. 2 B; MJVff 
FVb. aga'] supra scr. m. 1 F. ^01^ om. P. oirto fSti 
Seifi-] om. BFVb- 
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spatio AF aequalem quadratam irrationalem esse ex 
duabuB mediis secundam^ quae uocatur. 

Comparentur enim eadem^ quae antea. et quo- 
niam ^^ ex duobus nominibus tertia est; AE^ EA 
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rationales sunt potentia tan- 
tum commensurabiles , et 
AE'^ excedit EA^ quadrato 
rectae sibi commensurabilis; 
et neutra rectarum AE^ EA 
rectae AB longitudine com- 
mensurabilis est [def. alt. 3]. 
iam eodem modo quo antea 
demonstrabimus, esse 

MS^ = Ar 

[cfr. p. 162, 5], et MNy NtS medias esse potentia 
tantum commensurabiles [cfr. p. 166, 10 sq.]. quare 
MS ex duabus mediis est. 

iam demonstrandum est, eandem secundam esse. 
quoniam AE^ AB, hoc est AE, EK^ longitudine in- 
commensurabiles sunt, et AE^ EZ commensurabiles, 
EZ et EK longitudine incommensurabiles sunt [prop. 
Xni]. et rationales sunt; itaque ZE^ EK rationales 
sunt potentia tantum commensurabiles. quare EA^ 
hoc est MP^ medium est [prop. XXI]. et rectis MN^ 
NS comprebenditur. itaque MN X NS medium est. 

Ergo MS ex duabus mediis secunda est [prop. 
XXXYIII]; quod erat demonstrandum. 
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ix Svo 6vo[idtmv TtzK^Trjg, ij to jjroptoi' dwfo:- 
ft^vj) uXoyog ieziv ij xaXovfiivij fisi^atv. 
5 Xrap/oi' ywp To AT iiE^isxiB&fo vno Q^rijs tijg 
AB Kal r^s ix dvo ovoiidtav rtraQtrjg tijg AA Sifj- 
Qjjfiiviig sig ru ovofiata «ata rb E, tov (itt^ov fffrra 
To AE' Xiya, ort rj t6 AF xcoqCov Swa^ivrj aXoyog 
ietiv 71 xaXovfiivt) (isitav. 

10 'E:tel yap i] A^ ix 6vo ovondtav iatl tetaQrri, 
aCAE, E^ apa pijrat tCai dvvdfiBi (idvov evfifistpoi, 
xal i^ AE rrjg E^ (istZov Svvarai ra dno dovft^stqov 
iavrfi, xal tj AE ty AB QvftfieTQog [^011.3 (iijxet, te- 
Tfnjffffo r] JE Sixa xata t6 Z, xal ra ajto zijs EZ 

16 ("Oow naga t-^v AE xaga^s^Xi^fl&a itapaXXrjX6yQafi(iov 
to vjto AH, HE- davfi(iEtQog ap« ietiv tj AH rg 
HE ft^xsi. ^^&wscfV JtaQaXXrjXoi rfi AB aC H&, BK, 
ZA, xal Ttt Xotnd td avrd rofs 3tp6 rorrov ysyovira' 
ipavEQOV Stj, OTi rf t6 AF xraptov Swafiivrj ietlv fj 

30 MS. Ssixtiov S^, ort ^ MS aloyog iotiv ■^ xaiov- 
(livri ftsi^cav. inel devfifisTgos ieti.v ij A H tjj EH 
(iijxsi, aav(i(ietg6v iari xal t6 A& ta HK, tovrian 
t6 EN rm NH- aC MN, NS «p« Svvd(isi sialv 



^E P. jiupifop i, 

BPb. 13. ^oril 01 
ras. V. 16. U5I0 i< 
EH V.^ 18. ZA] ir 

lotnri] aupra scr. 
avftjtszqos F, 

(TV/lftfzpOl V, eOTt. 
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;orr. ex ro V. oufifitipoii. 
«n. P. 15. ^E] supra ,('scr. .d b, 
^wv V. ^JIf] corr. ei AE b 
in rBB., eeq. ras. 3 litt. V, Z ii 
V. za] om. FV. av-cd'\ 
n. 2. JoTiv] om. fi. SS. loui^aimm P, 
■p] cori. es wJ PV. ^en] 
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LVII. 
Si spatiam recta rationali et recta ex duobus no- 
minibus quarta comprehenditur, recta spatio aequalis 
quadrata irrationalis est maior, quae uocatur. 

Spatium enim AF rationali j4B comprehendatur 
et ^jJ recta ex duobus nominibus quarta in J? in 
nomina diuisa, quorum maius sit j4E, dico, rectam 
spatio ^r aequalem quadratam irrationalem esse 
maiorem, quae uocatur. 

nam quoniam j4^ ex duobus nominibus quarta est; 
JEy E^ rationales sunt potentia tantum commensu- 

rabiles, et ^E^ excedit EJ^ 
quadrato rectae sibi incom- 
mensurabilis , et AE, AB 
longitudine commensurabiles 
sunt [defif. alt. 4]. secetur 
J E in Z in duas partes 
aequales, et quadrato EZ^ 
aequale rectae AE adpli- 
cetur parallelogrammum 
AHxHE. 

itaque AH, HE longitudine incommensurabiles sunt 
[prop. XVni]. rectae AB parallelae ducantur H@j EK, 
ZA^ et reliqua eodem modo, quo antea [p. 166, 1 sq.], 
fiant. manifestum igitur est, esse MS^^^^Ar, iam demon- 
strandum, MtS irrationalem esse maiorem, quae uocatur. 
quoniam AH, EH longitudine incommensurabiles sunt, 
etiam A®^ HK, hoc est 2JN, NIl^ incommensurabilia 
sunt [VI, 1; prop. XI]. itaque MN, NS potentia 
incommensurabiles sunt. et quoniam AE^ AB longi- 
tudine commensurabiles sunt, AHi isAioiiaX^ ^^\» \:gt.<^^> 
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dav^fittQOt. xal iTtil 6v(i(istg6s ioriv ^ ^iE tT} ^^H 
fii^xei, ^ijTov £ffit To j4K' xai iativ teov zols &no 
rav MN, NS' ^ijroj/ apa [^6x1] xal to evyxeinevov 
ix Tiav dnb tav MN, NS. xal iTtel aavfifictQos 
5 [iativ] Tj jdE ry AB (i^^xei, Tovtiort tfj EK, ilka 
ri ^E eviiiietQOS iett tFj EZ, catfftftfTpog aga ij EZ 
rfj EK (irixei. at EK, EZ aqa Qtjtai eist Svvafiei 
[lovov evfifitTpof (tieov aga tb AE, tovtistt to MP. 
xal nsQtiietat vnb tav MN, NS' (tfffov apa iszl 

10 To vxb Tcov MN, NS. xal pjjTov ro [evyxeiitevov} 
ix tmv unb Tcov MN, NS, xai tiotv aavfiiietpoi aC 
MN, NS Svvdfiet. iav Si Svo svQstat Svvdfiei. davfi- 
fifTpot evvTE&aCt itotovSat tb filv evyxeCfLevov ex Tcav 
am avtav TetQayiovai' pjjrov, to 6' vji avtmv [lieov, 

15 ij oAij di.oy6s ietiv, xaketTai, S\ fisi^cnv. 

'H MIS aga a}.oy6s iottv ^ xalovfiivt) ftei^tav, 
xttl SvvuTai t6 AF xioQiav onsQ ISet Sit^at. 



'Eav x<aQiov 3t,eQti%Yixai, vao ^ijtTJg xal f^s 
20 ix Svo ovofidrtav Tcinnttjg, ij tS x^^Qiov Svva- 
fievrj aXoy6s iettv rj naXovfiivT} Qtjtbv xctl fii- 
eov Svvafiivrj. 

XoQiov yaQ t6 AP KBQtexie&a vitb Q^tijs t^s 

AB xal x^s ix SvQ ovOfiaTtov itEftiETijg T^g A,^ Stfj- 

25 QtjfiBPrjs bIs Ta ovofiaza xata ro £, mete to ftfEgov 

OKOfitt elvat t6 AE' liyK» [tfij], oTt ij t6 AF %e>Qiov 



1. EA P. 2. ^011] iativ P, dein del. 15 AE rn AB 
fl COrr. m. 1 V. 3. MN] NMP. iati] ""' 

om. b. 5. imiv] ora. P. xoviiaTtv 
imv P. rj] i^c P. 7. eltiv P. 3. 
corr. ex tA m. 1 F. 9. fiicov — 10. NS] mg. 



Vb. 
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XIX]. et AK~MN^+NS\ quare etiam MN^+NS^ 
rationale est. et quoniam ^E, AB, hoc est ^E, EK, 
longitadine incommensurabiles sunt [prop. XIII], et 
^Ej EZ commensurabiles, EZ^ EK longitudine in- 
commensnrabiles sunt [prop. XIII]. itaque EK, EZ 
rationales sunt potentia tantum commensurabiles. quare 
AEf hoc est MP, medium est [prop. XXI]. et rectis 
MN^ NS comprehenditur. itaque MNx NS medium 
est. et MN^ + NS^ rationale est, et MN, NS po- 
tentia incommensurabiles sunt. sin duae rectae potentia 
incommensurabiles componuntur efficientes summam 
quadratorum suorum rationalem, rectangulum autem 
medium, tota irrationalis est, uocatur autem maior 
[prop. XXXIX]. 

Ergo MS irrationalis est maior, quae uocatur, et 
MS^ = AF; quod erat demonstrandum. 

LVIII. 

Si spatium recta rationali et recta ex duobus no- 
minibus quinta comprehenditur, recta spatio aequalis 
quadrata irrationalis est spatio rationali et medio 
aequalis quadrata, quae uocatur. 

Spatium enim jiF comprehendatur rationali AB 
et j4A recta ex duobus nominibus quinta in E in no- 
mina diuisa, ita ut ^^ maius nomen sit. dico, rectam 
spatio j4r aequalem quadratam irrationalem esse 



VTto'] avy%6ifi8vov in V. cvyiisifisvov] om. P. 11, ia tmv] 
snpra scr. F. xa^ iariv aGVfipistQog ri MN ty NS} Theon 
(BPVb). 13. avvtBd^tSaiv PB. 14. di comp.'F. 15. iatt 
BV, comp. Fb. 19. nal tTJg] bis b. 26. di}] om. P. nl 
snpra scr. m. 1 P. 
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dvvanevtj ttloyog isriv ^ xalovfiivri pijTov xal (licov 
SwafiivT]. 

KatBexEvaa&m yaQ x« avta rois JTpoTEpov dtSeiyfii- 
voig' cpavipov S^, on ij t6 AV laifCov SvvttftivTj iarlv 

5 jj MS. SEixriov 8'^, ort rj MS ietiv ij pijioi' xal 
niaov dvvttiiivri. inel yag aevfifiezQog ioxiv ij AH 
TJj HE, RSviiiistpov ttpa ierl xal t6 A& ira &E, rour- 
sazt 10 anb zijg MN ta kjto tijg NS' aC MN, NS 
aga Svvdfiit siaiv aav(i(i£tQOi. xal ixel ij A ^ ix 

10 SvQ 6vo[itttinv ietl icifiTCTJ}, xtti [^ffTtr] i'Xaeaov avTrjg 
tfi^fitt TO E^, OTjftftSTpog apa ^ E^ t^ AB n^xeL. 
ttkla 1} AE Tti E.J iativ atfu^^Erpos' xal i} AB 
apa ty AE ietiv ttev(JL(iBtpos ftijjtft {ai BA, AE 
pjjTKt £iB4 Svvttfiei fiovov evii[i8tpoi]' ^ieov aptt iatl 

15 to AK, tovtiBTt. t6 avyxeC^svov ix tmv ano tcov MN, 
NS- xal inel av^^stpog iati.v 57 ^E tfj AB fii^xet, 
tovriexL Tf} EK, aXXa ij AE tf/ EZ evfifittQog iativ, 
xal rj EZ aQa rjj EK eviifieTQog iavtv. «el p'?f^ 17 
EK- QTjtov ttQa xal ro EA, TOiTEffTt ro MP, tovt- 

20 iaxi t6 vnh MNSi' ai MN, NS aQa Svvdiiu davfi- 
(lETQoC etei noiovaat to (liv evyxeCfievov ix zcov djc 
avtmv TEtQaydvcov (liaov, t6 S' vtc avxmv pi]To'v. 



3. ««TttOKfvaoffoj V, sed corr. yop] ouv V. lOie tiqo- 
StSfiytievoig Theon (BFVb). 5. Si F. 7. HE] cocr. ex 
EH V. ^OT^i' PB. 8. r^s WS] tiav WS P. 9. cvti- 
liiTQBi V. corr. ra. 2. ^zJ] J e corr. V. 10. iac.vl om. P. 

12. nU' F. 13. BA] mat. in ^ B m. 2 V, ^B F. 14. 
iCeiv B. 16. oi7iifi(ifreos B, corr. in. 2. 17. dW F. JE] 
oorr. ejc BF, ut uidetnr, V. ^oii PBV, comp. Fb. 18. 
Ante avftfttteoe ras- 1 litt V. xai pjjrij] pjjii; J^ BFVb. 

19, Post EK add. fijt^ npa mbI ^ EZ V. Evl] Bupra add. 
J m. 1 b. lovxietiv P. louiiDri»' P. 20. vjio rtir FV. 
^JV, NS B. 21. fiiHi' PB. 23. Si F. 
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spatio raidonali et medio aequalem quadratam, quae 
uocatur. 

comparentur enim eadem^ quae in superioribus de- 
monstrationibus. manifestum igitur est^ esse MS^=Ar 

[p. 162, 1 sq.]. iam de- 
monstrandum est, MS 6sse 
rectam spatio rationali et 
medio aequalem quadratam. 
nam quoniam AH^ HE in- 
commensurabiles sunt [prop. 
XVIII], A®, @E, hoc est 
MN^, NS^j incommensura- 
bilia sunt [VI, 1; prop. XI]. 
itaque MN^ NS potentia 
incommensurabiles sunt. et quoniam A^ ex duo- 
bus nominibus est quinta, et minor pars eius est 
Ejd, EA et AB longitudine commensurabiles sunt 
[defip. alt. 5]. uetum AE^ Ed incommensurabiles sunt. 
quare etiam AB^ AE longitudine incommensurabiles 
sunt [prop. XIII]. 1) itaque AK, hoc est MN^ + iV^«, 
medium est [prop. XXI]. et quoniam ^E^ AB, hoc 
est ^Ej EKj longitudine commensurabiles sunt, et 
^Ej EZ commensurabiles, etiam EZ^ EK commensu- 
rabiles sunt [prop. XII]. et EK rationalis est. itaque 
etiam EA, hoc est MP siue MNxNS, rationale est 
[prop. XIX]. itaque MN, NS potentia incommen- 
surabiles sunt summam quadratorum suorum mediam 
efficientes, rectangulum autem rationale. 



1) Cam lin. 13 «90;, quod edd. post AE habenfc, in codd. 
omittatur, malui delere oci BA — lin. 14 q^o^l^l^x^ov. 



Huolidea, edd, Heiberg et Menge. IH. 



Vi. 
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'H M!S KpK pijiov xal ^e6ov 6vva[i^vrj tffil 
Stivtttai. zb ji r j;6jpioi'' unsg edii. dH^aL. 

V»'. 



\ 



h ix dvo ovofidTav fxTijg, ^ z6 ;[tapiov SvvaiiBVTj 

aXoyog iOTiv ^ xaXoviidvtj dvo fiiaa Svvafiivt]. 

XaQiov ya(f i6 jiBF^ wptfj;^ffd'ro vjeo pfjt^s T^ff 

^B xttl T^s ^jc tfro ovo(:tftr(av ixttj^ t^s Ad SLrnfrj- 

(livTjg tig xa vvofiaxa xwra xo £, aare ro ftfCjov 

10 01/0(4« ftvat ro ^£' Xiya, ort ^ ro ^F dvvRiiivt] rj 
ffwo (lEffa Svvttfisvi] iaxiv. 

KtttE6xtvdo&(a [yap] Ta ai^« tois itgoSBSsiyiiivoig. 
tpavspov tfTj, OTt [^] t6 AF dvvafiivtj iszlv ^ M^i?, 
xai ori aavii[ttTQOs ietiv i/ MiV r^ iVS SvvdftEi. xal 

15 fWl aoliftftsrpds ^Ortv tj EA zti AB li^XEt, al EA, 
AB ttQtt Qtjttti sCat SvvttftEi fiovov evfLfiETpof fiiaov 
aQa eOtI ro AK, Tovziszi ro OvyxeifiEVuv ix rrov an;o 
TtBv MN, NS. xdXiv, exeI «avftfLtTQos ioTiv rj E^d 
tfi AB fiijxEL, (£ffi5|ii(i£rpos Kp« ietl xal if ZE rjj EK' 

20 ai Z£, EK aptt pjjrai tiai Svvafici ftovov ffrftjtfrpof 
(lidov ttQK iatX tb EA, TovTieti. tb MP, TovtiaTi tb 
vno Tmv MNIS. xal insi aOwftftfrpos ^ jiE rj; EZ, 
xttl tb AK Ta EA affufiftfrpdi' f^ortv, dk}.d ro ftiv 

1. iaiCv PB. 6. r;] postea ins. F. (tfoaj P, cotr. m. 1. 

7. pjr^sj om- t\_ 10. ii^ — SvvtttLhii} n3g. m. 1 P. i,\ 
(alt.) nloyos iativ -ij xaloviiivij Vb, e corr. F. 11. iaxiv^ del. 
F, om. Vb. 12, ^aTaOKfvaaOei V. yde] om. P. 13. ^l 
001. PF. IB. EA] AE FVb. E^] AE' P, in raa. V. 16. 
fleiv B. 17. iariv P. "Bito Tm» 'Iv rmv F. 18. JVffj 

mut. in SN V. 19. Fost AB add. routfaTt rn EK V. ^otfr B. 

ZE] E2 P, 20- oC] Kol ttt BFb. fiaiv P. 21. MF] 
corr. ei ME m. rec. b. lovxjoi.v P. 22. ijj ^oiw ^ FV^ 
^^. aBVfififTeog J' 
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Eigo Af ^ recta spaiio rationali et medio aequalis 

qaadiata est [prop. XL], et MS^ = AF^ quod erat 

demoiLBtrandam. 

LEL 

Si spatiam recta rationali et recta ex duobus no- 
minibas sexta comprehenditury recta spatio quadrata 
aequalis irrationalis est duobus spatiis mediis aequalis 
qaadrata, quae uocatur. 

Spatium enim ABFjd comprehendatur recta ra- 
tionali AB et recta ex duobus nominibus sexta AA 
in £ in nomina diuisa, ita ut maius nomen sit AK 
dicOy rectam spatio AF aequalem quadratam rectam 
6886 daobus 8patii8 medii8 ««qualem quadratam. 

comparentur eadem, quae in superioribus demon- 
strationibus. manifestum est igitur^ esse MS^ = AF^ 

et MNj NS potentia in- 
commensurabiles esse [p. 176; 
6 sq.]. et quoniam EA^ 
AB longitudine incommen- 
surabiles sunt [deff. alt. 6], 
EA et AB rationales sunt 
potentia tantum commensu- 
rabiles. itaque AK, hoc 
est MN^ + NS^ , medium 
est [prop. XXI]. rursus quo- 
niam EJ^ AB longitudine iDCommensurabiles sunt 
[deff. alt. 6]; ZE et EK incommensurabiles sunt [prop. 
XIII]. quare ZE^ EK rationales sunt potentia tan- 
tum commensurabiles. itaque EA^ hoc est MP siue 
MN X NSj medium est [prop. XXI]. et quoniam 
AEy EZ incommensurabiles sunt, ei\i\a.m AY^^ E»A 
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AK i0Ti, To avyxti(itvov ix zmv «jio rtov MA', NS, 
10 8b EA JiJrt To v7c6 xfov MNIS' davfifiErgov aga 
iorl t6 avyxsC^EVOV ex r^v 0.110 zav MNS Tto vxo 
tmv MNSi. xai iati (lioov ixtttcQov avztov, xal aC 
5 MN, NS dvvKfiai, tialv «ffv^ftsrpoi. 

'H MS ap« ^15" ftiaa dvvaftiv^ iotl xbI Svveerai 
t6 AF- 3n£p idti Sii^aL. 

[/Hjuiia. 
'Eav iv&aia yQuiifiii r/^ij&i; *ts avitJa, za dxo vmv 
10 aviacov tiT^uyiava ftEt^oi/o; ^ffrt lov dis vxo tiav Kvi- 
atou OTptfjioft^voiJ u^^oyoiviov. 

"Eaxoi EV&eia t; viB xal tat^rja&a £(.'g aviaa 
xard tb f, xat fffrw jHft^ai' 57 ^41^" itV^^i ^ti ra 
«310 rav AF, FB iiei^ova iezi tow dls vno tav 
15 AF, FB. 

Tstft^^a&Bi ycLQ ii AB 6ija xata t6 A. i%il ovv 
sv&iitt yQttfifi'^ tiT^rjttti iig fiiv iaa xura 16 z/, iig 
di uviaa xata tb V, zb dga vnb rwv AF, PB fiitd 
TOiJ dnb rj iaov iarl ra ditb AJ' &eti rb vnb 
20 Ttov AF, FB ikaztov ieri Toti «jio A^' zb aga Slg 
viib ttav AV, VB ekattov rj Siiti.deiov iati tov aito 
A^. dlld tu dnb zcov AF, FB SiTildaid liazi] tav 
dxo tav AA, ^F' za d^a awo TtSi' AT, FS ftii^ovd 
iazi zov Slq vjco rtov AF, FB' ojheq iSii. Sit^ai.'] 



dnb zi]s ix Svo ovoftd 

2. ioti] m. 2 F. ti*] om. BFb. 
PV. 4. MN, rfS m. 2 V. iat 
■. Svpix/tet 7. 8. l^^^a] m. 1 P. 
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incoznmensurabilia sunt [YI, 1; prop. XI]. uerum 

AK^MN^ + NS^, EA = MNxNS. itaque M2V« 

+ NS^ et MN X NS incommensurabilia sunt. et 

utrumque medium est, et MNyNS potentia incom- 

mensurabiles sunt. 

Ergo MS recta est duobus spatiis mediis aequalis 

quadrata [prop. XLI], et MS^ = AF-^ quod erat demon- 

strandum. 

[Lemma. 

Si recta linea in partes inaequales secatur^ qua- 

drata partium inaequalium maiora sunt duplo rectan- 

■^^ gulo partibus inaequalibus comprehenso. 

Sit recta .^£ et in jT in partes inaequales 
i^ secetur, et maior sit AF. dico, esse 
..p AF^ +rJJ* > 2 ^r X FB. 

nam AB in A in duas partes aequales secetur. 
-^ iam quoniam recta linea in ^ in partes aequales secta 
est, in r autem in inaequales, erit AFx FB + FA^ = AA^ 
[n, 5]. quare ArxrB< AAK itaque 2 APx rB<2 AA\ 
est autem AT^ + TB^^ 2(AA^ + AT^) [H, 9]. ergo 
Ar^ + PJ52 > 2 ATX rB ; quod erat demonstrandum].*) 

LX. 

Quadratum rectae ex duobus nominibus rectae ra- 



1) Cum Euclides iam prop. XLIV p. 128, 17 hoc lemmate 
tacite UBus sit, parum credibile eet, id ab eo ipso hic demum 
additum esse. quare puto, lemma ab interpolatore adiectum 
esse, quem fugerit^ id iam antea usurpatum esse. facile ad- 
paret res ipsa ex II, 7. 

sloL V. avicmv tijg oXrjg tfiT^fiditmv V. 12. ^ato) yuQ F. 13. 
tisiiov to Ar F. 16. J] corr. ex B F. 17. yQccfiiiri rj ABY, 

19. dno tTJg Vb. FJ] in ras. V, JF F. t»}s AJV. 

20. ^Xaacov P, comp. Fb. ttjs il^d V. '^^, ti\^ AA^ 
iaTtJ om. P. 24, tcov] om. P. ^b. v%' ^ c.Qirt. is\. "L^^ 
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«ccQa^aXXoiiEvov xXatog noLtt Ttjv ix dvo 6 
[idTmv wproriji'. 

"Eeta iv. Svo ovofidtav rj AB StrsQtjjiivf] sis td 
ovofiata xaru tb r, StttE to (let^ov ovoiia slvat to 
5 Ar, xal Exxeia&o} pjjTr ij ^E, xal rco ano tijg AB 
C6ov naqd t^v dE napa^t^Xi^e&io to iJEZH nXdtog 
Ttoiovv zrjv iiH' Xdyto, oTt ij jdH ix dvo ovofidtwv 
iatl npioTt]. 

naQttpE^Xij6&ia yaQ nttpa tijv AE tk! fihv ano 

10 T^s ^r taov tb ^&, ra di dnb r^g BT laov tb 
KA' XoiTCov dga t6 Slg vnb rav AF, FB taov ietl 
rro MZ. TEryitieQat tj MH Sixa xata tb N, xal nag- 
«XXijXog %#(a i] NS! [ixatiffa zmv MA, HZ]. Ixd- 
rspov dga tmv MS, NZ taov iarl tc5 areo:| vnb Ttow 

15 APB. xaX inel ix dvo ovo^dtav iatlv t} AB Sltiq^- 
(livri slg rd ovofiata xata to F, al AF, FB aga pij- 
rai Etai Svvd[iEi (lovov avfiftEtpoi' ta aqa dnb tav 
AP, FB ^jjTa iari xal ovfifisrQa dXXrlXotg' Saze xal 
t6 evyxEifiEvov ix tmv anb tiav AF, FB lOvfifisTQSv 

20 iart Toig azo rav AT, PB' qijtov aga iSTl to iSTjy- 
xeifiEvov ix tmv dnb rrav AF, FB]. xai iativ taav 
ta AA' QtjTOV Kjja iotl tb -d A. xal nagd ptjT^v tijv 
A E naQdxEtzat' ^rjtij apa iailv rjAMxal iTvfififTpog 
t^ ^E ft^xEi. ndXiv, snsl at AF, FB ^tjzai siai 

25 SvvdfiEt (lovov avfifiEtQOi, (liaov dga iatl to iJig vnb 
rav AT, FB, rovtiazi zb MZ. xal srapa ^rjTjjv zijv 
MA nagdxfiTai' pijT^ apa xal ij MH iati xal dav(i- 

5. rml corr. ex td m. 1 F. AB] A b ooit. B. 9. t£] 
ooTr. es 'to m. 1 P. 10, x6] mat, in ro m. 1 F. ^9] 6 
e cocr. V. Tro] corr, ex rd m. I F. 11. ^oiCJ m. 2 P. 13. 
A^-W m. 3 T,' 13, NS] N eraa. F, 3 b. f^ariea — "'i 
— . P. 14. Font £ea d ' ■ '" " 
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tionali adplicatum latitudinem efficit rectam ex duobus 
nominibus primam. 

Sit AB recta ex duobus nominibus in jT in nomina 
diuisa, ita ut maius nomen sit A F, et ponatur ratio- 
J KM N H nalis ^E^ et quadrato AB* 

aequale rectae ^d E adplicetur 
^EZif latitudinem efficiens^if. 
dico^ ^H rectam esse ex duobus 
A r B nominibus primam. 

nam rectae^E adplicetur^@=|^r*et KA^Br\ 
itaque reliquum [II, 4] 2ArxrB = MZ. iam MH 
in N in duas partes aequales secetur, et NS parallela 
ducatur. itaque MS = NZ = ATx TB. et quoniam 
AB ex duobus nominibus est in F in nomina diuisa, 
AFj FB ratiouales sunt potentia tantum commensu- 
rabiles [prop. XXXVI]. itaque /^JT*, jTJJ* rationalia 
8unt et commensurabilia. quare etiam AF* -^- FB^ 
[prop. XV]. et Ar^ + FB^ = AA. itaque etiam AA 
rationale est. et rectae rationali AE adplicatum est; 
quare AM rationalis est et rectae AE longitudine 
commensurabilis [prop. XX]. rursus quoniam AF^ 
FB rationales sunt potentia tantum commensurabiles, 
2ArxrB, hoc est MZ, medium est [prop. XXI]. 
et rectae rationali MA adplicatum est. itaque MH 
rationalis est et rectae MA, hoc est AE^ longitudine 

m. 1 F. 16. AF, FB in ras. V. 16. at] aal at V. 18. 
ioTt] elaiBYb, xof^] (alt.) om. V. 19. Post TB del. xat iariv 
Haov P. cvfifistQov — 20. FB] mg. m. 1 P. 20. (rjtov — 
21. TB] om. P. 22. JA] A e corr. FV, JA P. to] rm F. i 

JA] corr. ex JA m. rec. P. 23. JM] corr. ez d H m. 1 
2 F.^ 27. aga icxl BFVb. %al] om. V. I«xv\ wa.,^^^\i.- " 

ev/ifiSTpog Ff corr. m. 2. 
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fi£i(io^ T^ MA, zomiaii r^ ^dE, /tijjffi. fOtt Se xal 
ij M^ ^r\ti\ xal Ttj /JE ^^x» ffu/i/tfrpog" aOvfifWTpos 
Spa ^Or!v ^ /IM Tfj MH p^^xci.' xai siei ^ 
^M, MH UQK ^riraC eiSi dvva^tt (joi/ov avp.iiiTQQ^\ 
5 ix dvo Kpa ovo^dzav istlv {} ^H. 
^uxtiov dij, oTi xai KptoTJj. 

'Exil Tcov ano tSv AF, FB fiitfov avaloyov iazi 
TO vao tSv AFB, xal rtov A&, KA apa ftisov dva- 
Xoyop ieti ro M^. eaziv aga lag z6 a^® ffpos to 

10 MS, outog t6 MS JTpog to KA, Tovziativ ag 17 z?K 
«pos tijv MN, Tj MN JiQog zrjv MK' r6 aga {mb 
rmv AK, KM isov isrl tp «jro t^s MN. xal ixel 
(TufiftfTpov ieti to Kjro t% AFTip dao rijg FB, ev(i- 
(terQOV iOTi xal rh A& Ta KA' Sars xal ^ AK tij 

15 KM Svniitrpog iezLv. xal iml fiti^ovd ioti za ano 
tav AT, FB zov dig vno znv AF, FB, (leCtov apa 
xal zh A A rov MZ' Sszs xal ri AM z^g MH fiei^aiv 
iexCv. xaC iativ leov to v%o t&v ^K, KM ra dao 
Tijg MN, TovzieTi tp ifCKpTro tow ano TJjg MH, xal 

20 flvfififtpog Tj AK xfi KM. iav 6% aOi Svo ev&Etai ai/t- 
(foi, td 8i rftaQra jie'p£i toij uTto r^g ildaeovog iaov 
itaQa rijv fitC^ova napapXi}&li iXlEtnov eCSei Ttrpayiova) 
xal eCg av(i(itTQa avrrfv diatQfj, tj jift£a)v zijs iXdeaovog 
ftet^ov dvvatat ta anb evftiiirgov iavtfj' ij A M aga 

26 r^g MH fisllov Svvatai tro djib avfifihTQOv eavrij. 
xaC ilei pTjTol at ^M, MH, xal ^ AM (let^ov ovo(ia 
ovaa avfifiet(f6g iaTt t^ ixxei^iv^ QV^fj ty ^E (i^xei. 
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incommensurabilis [prop. XXII]. uerum M^ rationalis 
est et rectae /lE longitudine commensurabilis. itaque 
JM^ MH longitudine incommensurabiles sunt [prop. 
Xni]. et sunt rationales. itaque jdM^ MH rationales 
sont potentia tantum commensurabiles. ergo ^Hex duo- 
bus nominibus est [prop. XXXYI]. iam demonstrandum, 
eandem primam esse. quoniam AFxFB medium est pro- 
portionale inter jil^, FB^ [cfr. prop. XXI lemma], etiam 
MIS medium est proportionale inter jd®, KA, itaque 
z/®:iW;S— M^:A:^,hocest[VI,l] AK:MN=MN:MK. 
itaque AKxKM= MN^ [VI, 17]. et quoniam 
Jl^y FB^ commensurabilia sunt, etiam A0, KA com- 
mensurabilia sunt. quare etiam AK, KM commen- 
surabiles sunt [VI, 1; prop. XI]. et quoniam est 
jr^ + FB^ >2Arx FB [u. ad lemma], erit AA>MZ. 
quare etiam AM>MH [VI, 1; V, 14]. et 

AKxKM=MN^ = \MH\ 
et AK, KM commensurabiles sunt. sin datae sunt 
duae rectae inaequales, et quartae parti quadrati mi- 
noris aequale spatium maiori adplicatur figura qua- 
drata deficiens et eam in partes commensurabiles 
diuidit, maior quadrata minorem excedit quadrato rectae 
sibi commensurabilis [prop. XVII]. itaque ^M^ ex- 
cedit MH^ quadrato rectae sibi commensurabilis. et 
AMj MH rationales sunt, et maius nomen AM 
rectae rationali propositae AE longitudine commensu- 
rabilis est. 

(tBTQOs iati y. Post ianv add. fiTjTisi, m. 2 B. 16. tov 
— TB] Bupra Bcr. F. 18. iat£ PVb, comp. P. 20. Post 
KM add. fw}xet V, m. 2 B. coaiv PB. 23. SuitQsi b. 
24. Ante iisiiov ras. 1 litt. F. 25. xco^ x6 Y, ^^, •^iav. ^ — 
27. ioTi] in ras, F. 26. JM] MH *?, HM ^\i. 



"~ 'H ^H aQu ix Svo ovoituTov t0zl XQarr}- Sir^^ 

T6 ano T^g ix Svo [lieav JigeJtTjg Jiixpie pij- 
5 Tijv jiapa^aXXofisvov jrAKrog aoisl t^v ix 8vo 
ovoftdtiov SevxiQav. 

"Earm ix Svo (lieeov «piatjj 7] AB ditjp-rjfiivT] eig 
T&s ^iaaq xaxa ro F, fov (iBi^av ij JT, xal i«xiia&a 
pi;Ti) ^ z/£, xai itapa^e^k^^s&m ita^a rijv .JE tra kjto 

10 T^s AB taov jrKpaAAjjidyporfif^ov to ^Z ^rAorog noiovv 

rijv ^H' i.iyo, ort i} .^ H ix dvo ovofiatav ietl dEvripa. 

KcfT£6XBvdaQa> yap ra avxa rotg %q6 tovtoii. ««t 

intl ^ AB ix Svo fiiecov iatl jtQatTi tftjjpijftivij xata 

rb r," nt AF, FB aga (liaaL slal Swajisi, fiovov 

15 Gvftfistpoi ^rjtov aspiixovGai' aers xal tk ajc6 Treiv 
AF, FB ftiaa iaxiv. fiiaov apa iotl rh/JA. xa\ napk 
^ijT^w T^v ^E irnpa^E^AjjTKC pJjT^ Kpa iativ 17 M^ 
Xttl aOvftfistpog rr) ^E ffrjxst. TtaXtv, insl ^ijroi' iffrt 
TO dlg vxii rmv AT, FB, ^jjtov iazi xal id MZ. xal 

ao «aQa ^7]tiiv triv MA itaQaxEitaf ^ijr^ tfpa [iarV\ xal 
71 MH xttl ff^xst OvitfiSTQog t^ MA, toute'«t[ rij ^ E' 
aavftftsTQOS apa iatlv 7/ A M ffj MH [tjjxsi.. xai tiei 
§r}rai' al JM, MH «pa ^y}Ttti ciei SwdfiEi fiiovot' 
avftftstpoi' ix Svo apa ovofidtav iatlv ^ jdH, 



i 



1. ovOfiaTQi b. oiree fJfi^ei^ai] om. BFVb,"<!omp. P. 
IP' F. 4. QTjT^e B, Bed coiT. 7. lario] e corr, m. 2 F. 
naqa ri/v dE ittc(ia§i^i,-^aSia P. 10. jfB] corr. ex A 

1 b. i'aor zo F. 12. Karamevdaitm V. 14. aC] in 
m. 2 B. ttaiv B. 16. eori»] ^«ri PB, conip. Pb, li 
17. aaeawrai Theon (BFVb). 19. ^mi] om. B. 2( 
pra scr. i^» P. (axl'] om. BFVb, St. oufiurT^og fi^M 
JWJJ M e corv. V. 22. iaiiv] om. V". jnjxti tS MH V. 
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Ergo ^H ex duobuis nominibus prima est [deff. 
alt. 1]; quod erat demonstrandum. 

LXI. 

Quadratum rectae ex duabus mediis primae rectae 
rationali adplicatum latitudinem efficit rectam ex 
duobus nominibus secundam. 

Sit AB recta ex duabus mediis prima in F in 
medias diuisa, quarum maior sit AT^ et ponatur ra- 
/A K M N H tionalis AE, et rectae AE adpli- 

cetur quadrato AB^ aequale par- 
allelogrammum ^Z latitudinem 
efficiens jdH. dico, ^H ex duo- 
A f B bus nominibus secundam esse. 

nam comparentur eadem, quae in priore propositione. 
et quoniam AB ex duabus mediis prima est in F 
dinisay AF, FB mediae sunt potentia tantum com- 
mensurabiles spatium rationale comprehendentes [prop. 
XXXVII]. quare etiam AF^^ FB^ media sunt [prop. 
XXI]. itaque AA medium est. et rectae rationali AE 
adplicatum est. itaque MA rationalis est et rectae 
^j^ longitudine incommensurabilis [prop.XXII]. rursus 
quoniam 2 ArxFB rationale est, etiam MZ rationale 
est et rectae rationali MA adplicatum est. itaque 
etiam MH rationalis est et rectae MA longitudine 
eommensurabilis [prop. XX]^ hoc est rectae AE, itaque 
AM, MH longitudine incommensurabiles sunt [prop. 
XTTT]. et sunt rationales. itaque AM, MH rationales 
sunt potentia tantum commensurabiles. ergo AH ex. 
duobus nominibus est [prop. XXXVI]. 
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jdBimiov dij, 0T( ftat Stvri^a. 

'Enel yap tk «jio ttow ^^r, FB itii^ovd isTi roS 
5lg vnro rav JT, FBj ftsrgov apa «al to ii-4 rou 
MZ" aatt xal jj ^M zrjg MH. krI inel 0vfj.(itTQ6v 
b iSTi To Rjio lijg AF tki axo T^g fB, 6v[iiiBTg6v iaxt 
xal To ^0 ro JCvi" aOTt xkI i) iJK Ttj KM avfi,(ia- 
Tpog iariv. ««i iazi ro vno tiov ^KM lOov ta uno 
T^S MN' ij jJM apa Tijg MH fttl^ov Svvatat za aitb 
aviifiitpov iavT^. xai iariv ^ MH «u/t^srpog xy tdK 
10 ftrixEi. JH 

'H ^H Kp« ix Svo ovofiatiov iarl dtvtiga. ^H 

0- 

T6 «jto Tjjs ix dx'o fiiaiav Stvtigtts jrcpa 
^jjT^v JtaQa^akkofievov nAarog Jtoist tijv ix 
16 tfwo orojiKTdi' TptTjjr. 

"EffTOj ^j£ Wo fiieav dErtgpc; ^ ^B tfiijpijjiiVij e^s 
Tffg ftiffas xaiK To r", MffTE ro fi6E£oi' tft^fia slvat ro 
AF, pijt^ (i/ tig f'etto ^ ^ E, xal Ttapa tTfv ^E t^ 
«310 rifS AB Haov nagallrjloygafifiov naqa^B^k-^aQm 
so to ^Z nXatog noiovv tffv ^H' liyc}., Zti ^ jdH ix 
dvO oVOflttTmv itftl TpftrjJ. 

KateaxBvde&a ta aiita toig' npodtSttyfiivoig. xal 

inel ix Svo fiiaav SivriQa iaTlv ■>] AB SiriQrifiivi} 

xata to r, al AT, FB u(fa fiiaai eial Svvafiet fi6vov 

se evfifietQOi fiiaov ntQiixoveaf mate xal t6 evyxeifitvov 

3. ^r] r in raB. m. 1 P. 7, intt*} ioTi BV, comp. Fb. 
Iflti] icTiv P. ^KM] KcoiT. exJlf m. 1 P; iJff, AM oorr. 
es jSK, NM V. 8. MH'] corr. ex MN m. 1 b. Bvvattti 
fiei^ov V. 12. ^S'] corr. ex ^y' F. 16. ovotiataiv'] corr. ei 
/i^amv m. 2 B. xQirjiv] in thb. m. 1 B. 16. foiio] in rag. 
a. 1 B. 18. iffra] yeyovetio V. J E"l in cae. m. 1 B. i.}»] 
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iam demonstrandum est, eandem secundam esse. 

nam quoniam Ajy + FB^ > 2 ArxTB [prop. 
LIX lemma]; erit etiam ^A^^MZ, quare etiam 
^M> MH. et quoniam AI^^ FB^ commensurabilia 
sunt, etiam /l&^ KA commensurabilia sunt. quare 
etiam /IK^ KM commensurabiles sunt [VI, I5 prop. 
XI]. et ^iirxiiriVf=MJV« [cfr.p.l«4, 7 sq.]. itaque 
^M^ excedit MH^ quadrato rectae sibi commensu- 
rabilis [prop. XVII]; et MH, /1 E longitudine com- 
mensurabiles sunt. 

Ergo /IH ex duobus nominibus secunda est [deff. 
alt. 2]. 

LXII. 

Quadratum rectae ex duabus mediis secundae rectae 
rationali adplicatum latitudinem efficit rectam ex duo- 
bus nominibus tertiam. 

Sit AB ex duabus mediis secunda in F in medias 
diuisa, ita ut maior pars sit AF, rationalis autem sit 
j KM N H ^E^ et rectae /dE quadrato AB^ 

aequale parallelogrammum ^Z 

adplicetur latitudinem efficiens 

^H, dico, ^H ex duobus nomi- 

A r B nibus tertiam esse. 

comparentur eadem, quae in superioribus demon- 

strationibus. et quoniam AB ex duabus mediis se- 

cunda est in P* diuisa, AF, FB mediae sunt potentia 

tantum commensurabiles spatium medium comprehen- 

^nj^v Ti)v F. To5] corr. ex to m. 1 F. 20. t^v] corr. ex 
To m. 1 B, to F. 22. xal nateatievoiad^ai^ del. Ma/, F; xofTa- 
ansvdad^m yaQ V. xa^] poatea ins. F. ^^. loxl S%m%^«.^ 
24. r£] rin ras. V. iusaai aQa ^. hUlv Y^, 
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^x zmv «310 zmv v^fj rB (isaov itfziv. xai iSrtv 
taov ta ^ A' fiiaov aqa xal lo ^ A, xaX ^aQaxsnai 
jrapo pTjriJw Ttjv z/E' pijT^ aga carl xal tj M^ xal 
aOvii.ii,ETQog zfi idE iirpai. Sia za Kt^Ta drj xul ij 
6 MH Qijzrj iazi xal davjifiitpog zfj MA, xovzdati zfi 
^E, fiijxet' prjzri ap« iatlv ixatiqa ttov ^M, MH 
xtti dav(ifistQos tfi ^E (i^xBL. xai tWt devfifiazQos 
iativ ij AT t^ FB [i-ijxBi, mg di ^ jiF repog zijv rs, 
ouTOJg ro dno ziis AF Jipos lo vno zav AFS, davyi- 

10 p.iZQQV aQU xal z6 aito r^g AF ta vxo zwv ATB. 
aaxB xal ro SvyxsifiEvov sx zSv d^b xmv AF, PB 
za dlg vzo zav AFB davfinetgov iattv, tovtiati zo 
AA t^ MZ- Sate xal 7/ AM t^ MH davnnstQog 
iaziv. xai eiai Qijtai' ix 8vo Sqk ovandiav iaziv 

15 ij ^H. 

zitixtsov [5ij], ort xal tgitTj. 

'Ojioiag d^ tots XQOtSQOis imXoyiovfis&a, oti (iti- 
lav iatlv ij ^M zijg MH, xal avfiiiszQos ij idK rg 
KM. xai iazi tA vjto tmv ^KM i'aov ta dao t^g 

20 MN' ij z/M «pa T^s MH fist^ov dvvatai, za dnb 
Ovjtftirpou iavti]. xaX ovSstsQa tdv z/M, MH ffu/t- 
[isTQog iati tij .JE fM]X£(. 

'H AH ttQa ix Svo ovofiaTQv iazl zQizi}' oxeq 
sSbi- Set^ai, 
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1. l-x tmv] om. Fb, m. 2 B. iaiiv] iati PBVh, comp. 
3. nagditeirai] om. V, 3. ir;t> d E piji^v P. /ativ P 
ODi. B. JM P. 4. Sidj xai ifid F. 6. p.;i:<j — 
mg. m. 2 V. 6. MN V. a. ry TB — ti A F] e 
m. B F. 9. i^?] imv B. -<r, Bv< B. oviiitttQov u, corr. 
m. 2. 10. m'] ooiT. ex iw V. hb] corr. ei to m. B P. 

Ar,rSV. II. TB] om. P. li.ABrP. ioTiPB^, 
camp. b. loj iro F, 13. ji A] dA F et, eras. A, b. x«0 
^ni. B. 14. iati PBV, comp. Fb. V6. Si',\ oni. P. 17. 
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dentes [prop. XXXVIII]. quare etiam ^r* + FB^ 
medium est. est autem jiF^ -\- FB^ = ^A, itaque 
etiam /dA medium est. et rectae rationali J E ad- 
plicatum est. itaque M/l rationalis est et rectae ^E 
longitudine incommensurabilis [prop. XXII]. eadem 
de causa etiam MH rationalis est et rectae MA^ hoc 
est /dE^ longitudine incommensurabilis. itaque utraque 
^M^ MH rationalis est et rectae jdE longitudine in- 
commensurabilis. et quoniam AF^ FB longitudine in- 
commensurabiles sunt, et Ar:rB = Ar^:ArxrB 
[prop. XXI lemma], etiam AF^ et AFxrB incom- 
mensurabilia sunt [prop. XI]. quare etiam AF^-^- FB^ 
et 2 ArxFB, hoc est AA et MZ, incommensura- 
bilia sunt. quare etiam AM^ MH incommensurabiles 
sunt [VI, 1 5 prop. XI]. et sunt rationales. ergo AH 
ex duobus nominibus est [prop. XXXVI]. 

demonstrandum, eandem tertiam esse. 

eodem igitur modo, quo antea [p. 188, 2 seq.], con- 
cludemus, esse AM> MH^ et AK^ KM commensu- 
rabiles esse. et AKxKM = MN^. itaque AM^ 
excedit MH^ quadrato rectae sibi commensurabilis 
[prop. XVII]. et neutra rectarum AM^ MH rectae 
AE longitudine commensurabilis est. 

Ergo AH ex duobus nominibus tertia est [deff. 
alt. 3]; quod erat demonstrandum. 



d/i'] 8e V. ngotSQOv BFb. oTt] corr. ex rt ro. rec. P. 19. 
JKM] J e corr. V, corr. ex A m. rec. P. 21. av(ifiiTQov] 
G in ras. V. 22. icziv PV. 28. wibq idsi dei^ai] comp. P,- 
om. BPVb. \ 
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T6 «sio T^ff (lei^ov 
X6(i,svov itldtog jrotE 
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5 "Eara fisi^mi' ij ,^S 6ir,Qr}fiEvij xaza ro F, (3ffT£ 
fiH^oi'» Bivat Tijv AF i^s FB, p^r^ d^ ^ ^£^, xnl 
tp «JEO r^s ^B i'ffov irapK njv ^£ aaQa^e^l^a&m 
t6 ^Z jrapK^AjjZo/paftftov TtXdtos ^owvv tTji' ^lf' 
Atyro, 0T( ^ ^i/ ix dvo ovofidriov tatl titd^TT], 

10 Kat£ffxsva<s9to ta avta Toig TCQoSsSsiyfiEVOis- xai 

ixsl fisi^av iotlv ij AB diijQijfisvij xaza to f, aC AF, 
rs dvvdjisi sielv aavfifisTQoi KotowOat to ^iv avy- 
xeifiivov ix tmv dii avtwv ttt^aytavwv pijtoV, tb ds 
vn avttov fidaov. insl ovv qtjtov iari tb evyxsifisvov 

16 iii teov dnb tmv AF, TB^ ^jjtbv uQa ictX to jd A' 
pjjT^ aga xal ^ /JM xctl avji^stQog t^ z/£ ftijxEi. 
adkiv, insX fiseov iazl id dig wjro tav AF, FB, 
xovTsaTi. tb MZ, xal ituQa Qrjttjv iazi. tifv MA, ^ijtij 
«pa fffrt xaX i} MH xal ftfftrjififTpos t^ ^E f^ijxEt' 

ao «(fuftfttTpos oQa iazl xal ^ zfiV? rj] Mif ftjjxci. aC 
iJM, MH aga ^ijtai ddi dvvdfiti. fiavov aviifistQOi' 
ix dvo Squ Qvofidtav iarlv ij ^H. 
^^^_ jJsixtiov [^ij], OT'' xal TjTa^tiij, 
^^^H '0[ioia>g Stj dsi^oiisv tots XQOtsgov, ott ftsi^av ioTlv 

^^^^ 1. ^S' F, et aic deinceps. 6. pij aiipra scr, rij V. 8i 
' ris V, 7, jiHpa — 8. JZ] mg, m. 1 F. 8. J H] eorr. ex 

JE m. 1 F. 9. 7j JH] corr, ex AH F. 10. KaTaoneuBO*» 
-V. Dein add. ydg FV. nQodtSiitiivois F, corr. m. 2; Jtpo- 
SeSiSayiihoti: F, nig. m. 1 vq. neoSiSciynivots. 12, rs 

ieo y. eial aiJ/iiifrpoi B, corr. m, 3. fitvj BUpra sor, in. 
1 F. 18, a' BFV, 16. JA] corr. ex JA m. rec. P. 18. 
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Lxm. 

Quadratum maioris rectae rationali adplicatum la- 

titudinem efficit rectam ex duobus nominibus quartam. 

Sit maior AB in F diuisa, ita ut sit AF > TjB, 

et rationalis sit ^E, et quadrato AB^ aequale rectae 

j KM N H ^ E adplicetur parallelogrammum 

^Z latitudinem efficiens ^ff. 
dicO; /dH ex duobus nominibus 
quartam esse. 



.S & A S 



I- 



A r B comparentur eadem, quae in 

superioribus demonstrationibus. et quoniam AB maior 
est in r diuisa, jiF, FB potentia sunt incommensu- 
rabiles efficientes summam quadratorum rationalem, 
rectangulum autem medium [prop. XXXIX]. iam quon- 
iam AI^ + r^^ rationale est, ^ji rationale est. 
quare ^M rationalis est et rectae ^E longitudine 
commensurabilis [prop. XX]. rursus quoniam 2-<4rxFjB 
medium est, hoc est MZ, et rectae rationali MA ad- 
plicatum est, etiam MH rationalis est et rectae ^E 
longitudine incommensurabilis [prop. XXII]. itaque 
^M, MH longitudine incommensurabiles sunt [prop. 
XIII]. quare jdM^ MH rationales sunt potentia tantum 
commensurabiles. ergo ^H ex duobus nominibus est 
[prop. XXXVI]. 

demonstrandum, eandem quartam esse. 

iam eodem modo, quo antea, demonstrabimus, esse 

Theon (BFVb). MA} corr. ex MJ m. rec. b, MJ BF. 
Deinde add. nccQccHsnai Theon (BFVb). 19. iat£v V. 20. 
iariv P. JM] M e corr. m. 1 F. Ante at deL v,aC E, *l\.. 
&Qix'\ om. P. 23. di]] om. P. ^4. 8t\ xolq ii^(jxt^w Wv- 
Xoyiovfjtsd-ay ori Theon (BFVb). 

Enolidea, edd. Heiherg et Menge. ILl. ^ 
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fj ^M r^s MH, xaX ort ro vno ^KM fffov iezl ta 
aab E^s MN. insl ovv aSviifistQov ieri t6 rjio t^s 
AF ra arco ■zrjg FB, aevftiiBt^ov aga iezl xal zi 
^® rip KA' mate aavfifistQos xal ^ ^K ffj KM 
6 iativ. iav S% mflt Svo ev&stat avtaot, rto Si tsTK^TCi 
[liQsi. row anb zijs ilKaaovog tGov HRQaXXtjloyQafifiov 
xa(/a f^v (lEi^ova zaga^Xtj&y iXletaov eiSst zstQa- 
yoavii) xaX slg aavniietQa rwt^v dtaiQy, ij fieCtfav z^q 
ilaaaovog [let^ov dvv7j6ezai za aito aOvfifiizQov savz^ 

10 ftijxst' r} jdM aga t% MH fiet^ov Svvarai ra «iro 
aavfifiitQOv savtii. xaC slGiv al z/M, MH pjjtKl Sv- 
vdfiBt ftovov av^^BtQot, xal Tj jJM ffuftfitTpo'? iatt 
rfi ixxeifiiv^ ^V^V tij jdE. 

'H ^H aqa ix Svo ovo^idrmv iarl rszdQTt}' oneg 

16 iSsi SBt^ai. 

is'. 

T6 UTto T^s ^rizov x«i fiiaov Svvafiivr]g Jta- 
Qtt Qfjf^v aaQapai.i.6fiBV0V nkarog aotst ztjv ix 
Svo ovofidtav nifiartiv. 

20 "Eozia QTjrbv xal ftieov Svvafiiv^ ij AS StrjQff^vtf 
tig TKg ev&eCag xata z6 T, aOre fisCiova slvai zi^v 
jir, xttl ixxsCa&ia ^ijtii tj ^E, xal Tto ttit6 t^s AB 
taov JTKpa rriv ^E naQa^e^k-^aQca zb ^Z nXdzog 
noioijv f^v zJ H' Xiyca, ott rj jdH Ix Svo ovo^drmv 

25 iotX %ifj.%rt\. 

1. T%] tjj V? MN BV. ■ujTo T^v V. JKM] snpra 

add, K V. 3. To] corr. ex lof F. 4. aevfiiingos] om. 

Theon (BFVb). KM aavfi^Er^os iexiv Theon (BPVb), 

6. cDOtv BF. 6. Foat teov del. naga t^v iifitova F. jtttg- 

alXrjloYfajiiiov] om. V. 7. Ttagct tiiv ficC^ovu] om. Pb, m. 

S B. 8. diBipff F, SiBieeJ' p^nEi V. 10. zJM] . — 

.^M F. 11. aviiftiTQOV P. 13. JE^ oQTt. ■ ■ "' ' 
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jJM > MH, et ^K X KM= MNK iam quoniam 
jiiy, TjB* incommensurabilia sunt, etiam -^®, KA 
incommensurabilia sunt. quare ^K, KM incommen- 
surabiles sunt [VI^ 1; prop. XI]. sin datae sunt duae 
rectae inaequales, et quartae parti quadrati minoris 
aequale parallelogrammum maiori adplicatur figura 
quadrata deficiens et eam in partes incommensurabiles 
diuidit^ maior quadrata minorem excedit quadrato 
rectae sibi incommensurabilis [prop. XVIII]. itaque 
/iM^ excedit MH^ quadrato rectae sibi incommensu- 
rabilis. et jdM^ MH rationales sunt potentia tantum 
commensurabileS; et ^M rationali propositae dE 
commensurabilis est. 

Ergo jdH ex duobus nominibus quarta est [defil 
alt. 4]; quod erat demonstrandum. 

LXIV. 

Quadratum rectae spatio rationali et medio aequalis 
quadratae rectae rationali adplicatum latitudinem efficit 
rectam ex duobus nominibus quintam. 

Sit AB recta spatio rationali et medio aequalis 
quadrata in F in rectas diuisa, ita ut ^F maior sit; 
j KM N H et ponatur AE rationalis; et qua- 

drato AB^ aequale rectae AE 
adplicetur AZ latitudinem effi- 



£ 



® ^ '^ ^ ciens AH. dico, AH ex duobus 



A r B nominibus quintam esse. 

onsQ idei Set^at] comp. P, om. BFVb. 17, Mornpoate». \s^^« * 
m. 1 F. 20. (tjxi^ F, sed corr. y[ ilB'^ m. ^ n , 



p 
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KaTeaxBvde&a na avra rotg npo TOtJTov, htsl avv 
pijTov xal fiisav Svva^dvrj Idziv ij AB diyprjfidvrj 
aata ta F, kI AF, FB kqk SvvdfiBi, siolv KevftiistQOi 
jEOiowtfat t6 lilv avyxeifisvov ex rmv da avrtov xstQa- 
5 ymvav fidcov, to 6' va avt^v ^^rov. iital ovv (li- 
eov ierl t6 GvynBi^svov ix tav daa tbv AF, FB, 
Hdaov aga ietl ro ^A' wSrs pjjrif ietiv ij /IM xal 
\i.y\xsi afliififtfTpoj ti\ ^E. adii.iv, ixsl pijrov ieti ro 
dlg vitb Ttov AFB, rovticzi t6 MZ, pijT^ a^a 7/ MH 

10 xal ffyfififTpog rij ^E. dsvftfierQos «pa ^ .d M r^ 
MH' a[ /IM, MH aga pijtfft siei Svvdyiei [lovov 
ev[t[tctQai- ix 8vo KQa ovoiidrtov ictlv ii z/H. 
Aiya Sri, Sit xal aifiTttij. 
'Ojioias Y^ff Ssix^^ecrai, ort t6 vno tav ^KM 

15 teov iarl Tp dno tijg MN, xal devfiiistpos ^ -dK tji 
KM fijjxEf y ^M cpa t^s ^H nst^av Svvarai rp 
dab devfinsrQov savrfj. xaC sistv at jdM, MH [^tj- 
tai] dvvdftEi fiovov eviiftsrQoi, xal r\ iXdeemv ij MH 
evftftsr^og t^ .dE ftijKEi. 

20 'H zlH apa sx Sva ovo^drcov lorl «ifismj' oiteif 
ISsi Ssll^at. 

To djtb rijs Svo [tiea dvvafiivijs aa^a ^jj- 
rijv TtttQa^aXXo^Svov nXdtos JCOiBt rjjji kx Svo 
25 ovo^aTrav fxttjv. 

"Earm Svo (liaa dvvaiiivtj 7j AB djjjpijfieV); xaza 
to r, §r}tr] Sl ierea rj ^ E, xal aaQa t^w ^E Tp 

1. *tiiae«evde9B> V. Deinde add. ynp FV. jrpo towtoi'] 
wpaiEpo», corr. m. 2, F. 4. leTQdyrovov F, corr. m S n. 

ii P. 7. Mul TO b, 8. Tnl ij b. 9. ..^r, TB £ 



ELEMENTORUM LBBER X. 197 

comparentnr eadem , quae antea. iam quoniam 
AB recta est spatio rationali et medio aequalis qua- 
drata in F diuisa, AF^ FB potentia incommensurabiles 
sunt ef&cientes summam quadratorum mediam, rect- 
angulum autem rationale [prop. XL]. iam quoniam 
AI^ + ^^^ medium est, AA medium est. itaque 
AM rationalis est et rectae AE longitudine incommen- 
surabilis [prop. XXII]. rursus quoniam 2 AF X FBy 
hoc est MZ, rationale est, MH rationalis est et rectae 
AE commensurabilis [prop. XX]. itaque AM, MH 
incommensurabiles sunt [prop. XIII]. quare AM^ MH 
rationales sunt potentia tantum commensurabiles. ergo 
AH ex duobus nominibus est [prop. XXXVI]. 

iam dico, eandem quintam esse. 

nam similiter demonstrabimus^ esse AKxKM= 
MN^ et AK^ ^Aflongitudine incommensurabiles. itaque 
AM^ excedit MH^ quadrato rectae sibi commensura- 
bilis [prop. XVIII]. et AM, MH potentia tantum 
commensurabiles sunt, et minor MH rectae AE lon- 
gitudine commensurabilis est. 

Ergo AH ex duobus nominibus*. est quinta [defip. 
alt. 5]; quod erat demonstrandum. 

LXV. 

Quadratum rectae duobus spatiis mediis aequalis qua- 
dratae rectae rationali adplicatum latitudinem e£6cit 
rectam ex duobus nominibus sextam. 

Sit AB recta duobus spatiis mediis aequalis qua- 

m. 2 P. 20. JH] JMFBh, JH in ras. V, mtit. in ^M 
m. 2 F. ons^ iSBi Sst^oci] comp. P, om. ^N\i, nn, ^* \i. 
T^rJ (fyrr^ rr^r F, t^] corr. ex x6 m. \ 'S • 
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owo t^s AB leov TtaQix^e^k-qS&fo rb ^Z TiXdto^^ 
jtoiovv t-qv jdH' Xiya, ort i; /IH ix Svo ovoiiarav 
iatlv extrj. 

KateexevaaQio ytcQ r« avta rofg «qozeqov. xkI 
6 iittX 17 AB SvQ fieea Svvafitvij iatl dfjjQijfiivTj xata 
ro r, at AF, FB aga dvvafui sieXv aavjifittpoi 
aoioveai TO ts evyxeijifvov ix tcov aii avtmv tEtQa- 
ymvmv jiieov xal to va avreav fiieov xal iri davfi,- 
(istgov To kx tav aji avtmv xitQaycavtav evyxtifisvov 

10 t^ V7t avrav roffre xata ta npodsdsiyitiva (lieov 
kerlv sxateQov rmp ^A, MZ. xal xapa Qtjrijv Tijw 
^E aetQdxsitaf pijrij «pa setlv sxaripa trav <^3/, 
MH xal aavii[ist(fos ttj jdE (iijxst. xal eaBl devfifit- 
rpdv IffTt ro avyxsCfi.svov sx rmv dnb rav AF, FB 

15 rp Sls vTto tav AV, VB, davfifisTQov UQa serl tb 
^A r& MZ. davfLfisrQos apa xal tj jJM ti] MH' 
al JM, MH aga pijtat slat Svvdfisi (lovov evfifts- 
tQOf sx Svo afftt dvo[i.drmv eatlv tj AH. 
Aiye} Srj, oti xal «ctjj, 

20 'Ofioiag S^ ndXiv Sei^O(j.ev, oti to VTtb rmv AKM 
taov eetl rp d^b r^g MN, xal oti ^ z/K t^ KM 
fi-^xst terlv devfifiBtQog' xal Sid xk avrd S^ 17 AM 
tijg MH (isitov Svvatai ta dab aOvfifiirQOV savz^ 
(i^xBi. xal ovSersQtt rSv ^M, MH evfifistQos iari 

25 rij ixxsi(iivrj Qtjt^ xrj jdE (irixei. 



1. foo»] fooji naijnXlTjX^y^ti^^ov V. 4. \taza9tifvaa9ca "V, 
sed corr. 6. Svo'] S corr. ex fi P. 6. AF] TA F. 9. 
to <ivy%t{^ivov Ik i£Jv aTc' ttvimv tccgayavav Tlieon (BFVb). 
10. im] 1(5 i» Tmv P. 10] om. b. aQaBiSeiSayfiiva P, 
corr. m. 1. 12. nciea*fiiTai P. {tniv] ^«l Kai BFVb. 

16. iativ P. 16. MZ] corr. ex MF m. 1 F. 17. JM] 
corr. ex JM m. rec. P. 19, f,t{\ ota. BV. 20. Si,] yop 
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^^ N g drata in F diuisa, JE autem 

rationalis sit, et rectae ^E qua- 
drato AB^ aequale adplieetur z/Z 
latitudineme£Qciensz/if. dico^z/if 



BA & 



A r B ex duobus nominibus sextam esse. 

comparentur enim eadem, quae antea. et quoniam 
AB recta est duobus spatiis mediis aequalis quadrata 
in r diuisa, AFj FB potentia incommensurabiles sunt 
efficientes summam quadratorum mediam et rectangulum 
medium et praeterea summam quadratorum rectangulo 
incommensurabilem [prop. XLI]. quare ex iis; quae 
antea demonstrata sunt, ^A^i MZ media snnt. et 
rectae rationali jdE adplicata sunt. quare utraque 
z/M, MH rationalis est et rectae dE longitudine in- 
commensurabilis [prop. XXII]. et quoniam AI^ + PJJ* 
et 2 AFxFB incommensurabilia sunt, ^A et MZ 
incommensurabilia sunt. quare etiam z/M, MH in- 
commensurabiles sunt [VI, 1; prop. XI]. itaque z/M, 
MH rationales sunt potentia tantum commensurabiles. 
ergo ^H ex duobus nominibus est [prop. XXXVI]. 

iam dico, eandem sextam esse. 

iam rursus similiter demonstrabimus, esse ^KxKM 
^MN^j et ^Kj JlM longitudine incommensurabiles 
esse. eadem igitur de causa ^M^ excedit MH^ qua- 
drato rectae sibi longitudine incommensurabilis [prop. 
XVIII]. et neutra rectarum z/M, MH rectae rationali 
propositae ^E longitudine commensurabilis est. 



Theon (BFVb). ndXiv] om. V. Deinde add. totq ngo tovtov 

Theon (BFVb). oti] supra scr. F. 21. KM] MH F, corr, 

in KMH m. 2. 22. Sia tavza BY. 'i^. «««vuvukx^^i-xj ^"^ ^ 
ted corr. 



'H iJ H KQu ix diio orofiKTOJv iczlv ixiiii' ojrjp 

'H tfj ix Svo ovofturav (i^xn avmiETQOg xal 
6 aiitij ix Svo ovofidTtov iarl xkI ttj zd^Et ^ 

"Esta ix dvo ovoiiarav ij ^B, xal t^ AB [i^xei 
eviifitvQog iavfa tj Fz/' Xtym, ort ij F^ ix Svo ova- 
(uitav ierl xal Tfj ■cd^Ei. ij avri] tij AB. 

10 'Encl yaQ ix Svo dvoiidrtov iatlv rj AB, SiTjQ^aQa 
tig ^« oWfiffiK xatd To E, xal lata (itt^ov ovofia ro 
AE' at AE, EB aga ^tjtai Blai. dwdfiai fiovov ev(i- 
fifTpot. ysyovitta tbg ^ AB ngbs tijv TA, ouiras ^ 
AE KQos triv rZ' xal AotJrij apa jj EB Jr^og XoiTf^v 

15 t^v Zi^ iativ, wg ^ ^jB Jipog f^v r^. av^iiETQos 
Si ri AB ty F^ fijJxEC Gvtififtgog aga iatl xal ^ [liv 
AE trt rZ, ri Si EB tfj ZA. xai liai pijrai al AE, 
EB- pijTttl dga dal xal «f FZ, ZJ. xaX \i%Bl\ ietiv 
E>S 1) AE repog rz, ij EB repos ZA. ivaXXd^ dqa 

20 iotlv rag ^ ^£ JTpog EB, ij FZ nffbs ZJ. aC Si 
AE, EB SvvdftEi. jiovov [EieV] atifififrpoi ' xal aC FZ, 
ZjJ dqa SvvdftEi ftovox' eial avfijiEtffOi. xai Eiai pjjTcci" 
ix Svo affa ovoftdtav iatlv ij Fjd. 

Aiysa S-^, oT» z^ td^Ei, itjtlv ^ avtij xfi AB. 



1. oms ?*£' Sfliai] comp. P, om. BFVb. 6. ioTiv P. 
Tf\ m. 2 B. 7. ^ — 8, avo^aTcsp] mg, m. S B. 11. ofofuii] 
om. V. 14. rZJ mut. in BZ b. nai] iu ras. V. 16. 
ZJ] dZ PV. rj\ corr. ex EJ P. orfi^fieoe — 16. 
fnjxet] m. 2 B. 16. W] om. b, m. 2 B. 17. Z^] corr, 
ei liZ V. af ^E, EB] mg. m. 2 V. 18. i/oA' B. Ind] 
tfm. P. 19. Jipds rz -- 20. .^E] mg. m. B B. 19. tijv TZ 
JK y^ — sTpoVJ supra Bcr. F. tV Zd V. a^a\ om. F. 
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Ergo ^H ex duobus nominibus sexta est [deff. 
alt. 6]; quod erat demonstrandum. 

LXVI. 

Becta rectae ex duobus nominibus longitudine com- 
mensurabilis et ipsa ex duobus nominibus est et ordine 
eadem. 

Sit AB ex duobus nominibus, et F^ rectae AB 
A E B longitudine commensura- 

, , , bilis sit. dico, FA ex 

^ Z ^ duobus nominibus esse et 

ordine eandem ac AB, 

nam quoniam ^JS ex duobus nominibus est^ in E 
in nomina diuidatur, et maius nomen sit AE. itaque 
AE^ EB rationales sunt potentia tantum commensu- 
rabiles [prop. XXXVI]. fiat [VI, 12]AB:rj = AEi FZ. 
itaque etiam EB:ZJ = AB:rj [V, 16 5 V, 19 coroU.]. 
uerum AB, F^ longitudine commensurabiles sunt. 
itaque etiam AE^ FZ et EB^ Z^ longitudine com- 
mensurabiles sunt [prop. XI]. et AE^ EB rationales 
sunt. itaque etiam PZ, Z^ rationales sunt. est 
autem AE:rZ = EB:Z^ [V, 11]. itaque permu- 
tando [V, 16] AE:EB = rZ:Z/l. uerum AE^ EB 
potentia tantum commensurabiles sunt. itaque etiam 
FZ, Zz/ potentia tantum commensurabiles sunt [prop. 
XI]. et sunt rationales. ergo Tj^ ex duobus nomi- 
nibus est [prop. XXXVI]. 

iam dico, eam ordine eandem esse ac AB. 



20. ovzmq 71 rZ V. 21. M\ om. P. *ia. Y£\ A \». 
ras. V. ^4. (TjtJ om. V. oti] oxi viat ^^^ • 
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'H yap AE r^5 EB fift^ov dvvaTCii TjTot tm ktco 
evfifth^ov iavry ij ta ano aaviiiiErpov. sl fihv ovv 
71 AE r^g EB ft£r£ov Svvarai ra azb Ovfi^itQov 
iavTJj, xal ii FZ t^? Z^ fitt^ov Svv^OETat xip ccxo 
5 SvfifiiTffOv iaviij. xal sl fiev evftfttrtfog ietiv ^ AE 
ffj ixxsifisvj] ^»)!^, xttl ij rZ avfifisTQog avz^ iarai, 
xal Sia zovTo ixariga rSv AB, TA ix Svo ovOfiaTcov 
iatX JtptoTjj, TovtiaTi, TJj td^si ^ aurj;'. ti Sh i) EB 
aviifitTgos iOTi r?j ixxttfiivTj piji^, xal ^ Z^ avfi- 

10 ^ETpdj iOTiv avTjj, xal Sia tovto adXiv tfj tdlti ^ 
avtii iatai zfj AB' ixateQa yuQ avtmv lOTai ix Svo 
ovoftdTav Savzipa. ti Si ovdtripa tmv AE, EB evfi- 
litZQog iati t^ ixxEifLBvy ^V^fh ovSeziQa tiSv PZ, ZA 
Ovfifittpog avtfj ietai, xai iettv sxaTi^a Tpii?j. ti Sl 

16 i} AE T^? EB ftat^ov Svvazai za dxo davfifiitpov 
iavtjj, xal rj PZ t^g Z^ ^tltpv Svvazak Tp ano aSvfi- 
fiitQOv iavzjj. xal ti fiiv ij AE avfifittgog iOTt t^ 
ixxttfiBVTi pJjT^, xal i] FZ evHfiitQog iattv avTij, xai 
iettv ixari^a TtTaQzrj. tC Si ij EB, xal ^ ZA, nal 

SO iatai ixatiQtt JtifiJtTTj. ti Se ovStTiga rav AE, EB, 
xttl zmv rz, ZA ovStziqtt av^^tzQog iezt zij ixxti- 
ftiw] pijt^, xal ieTtti ExariQa ixtij. 

"ilazt 7] ty ix Svo ovoftaTiav fi^xtt avfifttrQos i» 



1. AE] ootr. ei AB m. 3 F. i^c] corr. ei tb m. 2 P. 
2. davniil-c^ov'] corr. ex avfiiiheov m. 2 B. tl\ corr. ex 
11 V. 3. trig\ oorr. ex TJi m, 2 P. ooufifi^Teou b, a- aupra 
add. m. 2 F. 4. TijeJ oorr. ei t^ m. 2 V, JZ V. 3v 
v^arjTai h. 6. daviiiitTQOv Fb. 7. F^] pofltea add. F, dein 
del. BT. 8. tlj poetea ins. F. 9. JZ Fb. 10. Post 

^ui.v del ^ m. 1 P. loS.o] corr. ei rov m. 2 F. 11. iatai} 
(alt.) leri b. om. V. 12. lati SevtiQa V. 3' F. 13. ov3{ 
ovSexiQtt BF. 14. tpiTi;] ^jjtij b. fl 3i 17] ^ 3i b. 15. 
r^ir/ coj-r. ex rr/ m. 3 F. oufifiitpot) BF, aed corr, 16, ZjJ] 
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nam AE^ excedit EB^ aut quadrato rectae sibi 
commensurabilis aut incommensurabilis. iam si AE^ 
excedit EB^ quadrato rectae sibi commensurabilis, 
etiam FZ^ excedet ZJ^ quadrato rectae sibi commen- 
surabilis [prop. XIY]. et siue AE rationali propositae 
commensurabilis est, etiam FZ ei commensurabilis 
erit [prop. XII]; quare utraque ABj F^ ex duobus 
nominibus prima est [deff. ali 1]^ hoc est ordine 
eadem. siue EB rationali propositae commensura- 
bilis est; etiam Zz/ ei commensurabilis est [prop. XII]; 
quare rursus ordine eadem erit ac AB\ nam utraque 
earum ex duobus nominibus secunda erit [deff. alt. 2]. 
siue neutra rectarum AEj EB rationali propositae 
commensurabilis est, neutra rectarum FZ, Zz/ ei com- 
mensurabilis est [prop. XIII], et utraque tertia est 
[deff alt. 3]. sin AE^ excedit EB^ quadrato rectae 
sibi incommensurabilis , etiam JTZ^ excedit ZAl^ qua- 
drato rectae sibi incommensurabilis [prop. XIV]. et 
siue AE rationali propositae commensurabilis est, 
etiam FZ ei commensurabilis est [prop. XII], et utraque 
quarta est [deff. alt. 4]. siue EBj etiam Z A commen- 
surabilis est, et utraque quinta est [deff. alt. 5]. siue 
neutra rectarum AE^ EB^ etiam neutra rectarum PZ, 
Zz/ rectae rationali propositae commensurabilis est, 
et utraque sexta est [deff. alt. 6]. 

Quare recta rectae ex duobus nominibus longitu- 

-dZ F. SvvriaBxai Theon (BPVb). avfifiitQOv BF, sed 
corr. 17. iati, — 18. Qfity] e corr. F. 19. iativ] Bupra 
scr. xn. 1 P, ^atat FVb. rj] (prius) m. 2 P. %ai iatat 

inatiQa ni(i,ntri] mg. m. 1 P. 
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dvo ovOfitcTav iazl xal tfj zd^£i ^ avz^' omg ^det 

H tfi ix dvo (iheatv fi^^xti 0vfifi£tQOs xal 
b avzi} ix Svo nietov iarl xal rfi iw^ft ^ kvti). 
"Ecta ix Svo (tiaav 17 ^B, xal tfi AB ffufifier^os 
BOxa (i^^xfi ij r^' Xiyco, ort tj F^d ix 6vo (lieciv istl 
xal ry ra|fi i] avzi] tfi AB. 

'Exel yaQ ix dvo [lidiav ierlv ij ^B, dtjjpjjo^&ro 

10 elg ras (iBOas xaza to E' af j4E, EB apa (iioai. elal 

Svvd[iiL [lovov Sv(i(i.izpoi. xal yiyovBzta rog ^. AB 

1CQ0S r^, ij j4E jrpoj rZ' xal koimij aqa ij EB 

ngog Xomijv zijv Zz/ ieztv, ms f jiB «pog J^'^. 

ev(i[tiTpos Sb ij AB zfi Fd (t^xtf ev[i[tBrgoq apa 

15 xal Bxaziga zdv AE, EB ixazBQa zBv FZ, ZJ. 

(tieat S^ aC AE, EB- [tieai aga xal aC EZ, ZA. koL 

inBi ieriv cbg ij AE repos EB, ij FZ ngbq ZA, at 

61 AE, EB SvvdfiBt [lovov av(i(iBzgoi bIgiv, xal al 

rZ, Z z/ [apa] Svvd(iBi (lovov Ovfifiizpoi Eieiv, iSBi%- 

20 9rieav Sh xai (liaat' i} FA aga ix Svo [lietav ieziv. 

Aiya tfij, ozi xal rjj za^Bi ij avzi] iert zfi AB. 

'EjcbI ydp ietiv dig ij AE jrpos EB, ij VZ npbs 

ZA, xal ths ap« zb dnb i^g AE ngbg to vjio zav 

AEB, ovzmg tb dnb tijs PZ nfog ro vab rav PZA' 

BB ivaXXa^ ag zb dab zi]g AE ngog zb dnb zr^s fZ, 

'Vb. 3. in £' iorai. F. 4. 
. Theon (BFVb). 7. ^ FJ 
9. SiVQTiiLivTi Theon (BPVb). 
1 EA P. fiaiv P. 12. i^.- rj V. 
"1 raB. V, JZ B. r^v r^ V. 11. 
16, %ai ri liiv AE t^ TZ (ZT F), 
j; o( aa xt/ ij (corr. ei ^Z V) Theon (BFVb). 16. (tivai 
di] na/ tiol fiiaat Theon (BFVb). xBlB[\xK(b. 17. ^E] 



1. oiTEp tSn 


S,X%aC\^ on 


T35] m. 2 B. 




^^x« V. 8. 


AS\ BJ 1 


10. t^sl h V. 


AE) 1 


Tijv rz V. 


13, zJ\ V. 


daiiufifTeoe_*£ b 


, sed corr. 
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dine commensurabilis ex duobus nominibus est et 
ordine eadem; quod erat demonstrandum. 

LXVII. 

Beeta reclae ex duabus mediis longitudine com- 
mensurabilis et ipsa ex duabus mediis est et ordine 
eadem. 

Sit jiB ex duabus mediis; et rectae AB longitu- 
dine commensurabilis sit P^. dico, Fjd ex duabus 
mediis esse et ordine eandem ac AB. 
^ E B ^^^ quoniam ^JS ex duabus mediis est. 



1- 



' ' ' in E in medias diuidatur. AE, EB igitur 



r Z J mediae sunt potentia tantnm commensura- 
biles. et fiat AB:rj = AE\ FZ [VI, 12]. itaque 
etiam [V, 19 coroll; V, 16] EB:ZJ = AB : FA. 
uerum AB^ FA longitudine commensurabiles sunt; 
itaque etiam utraque AE^ EB utrique PZ, ZA com- 
mensurabilis est [prop. XI]. uerum AE^ EB mediae 
sunt. itaque etiam JTZ, Zz/ mediae sunt [prop. XXIII]. 
et quoniam est AE:EB = rZ:Z^, et AE, EB po- 
tentia tantum commensurabiles sunt, etiam JTZ, ZA 
potentia tantum commensurabiles sunt [prop. XI]. 
demonstrauimus autem, easdem medias esse. ergo F^ 
ex duabus mediis est. 

iam dico, etiam ordine eam eandem esse ac AB, 
nam quoniam e^t AE:EB = rZ:Z^f erit etiam 
[prop. XXI lemma] AE?:AExEB = rZ^:rZxZA. 

ABB. tiivEBY, Ti\vZA V. 18. tlcX av(i(i6TQot BFVb. 
19. &Qa] om. P. slal avfifistQoi BFVb. 20. dFF. iatt 
BVb, comp. F. 22. r^v EB BV. ovtoig ri F. rZl 
rj F. 28. tiiv ZJ V, ZA F. ^4. Vr\ T^VY. V1.S\ 
Bupra Bcr. Z m. 2 V. 25. ws] aQtt ws ¥ . 
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ovTojg To vab r£v AEB «565 ro vnco xav FZ^. 
0v{i(iitQov 6i ro KJto t^g j^£ rw «a;o r^s TZ" ffvfi- 
(ifrpov apa «wt lo wreo rav jIEB rj3 two t(ov FZjJ. 
itze ovv pijroi' ^Ot( ro VTto tmv AEB, xal t6 wjto 
5 riav rZJ pTjTor iotti' [xal tfia TotJro ietiv ix Svo 
ftieav wpmrij]. sht [idaov, fiB6ov, xai iertv ixaTi^a 
devTBpa. 

Kttl Sicc rovTO iffzai, ^ FA rjj .^B r^ Twgst ^ 
auTjj- on;fp iSst. Sit^at. 

10 1^'. 

'if ry (iiiZovi avfi{iBTQog xal aitTrj (lEi^iovi 
iaxCv. 

"Eexa fiEi^atv ^ AB, xctl r^ AB «v/i^jrpog iata\ 
1} rj- Xiyo), oTt ^ /"z/ ^['gmv ^itt^v. 

15 AiriQria%ai ii AB xuTii xo E' at AE, EB «pa 

SvvaiiBi eialv aaviiitETpot noiovaai t6 (ilv avyxsi[itvov 
ix Tmv ttTC avxav XEXQayavav ^jjroi', to S' vx' avxav 
(liaov xal ysyovixiD xa avTa xotg tiqoteqov. xa\ iitsi 
iaxiv ag ^ AB srpos r^i' FA, ovxag ^ xe AE Jtpiig 

20 xiiv rZ xal rj EB srpos xtjv Zz/, xal mg apa i) AE 
XQog xijv rZ, oCreg ij EB «poff rijv Z^. ffuftfifrpos 
S^k i\ AB ry FA' av(i(iErQog a^a xal fxar^pa xav 
AE, EB ExaTEQa rmv FZ, Zz/. xal ixsi ieriv tog 17 
AE jtpos rriv FZ, ovxas ^ £B wpoj njv Z.^, x«I 

25 ivaHa^ mg f} AE Kpog EB, oiircjg ^ /'Z apog ZA, 
xal evv^ivTi «pa ^fftiv ag tj AB npog xijv BE, ourog 

1. rZJ] J in ras. m. 1 b; FJZ P, yg. FZJ mg. m. 1. 

2. 3(1 corr. es aga m. 2 F. id — 3. ^po] mg. m. 2 P. *. 

iaziv B. 5. enTui BFb, xbi-' — 6. «pwijj] om. P. 5. htivl 

comp. post Ta,a. 1 Jitt. F, ^axai V. 6. ihi uiaov zo uiio Tui» 

^jE'^?, /(fiTD)' «ai ro vito x&M rZ. J Tbeoa ^.^VN V,. %. taim^ 



I 
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pennutando [V, 16] erit-4£?:rZ*=^jEx£:jJ:rZxZz/. 
nerum AE^j T7? commensurabilia sunt itaque etiam 
AExEB^ rZxZJ commensurabilia sunt [prop. 
XI]. itaque siue AExEB rationale est, etiam 
rZxZA rationale est; siue medium, medium est 
[prop. XXTTT coroll.], et utraque secunda est [prop. 

xxxvn— xxxvni]. 

Ea de causa FA ordine eadem erit ac ^JS; quod 
€rat demonstrandum. 

Lxvni. 

Becta maiori commensurabilis et ipsa maior erit 
Sit AB maior^ et rectae AB commensurabilis sit 
FA. dico, FA maiorem esse. 

diuidatur ^JS in J^. itaque AE^ EB potentia in- 
commensurabiles sunt efficientes summam quadratorum 
rationalem, rectangulum autem medium [prop. XXXIX], 
et fiant eadem, quae antea. et quoniam est 
AB:r^-=^AE:rZ et AB:rA=EB:ZA 
. z [cfr. p. 204, 1 1 sq.], erit etiam AE: rZ=EB:ZA 
[V, 11]. uerum AB^ FA commensurabiles 
sunt. quare etiam utraque AE, EB utrique 
rz, ZA commensurabilis est [prop. XI]. et 

om. Vb. xal 9? BFVb. T^] ^^ b. 9. onh^ idsi Ssi^ai] 
comp. P, om. BFVb. 10. g??'] g seq. ras. 1 litt. F. 11. 
fisiiovi] eras. b. 14. oti %al BFb. F/f] d post ras. 1 
litt. b. icxi PV, comp. Fb; icx\ %al B. 16. ^E] corr. ex 
AB F. ^ ^B] m. rec. F. a^a] m. 2 F. 17. *'] 8i F. 

vn avTflov] corr. ex vno x&v m. 1 P. 18. xal ysyovsxfoX 
ysyovsxm ydg P. 19. xs] pm. F. ^ 20. EB] BE' F. t^v] 
om. P. xal mg aqa] ^axiv aQa xal ag in ras. V. ri AE — 21. 
ZJ] in ras. V. 21. FZ] EB V. EB] TZ V. xnv\Qm. 
Bb. 22. AB] corr. ex EB m. 2 F. ^^. xV\ ^^^ wa.«^ 

25, rj}r EB V. t^v ZJ V. 



A- ^r 



E- _ 
B-. 
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i) r,J itpog T^v -JZ' Koi cog &QU tb aao rijs -^B 
jrpog To ano r^g BE, ovtas tb uicb Ttjs Tz/ ;rp6s to 
«Jto T^s ^Z. bfioifas Si) Sel^oti-sv, ott xai. tog xb aito 
T^S AB itQog To aTtb r^s AE, orrojg to axb rijg FjJ 
5 jrpog tb KHo tijs rz. xal ras Spa ri axh Tijg AB 
itgbg T« anb rtov AE, EB, oiiTms ro anb t^g Ftd 
srpos TK Kjro t(3v fZ, Z^" xal ivaXkcc^ aga iotlv 
mg To ««0 T^s AB xgbg rb axb t^g FjJ, ovtag ta 
anb rmv AE, EB Jt^bg ta aito tmv FZ, Z.d. avfi- 

10 (ifTpor Se tb anb Trjg A B ta anb Tijg F^- ffv/ifiitQa 
uQa xal T« anb rmv AE, EB totg ano rav FZ, Z^. 
xai iari t« anb rcov AE, EB «{la pijTdv, xa\ ra dnb 
rtov rz, Z/i afia qijtov ionv. bfioiae bi xal tb dis 
vno rmv AE, EB 0v[i(itrp6v iert rm 8\g vnb ttav 

15 rZ, Z^. xai i0Ti (liaov to dlg vab tav AE, EB- 
(lioov ap« xal to Slg vttb rav FZ, Z^. a[ fZ, ZA 
KQa Swafisi aaii}i.(ittQoi tiai itotoveai i6 fiiv avyxsi- 
(levov ix rmv dn' avtav tiTQKYmvav afia pt/Tov, Tci 
Sh Slg va avriSv fiiaoV okij aqa 17 F^ aloyoq ioriv 

SO V xai.ov(iivti (lei^av, 

'H apa tij jiBitovi av^fistQog fiei^av iativ ojTfp 
idet Sit^ai. 

'H Tfl pjjTov xal (liaov Svvay.iv^i avnfiBtffog 
26 [stal avtii'] ^Tjrbv xal ^iaov dvvaftivr} ioriv. 



:. P; iTiv Zd FV. 3. 

01. rec. P. 6. tol (ali) 

„„. m. 2. 7. 10] M PFb, 

8. ■c£\ id F, et B, aed conr. 

rZ] EZ b, et F, aed. corr.; 

.... b. rz] EZ b, "* T" "^ 

PU. U. IWi ^. 



1. iijv ^Z] JB miit. in JZ m. ri 
iJZ] Z J P. 4. 10 ajto T^s rj «eosj 



et B, sed < 
9. Ta] 



6. ta] To Fb, .- . 

orr. rZ] FJ F. 

F, et B, eed corr. 

11. AE\ A 
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quoniam est AE: FZ = ^JJ iZ^d et permutando [V, 16] 
JEiEB — rZiZJ, etiam componendo erit [V, 18] 
JB:BE=rJ:^Z, quare eimmAB^:BE^=rJ^:JZ^ 
[YI; 20]. iam similiter demonstrabimus^ esse etiam 

AB^ : AE^ = r^2 . pz,\ 
quare etiam AB^ : AE^ + EB^ = FJ^ : TZ^ + ZJ'. 
permutando igitur [V; 16] 

AB^ : T^ = AE^ + EB^ : TZ^ + ZA\ 
uerum AB^^ TAi^ commensurabilia sunt. itaque etiam 
AE^ + EB^ et TZ^ + ZJ^ commensurabilia sunt 
[prop. XT]. et AE^ + EB^ rationale est, et^ TZ^ 
+ ZA^ rationale. eodem modo etiam 2 -^ jB X £?5 
et 2 TZxZjJ commensurabilia sunt. et 2 AExEB 
medium est. itaque etiam 2 TZx ZA medium est 
[prop. XXIII coroll.]. itaque PZ, ZA potentia incom- 
mensurabiles sunt [prop.XIII; cfr. p. 206, 15 et 22] effi- 
cientes summam quadratorum rationalem^ rectangulum 
autem medium. itaque tota Tjd irrationalis est maior, 
quae uocatur [prop. XXXIX]. 

Ergo recta maiori commensurabilis maior est; quod 
erat demonstrandum. 

LXIX. 

Becta rectae spatio rationali et medio aequali qua- 
dratae commensurabilis ipsa spatio rationali et medio 
quadrata aequalis est. 



1) Post ZJ lin. 13 Augustus non male addidit ccQa, 

iavt fiiaov] fiBaov Si V. 16. TZ] supra add. E b. FZ] 
r in ras. m. 2 P, supra scr. E b. 17. sCalv dav(ifistQOi> BFVb. 
slatv P. 19. 7j oXri Vb. 21. onsq ^Ssi ^€t4ai\ q.q\sc<^.^> 
om. BPVb. 24. qijtov] -ov in laa. "B. 'i^. Y.ttV. «^x-x^ ^m»^ 

JSaolides, edd. Heiberg et Menge. IIl. "^^ 
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"Egtio pijroi' xttl [iBffov dvvafiiv^ tj AB, xal Tt) 
AB evfifisTpog hetio ^ F^' dBixTtov, oti, xat 7/ F^ 
pijtov xal fiiaav Swafidvij ietiv. 

^L^TjQ^S&ta 7) j4B sis tag sv&eias xata to E" aC 

{, AE, EB OLQa Svvu^h eColv aevji^iSTpot aotovaai to 

(ilv SvyxeifiEvov ix tiSv utc uittov rerpfty 'vav ^eaov, 

t6 d' V7t avrav pTjTOV xal tk avza xaTe6x(vd0&ca 

totg nQOtepov. Ofioifos Stj SEi^ofiiv, oti xal ai rz., 

Z^ dvvdiifi sielv d(iviiii£TQai, xal 0viijietqov to filv 

10 avyxEifievov ix tmv ano Ttov j4 E, EB rp avyxBinivm 

ix tmv dab tcav FZ, Zz/, to 5* iJ:;t6 AE, EB ta vai 

rZ, ZA' a6tE xttl t6 [fiiv] evyxsifiEvov ix tav djio 

Tiov rZ, ZJ tatQaytovav iSTt iiieov, t6 S' vito tmv 

rz, Zz/ ^ijrov. 

16 'Pi]t6v ttQtt xttl (lisov Svvaiiivt] istlv ^ 1*^4 ■ ojmq 

iSei Set^ai. 

o'. 
'H rti Svo (iiga dvvaiiivii svfiiietQos Svo 
liioa Svva^ivri iSTiv. 
gO "EffTa Svo fiitfa dwafiivt] rj AB, xal t^ AB 

av[i[ieTQ0s ij FiJ' Sstxtiov, oti xal ^ FiJ Svo [tioa 
dvvafiivvi iettv. 

'Enel yap Svo [iiaa Swaiiiwi iatlv i] AB, Stjj- 

Q^e&m els Tag Ev9Eiag xata to E' aC AE, EB S^a 

25 SvvttHEt elalv aaviifietQoi itoiovaat ta te cvyxeiiiEvov 

1. KBi T^ A B] supra scr. m. 1 F. 2. SftKriov] leyio V. 
3. {nTi B, comp. Fb. 7. Si F. naraaKtvde&Bi h. B. 
«f] ij V. 11. S' P. «5» AE V. 12. Twv rz {corr. ex 
FH) V. niv] om. P. 13, rfteaymvoi' P. 3i P. 15. 

Sntf gdn aatlBil comp. P, om. BfVb. 17. o'] seq. ras. 1 
litt. P. 18. «ai avxTi auo V. 21. n] f"»' V ^. Stt^xiav] 
Uyca V. Sij oti B. 24. aaid lo E cls ra: ev^itus V. tS- 
^f/agl m. 2 B. 
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Sit AB spatio rationali et medio aequalis quadrata, 
et rectae AB commensurabilis sit P^. demonstrandum^ 
etiam F^ spatio rationali et medio aequalem esse 
quadratam. 

"A jF diuidatur AB in rectas in E; itaque AE^ 

EB potentia incommensurabiles sunt effi- 

.-2 cientes summam quadratorum mediam, rect- 
..£ angulum autem rationale [prop. XL]; et com- 

"'^ parentur eadem^ quae antea. iam similiter 
-^B demonstrabimus, PZ, Zz/ potentia incommen- 

surabiles esse et AE^ + EB^^ TZ^ + ^^* commen- 
surabilia et AExEB^ FZxZ^ commensurabilia. 
quare etiam JTZ* -{■•ZA^ medium est, FZ xZA autem 
rationale. 

Ergo FA spatio rationali et medio aequalis est 
quadrata; quod erat demonstrandum. 

LXX. 

Recta rectae duobus spatiis mediis aequali quadratae 
commensurabilis ipsa duobus spatiis mediis quadrata 
est aequalis. 

Sit AB duobus spatiis mediis aequalis quadrata, 
et rectae AB commensurabilis P^. demonstrandum^ 
etiam JT^ duobus spatiis mediis aequalem esse qua- 
dratam. 

^A -r nam quoniam AB duobus spatiis mediis 

aequalis est quadrata, in E in rectas diuidatur. 
itaque AE, EB potentia incommensurabiles 
■E sunt efficientes summam quadratorum mediam 

^ et rectangulum medium et praeterea AE^ + EB^y 
^^ AExEB incommenaui^Joi^^» Vgtop^* ^5MC\\ 
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ix zmv vcTt avtiSv [zETQaydvtav] fiioov xrI ro vit* 
avrav [lieov xal hi aaiSftji^Tpov tb avyXBifievov ix 
rav ano lav AE, EB retQaydviav ta vnb tcov AE, 
EB- xal xaTeOxtvaOd^o) ta avta roCs XQOtapov. bfioicog 
5 di] dsi^oiiBV, oti Kol aC FZ, Z^ dvvdftti sielv aevfi,- 
[isT^oi xal avfifiBTpov ro ftlv OvyxBiiiBvov ix riav dni 
rav AE, EB ta evyxsifiivp ix rav a%b rwv PZ, 
ZA, tb 6i vnb T(ov AE, EB ra vab tav FZ, Z^- 
aare xal ro evyxBifitvov ix tmv dnb r<av JTZ, Z^ 

10 TBZfaydvtav [iiaov iarl xal ro vnb tmv rz, Zd [liaov 
xal hi aaijfifiBt^ov ro avyxsiiiEvov ix rSv ccTib rav 
rz, ZjJ tETgttydvcov ira vab tav FZ, ZA. 

'H a^a r^ dvo fiiaa dvvajiivTi iariv ojceq bSei 
Ssi^ai. 

18 oa'. 

'Ptjtov xal ftiaov avvTL%EfiivQv tieaaQes 
akoyoi yiyvovtai rroi ix dvo Ivo^drav ^ ix 
8vo (isamv iCQtatT] 7/ fiEi^iDV ij pTjToi' xal jibSov 
dvvafiivvi. 

20 "Eerta pjjiov fiBV tb AB, [ideov bi tb F^- Kiyu}, 
OTt i\ tb AA fja^iov SvvafLivij ^tot ix 6iJ0 ovofidtiov 
iatlv 7J ix Svo fiiaav itQcoTt] ij iiBitmv ?} Qi^tbv xal 
(iieov Svvafiivi}. 

Tb yap AB tov F^ ^toi ftst^ov ioriv ij Skaaeov. 

2B ietia TtQotBQOv fi.Bl%ov xal ixxEia&o QtjTTj 71 EZ, xal 
TCaqa^B^kria&m na^a tijv EZ ra AB COov rb EH 
jrAaros aoiovv rriv E@' ra dl ^F leov aapa t^v EZ 

1. ttTQctyiivan'] Dm. P. um'] mut. in btc' m. 2 I*, dn h. 3. 
JE\ (prins) corr. ei AB m. 2 F. 6. FZ] in raa. m. 1 P. 8. 
loat] cooiEKalid F. 9.rj,JZF. 12, rtn] to V. 13. TJ 
Sea B. rj] jJ postea ina. V. Swtp Uu Ssilai] oomp. P, otn. 
BFVb. 16. o§\ p eras. F. 17. viyvovTail ■ilvovcan BFVb et. 
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et comparentur eadem^ quae antea. iam similiter de- 
monstrabimusy JTZ, ZJ potentia incommensurabiles 
esse, et AE^ + EB^^ FT} + ZJ^ commensurabilia, 
et AExEB^ rZxZjd commensurabilia. quare 
etiam FZ^ + Zz/^ medium est et FZ xZJ medium 
et praeterea FZ^ + Z^*, JTZ xZJ incommensu- 
rabilia. 

Ergo rj duobus spatiis mediis aequalis est qua* 
drata; quod erat demonstrandum. 

LXXI. 

Spatiis rationali et medio compositis quattuor ir- 
rationales oriuntur, aut recta ex duobus nominibus 
aut ex duabus mediis prima aut maior aut spatio ra- 
tionali et medio aequalis quadrata. 

Sit AB rationale, FJ 
autem medium. dico^ rectam 
spatio A/4 aequalem qua- 
dratam aut ex duobus nomi- 
nibus esse aut ex duabus 
mediis primam aut maiorem 
aut spatio rationali et medio 
aequalem quadratam. 

est enim aut AB > FA aut AB < FA, sit prius 
AB > Pz/. et ponatur rationalis EZy et rectae EZ 
spatio AB aequale adplicetur EH latitudinem efficiens 
£@; spatio autem z/Faequale rectae EZ adplicetur ®I 
latitudinem efficiens SK. et quoniam AB rationale est 

supra add. y m. 1, P. ^toa] corr. in ^ xb m. rec. P, corr. ex 6 
r^ V, ex 17 F; ^ xb B. 21. ^] m. 2 P. A/i\ A ft <iQrt. ^, 

^Tot] ^ V. 27. tm] corr. ex x6 m. 1 ¥. ^q^\. ^T. '^^^^ 
TbeoD: tovtsm Tfjv &H (BFYb). 
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Ttapa^ejihje^Kt to &I jiAktos noiovv zijv ©ff. xal ' 
ind ^rjzov iszi to AB xaC isTiv ftfov ra EH, pijrov 
aQa xal to EH. xal naQa [pfjnjK] t^v EZ na^a^i- 
phjtat aKarog itotovv t^i' E&' tj E& aqa pjjrjj igrt 
b Kai Ov(ifi£t(fog Tij EZ nrjxsi. tCkXiv, iaei yiieov iezX 
xo Ft^ xaC ietiv i'eov ta @I, ^eeov a^a iezX xkI 
To &I. xal naga pjjri/i' tijv EZ nuQdxBitai. ntkaTOg 
noiavv T^v &K' ^tit^ aga iOTlv ^ ®K xal a0v[i(iBTQOg 
T^ EZ if^xEt. xal iaeX ^tieov ierl z6 F^, Qtjtov di 

10 t6 AB, a0vft(iBtgov aga ietl ro AB to FA- aexs 
xal To EH KiJiififtETpov ieti xa &L ag Se to EH 
nrpog t6 ©J, oCtojs ieilv ^ E& «pog t^v 0^- aev(i- 
liEtQoe apa iatl xttl Tj E& t^ ®K iii^xEi. xai sleiv 
antpoTBQai ^tjtaC' ai E&, &K aqa ^^rai siot dwajiet 

15 [lovov eviijiBTpof ix Svo aga ovojtatcov iativ »; EK 
StjiQijiiivti xKTa tl &. xal i%el ^Bt^ov iOTi ro AB 
Tou r^, leov di To (liv AB tm EH, to Se F^ ta 
&I, (iBi^ov apK xal t6 EH roii ©/■ xal rj E® «pa 
(leittov iett tijg &K. ijtot ovv tj E& t^g &K fiBt^ov 

20 Svvatttt Tto «reo 6vfi(iiTQ0v eavTTj fiijxEi ij ta «jto 
aevfinitpov. dwae&to jrpoTfpov ta aito evfiftitQov 
eavtij' xai ictiv ^ \f.ei%i:ov ^ &E ffiJfijitfrpos t^ ixxst- 
[livtj ^tjtfj tjj EZ- 7j Kptt EK ix 6vo 6vo[iatav ierl 



1. 01] mut. in 8H F, J eraa. V. 3. Kai} (prius) m. 2 F. 

piji^i'] om. P. 4. E9] (prius) ©E F. pijuj «eo! ioil»' ^ 

Ee Theon (BFVb). loiiv P. 6. »/] i in ras, F. 7. 

0/] I in ra3. F. Poat naeditntai add. Theon: toviim 

(-•V V) i^j* &H (BFVb), 8. apn] corr. ei fortti F. 9. 

EZ] Z postea ina. m, 1 V. FJ] eras. V. 11. EH] ZH 

e corr. V. &!] corr. ex ®r P, / in ras. F. 12. 01] l 

in ras. F. 13. taviv B. 15. EK] corr. es £© m. rec. b. 

16. PoBt e raa. 1 litt. B. (itiTSoJ» V, sed corr. 18. 6»/] 

leooir.F. ^»a,']m.2F. 01] liniaa.F. W. iuvt^ uiJM,ii\ 

om. V. 21. aavfi/tettov] ev(ntivim F, coit. m. ^■, ira^fLEt^ivQ &v 
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et AB s» EH^ etiam EH rationale est. et rectae EZ 
adplicatum est latitudinem efficiens E®, itaque E0 
rationalis est et rectae EZ longitudine commensurabilis 
[prop, XX]. rursus quoniam Fjd medium est et Fjd^®!^ 
etiam 01 medium est. et rectae rationali EZ adpli- 
catum est latitudinem efficiens 0K. itaque 0K ra- 
tionalis est et rectae EZ longitudine incommensurabilis 
[prop. XXII]. et quoniam F^d medium est, AB autem 
rationale, ^^ et Fz/ incommensurabilia sunt. quare 
etiam EH^ 01 incommensurabilia sunt. uerum 
EH: 01 = E0 : 0K [VI, 1]. quare etiam E0^ 0K 
longitudine incommensurabiles sunt [prop. XI]. et 
utraque rationalis est. itaque E0^-0K rationales sunt 
potentia tantum commensurabiles. ergo EK ex duobus 
nominibus est in diuisa [prop. XXXYI]. et quoniam 
AB > r^ et AB = EH, FA = 01, erit etiam EH> 01. 
itaque etiam E0>0K [V, 14]. iam E0^ excedit 
0K^ quadrato rectae aut sibi commensurabilis aut 
incommensurabilis. prius excedat quadrato rectae sibi 
commensurabilis; et maior 0E rationali propositae 
EZ commensurabilis est. ergo EK ex duobus no- 
minibus est prima [deff. alt. 1]. EZ autem rationalis 
est. sin spatium recta rationali et recta ex duobus 
nominibus prima comprehenditur, recta spatio aequalis 
quadrata ex duobus nominibus est [prop. LIV]. itaque 
recta spatio EI aequalis quadrata ex duobus nominibus 
est; quare etiam recta spatio AA aequalis quadrata 
ex duobus nominibus est. iam uero E0^ excedat 0K^ 
quadrato rectae sibi incommensurabilis; et maior E0 

corr. m. 2. 22. huv rj] iati B. E0 ¥, '^^, t^th, '^^^ 
JxJ Bupra acr, h. 
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xpmtij, ^tjrij di 5j EZ' ^av dh ^[ojptoi' jie^iEj^ijrai vxo 
pTjTijs xal T^s ix dvo ovofiatcov jrpronjs, tj to xMptoi' 
dvva^ivri ix dvo 6vo[iaTmv ietCv. r) «pK to EI Svvu- 
fidvrj ix dvo ovofidtiav iGtiv cSete xal ij ro ^<-/ 
5 dvvafiivT] ix dvo ovoftdtatv iativ. aXAa ^tj dvvda&m 
Tj E® r^s ©X fiBt^ov Tp a%o «avfifiitpov iavty' xai 
iariv 7} fi£itcov ij E® BviifiitQos tfj ixxtifiivy pjjT^ 
Tfj EZ jiijjtfi" Tj «p« EK ix fiiJo ovofidtav iotl te- 
TwpTjj. p»;t]j dl ^ £Z' ^a»' df xsaQiov xsQtdx^tai vtco 

10 p*jr^S «ftt i^B ^" ^wo ovojiarQi]' TeTftpTJjj, ^ to x<3p''o»' 
SvvaitivTj aKoyog iativ ri xaKovy^ivTi [iBi^atv. ^ ap« li 
EJ 3;o)p^i' SvvafiivTi fiBi^av iGtiv aert xal ^ lo ^tfz/ 
Svvafiivr} fisi^tav ietiv. 

'Jlla Si] iorca Uaeaov to JB tov F^- xal to 

15 EH Kpa iXctoeov ieti toi5 ©/■ altfre xai rj E& ikdeecav 
ietl T^s &K. rjtoi Sh r] @K t^g E® fiBltfjv dvvatui 
Tw «JTo (jyjifiiTpoii laiiT^ ^ rra aito aov^^itffov. Sv- 
vae&co XQotBQOv rip anb evfifiitpov savtfj fi^xBi' xal 
iettv jj ildaeaiv ij E® evfifistpos t^ ixxeifisvj] ^jitJJ 

80 t^ EZ fi^xBf rj Kpa EK ix diio ovoftaToi' iatl Sbv- 
tiga. pjjT^ di ij EZ' iav Si j;(opi'oi' TtEQiixTjrai. vao 
pJjT^S xaX T^s ^" Svo ovofidtmv tfEut^pas, i} to jjraptow 
Swttftivtj ix Svo fiismv isrl nrpmr?;. ij ap« to EI 
Xmgiov Svvafiivrj ix Svo fiiemv ieti jrptoTij* mffre xai 

S5 ^ t6 .^^ Svvaftivri ix Svo fiieav ierl KptoTTj. dXXa 



2. ^ijTiflv V. 8. /k] ^ £K F. hxi P. ij oe«] corr. 
ez jtapa m. 3 P. ElJ I in ras. F. 5. dvvafiivri'} corr. es 
B*r*KfifV7I T. 6. Ante ^ im. 3 litt F. @K] oorr. ex 0£ 
m. 2 P. (iEi£iui' b. aviifiitgov B, aed corr. 7. iuii»] 

^OTi, auprn Bcr. co, B; ^HTa P. i;] (priua) om. B. 11. fititov 
V, aed oorr. 13. i,'/] / io raa, F. 15. «/] GK b et corr. 
fii &rF. E8 agct b. fJ.KOffoj' b. 17. cvfx\i,ixfov — a«o] mg. 
io. J i'. ev/i/iitfov'] davfi^iz^aii ^, aed. u Ktaa. itou^ii.ttQwo\ 
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rationali propositae EZ longitudine commensurabilis 
est. itaque EK ex duobus nominibus est quarta [defip. 
alt. 4]. EZ autem rationalis est. sin spatium recta 
rationali et recta ex duobus nominibus quarta com- 
prehenditur, recta spatio aequalis quadrata irrationalis 
est maior; quae uocatur [prop. LVII]. itaque recta 
spatio EI aequalis quadrata maior est. ergo etiam 
recta spatio A^d aequalis quadrata maior est. 

iam uero sit AB<,rJ. quare etiam EH<.®L 
itaqueetiam E@<®K [VI, 1; V, 14]. uerum ®K^ 
excedit E®^ quadrato rectae aut sibi commensurabilis 
aut incommensurabilis. prius excedat quadrato rectae 
sibi longitudine commensurabilis. et minor E® ra- 
tionali propositae EZ longitudine commensurabilis est. 
itaque EK ex duobus nominibus est secunda [deflf. 
alt. 2]. EZ autem rationalis est. sin spatium recta 
rationali et recta ex duobus nominibus secunda com- 
prehenditur, recta spatio aequalis quadrata ex duabus 

mediis est prima [prop. LV]. 
itaque recta spatio EI aequalis 
quadrata ex duabus mediis est 
prima. ergo etiam recta spatio 

E Z Azt aequalis quadr ata ex duabus 

^ mediis prima est. iam uero ®K^ 
^ excedat ®E^ quadrato rectae 
sibi incommensurabilis; et minor E® ratiouali pro- 
positae EZ commensurabilis est. itaque EK ex duobus 
nominibus est quinta [deff. alt. 5]. EZ autem ratio- 

avaititQov BV, sed corr. 19. 17] (prius) m. 2 F, om. B. 2X. 
8i] (alt.) m. 2 P. 7tBqii%i%ai P. ^%. El'^ 1 \six^'^,^. ^^* 
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dij rj @K r^s &E fisi^ov dvvde&a tm anb affvfijtezQov 
iavT^. xa£ ioTiv 7j iXaOBiav r] E@ ovfiiiitgos tfj ix- 
xitfiivrj ^rjTfi ttj EZ' ij «p« EK ix 6vo ovofiatiov 
bOtI ndfiJtTT}. ^tjtii Si T] EZ' iav Si xatgCov JitQiix^fltat 
B vKO pijT^s Kttl tijg ix Svo ovofidTmv ni^iitris, 57 t( 
XatQlov Svvafisvt} QTjtov xal (lioov Swafiivt} iotiv. 
1} «Qtt tb EI j^rapfTov Svvaiiivtj ^ijtbv xai [liaov Sv- 
vafiivtj iotiv mOtt xal ri to A^ xof/iov Svvttfiivtj 
pjjrov xttl fiioov Svvttfiivt} iotCv. 
10 'Ptitav afftt xttl (lioov ovvri&ifiivov tiaOaQsg aXoyot 
yfyvovtai ^Tot ix Svo ovoftdtmv ^ ix Svo fiioav TVQmt^ 
ij fiai^mv ?} ^ijroi' xal fiioov Svvafiivrj- ossq SSsi Sst^ai^ 



dvo fiiomv aOvfifiitQmv «AAiJZotg Ovvzi&e- 

16 fiivmv al Xot-naX Svo aXoyot yiyvovtat ijtoi, ix 

Svo fiiemv SsvzeQtt ^ [ij] Svo fiioa Svvafisv^. 

Svyxsio&m yaQ Svo ftkoa dovfifistQa dlli^Xotg ric 

AB, rj' Xiym, oti i} tb AA xcptoJ' SvvafiBvt} jjzoi 

ix Svo fieaav iozl SsvtsQa ^ Svo fisOtt Swttfiivtj. 

20 Tb yaQ AB rov FA ijzoi ftst^ov iortv »} SlaOOOv. 

iOtet, eI tv%otf JCQozsQov fist^ov zb AB rou F^' xal 



1. @E] Biipra Bcr. ij b, @H e corr. P, E& V {E 
jHfift^ipov F, et B, sed corr, 111. 2. 2. ^] (prius) om 
iffi/1 postea inB. F, ietiv P. _ 7. Switfifvri — 8. »1 



aiimiiTfOV F, et B, sed corr, 111. 2. 2. ^] (prius) 
i postea ins. F, ietiv P. 7. Svvitfifvri — 8. »o)ptofl in 
F. 9. pijrd» — Bvvttfiivt]] mg. m. 2 B. Im/ Ppb. 



10, avdHoyoi P, sed corr. m. rec. 11. ylvovzai FVb. rjroi 
rj V. 12. ij tfijidv] m. 2 V. ojite ?9et Sttiai] comp, P, 
om. BFTb. 13, oy', sed corr. m. 2, F. 14. orfifiSTOmi', 
corr. m, 2, F, avvte»hTaiv Theon (BFVb); avvti^-efitvaiv 
BHpra scr, m, 2 B. 15, Poflt Bvo raa, 2 litt, V. yivovtttt 
Fb, et Bupra «cr, y, V. i»] j) ^x V, 16. fi] deleo. 17, 
svyKt/a»»' FV. za\ zi, b. 18. ,rf Jj corr, ei TA ro. a F. 
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nalis est. sin spatium recta rationali et recta ex 
dnobus nominibus quinta comprehenditur, recta spatio 
aequalis quadrata recta spatio rationali et medio ae- 
qualis quadrata est [prop. LVllI]. itaque recta spatio 
EI aequalis quadrata recta spatio rationali et medio 
aequalis quadrata est. quare etiam recta spatio ^z/ 
aequalis quadrata recta spatio rationali et medio ae- 
qualis quadrata est. 

Ergo spatiis rationali et medio compositis quattuor 
irrationales oriuntur, aut recta ex duobus nominibus 
aut ex duabus mediis prima aut maior aut spatio ra- 
tionali et medio aequalis quadrata; quod erat demon- 
strandum. 

Lxxn. 

Duobus mediis sibi incommensurabilibus compositis 
reliquae duae irrationales oriuntur; aut recta ex duabus 
mediis secunda aut duobus spatiis mediis aequalis 
quadrata. 

Componantur enim duo media sibi incommensurabilia 
j4B^ Fjd, dicO; rectam spatio Ajd aequalem quadratam 
aut ex duabus mediis' secundam esse aut duobus spatiis 
mediis aequalem quadratam. 

nam aut j4B > Fz/ aut AB < Fz/. sit uerbi gratia 
prius -^J5 > Fz/, et ponatur recta rationalis EZ, et 

spatio jiB aequale rectae EZ 

adplicetur EH latitudinem effi- 

ciens E®, spatio autem fz/ ae- 

quale GI latitudinem efficiens 

Z 0K. et quoniam utrumque jiB, 

H Fjd mediuia e^t, ^\ia.m \te«s^^^ 

f EH, ©I m^dLmm ^^\». ^\.x9i^\a.^ 







X 
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ixxiia&oj pJjT^ ij EZ, xal rra [tiv AB fffov «cpa r^i? 
EZ 3tKpo;^f^Aijff'&ra To EH jrAaros jrotoiii' r^v £0, 
rp ds r^ i'aov ro ©/ jtAktos noiovv zijv ®K. xal 
inei (i£0ov iorlv exdzs^ov twv JB, F^, [ibGov 'a^ci 
6 xaX ixdtBpov tmv EH, &I. xal 3tap(i pijr^v rijv ZE 
xaqdxEixat nXdxos JEototii' tug E&, &K' sxazi^a uqu tav 
E&, &K ^Jjr?} iati xal dsvfifiszfios t-^ EZ ftTJxft. xal iatl 
davii(iST^6v bGtl to j4B za V^, xai istiv tSov xo 
fth" j4B ta EH, ro S% T^ rm ®I, davfifietQov aQtt 

10 iatl xal t6 EH t0 &I. cog dh tb EH nQos t6 &I, 
ourws iatlv ij E& jiqos &K' dsvfiptzQos dga ietlv jj 
E& rfi @K jii^XEL. at E&, &K apa ^Tjtai slai dvvdfiEi 
ftdvor aviiftstQOf ix Svo apa ovo^dzav iazlv 7} EK. 
rjzoi, Se ij E& zijg &K ftffgoi' Svvatai rro dab Ovfi- 

15 ftirpoii savT^ tJ za dnb davfi^EXQOv. dvvda&a xqo- 
ZEQov za aTto GVfifiitQOv tavzjj (iijxEi' xal ovStziQa 
ttav E&, @K avfifiEZQOS iozi tfi ixxetfiivij pijrij zf} 
EZ fii^xEi' 7} EK d(/a ex Svo ovo^dzcov iazl zgCtri. 
^Tjtrj Si jj EZ' iav Si ^oiQiov itBQtEZi^Tat vito ^fjziis 

20 xal T^s ix dvo ovofidzaiv rptTJjs, ij ro ^i^ptW 6wa- 
(livt] ix Svo fiisfov iazl SsvzEQa' ^ apa t6 EI, zovz- 
iatt zb j4iJ, Svvafiivij ix Svo (liamv iatl dEVZEQa. 
dXXa S^ ij E& tijs @K fiEttov dvvda&ca xS dno 
aavfifiizQov iavry fiijxff xal davfifiEZQOs iaziv ixa- 

25 ti(fa tmv E&, &K xfi EZ (tijxBr ij «pK EK ix SHo 
ovo^dtav iatlv iKtr]. idv Sh x^Q^ov JCEQUxtjxai vnb 
^ijs xal xrjs ix Svo 6vo[idta)v fXtrjs, J] x6 ;i;(op^ov'H 

1. «s ^ijr^ P. i^] corr. ex id m. 2 P. 2. EH] 

3, Post Coov add. nnpa i^* ©if V, del. m. 2, 4. inii -^ 
4>or xai'] om. b. 5. rav] corr. ex lo m. 2 b. EH" 
«dd & b. eij er, eupia add. H, ^. natA m. X 
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rationali EZ adplicata sunt latitudines efficientia E&^ 
&K. itaque utraque E®, ®K rationalis est et rectae 
EZ longitudine incommensurabilis [prop. XXII]. et 
quoniam AB, F^d incommensurabilia sunt; etj4B=EHy 
r^d = 01, etiam EH, @I incommensurabilia sunt, 
nerum EH:®I = E®:®K [VI, 1]. itaque etiam 
E®^ ®K longitudine incommensurabiles sunt [prop. 
XI]. quare E®, ®K rationales sunt potentia tantum 
commensurabiles. ergo EK ex duobus nominibus est 
[prop. XXXVI]. uerum E®^ excedit ®K^ quadrato 
rectae aut sibi commensurabilis aut incommensurabilis. 
prius excedat quadrato rectae longitudine commensura- 
bilis. et neutra rectarum E®, ®K rectae rationali propo- 
«itae EZ longitudine commensurabilis est itaque EK 
ex duobus nominibus est tertia [deff. alt. 3]. uerum EZ 
rationalis est. sin spatium recta rationali et recta ex 
duobus nominibus tertia comprehenditur, recta spatio 
aequalis quadrata ex duabus mediis est secunda [prop. 
LVI]. itaque recta spatio EI, hoc est, ^^, aequalis 
quadrata ex duabus mediis est secunda. iam uero 
E®^ excedat ®K^ quadrato rectae sibi incommensu- 
rabilis; et utraque E®^ ®K rectae EZ longitudine 
incommensurabilis est. itaque EK ex duobus nominibus 
est sexta [deff. alt. 6]. sin spatium recta rationali et 
recta ex duobus nominibus sexta comprehenditur; recta 

vccQdnsita P, naQccHSLVtai V. noiovvta Vb. 7. ®K aQa V. 
iatLv P. 8. davfijistQog P, corr. m. rec. iativ P. AB"] 
fiupra add. H V. iattv] m. 2 F. 10. nQ6g] m. 2 F. toJ 
Tc5 F. 11. TtQog trjv V. 12. slaiv P. 14. davu(iitQOV V, 
sed corr. 15. avfifiitQov BY, corr. m. 2. 16. aavfiiiitQov 
V, sed corr.; d- supra add. b m. 1. 17. iativ P. 18. tQitril 
corr. ex (ritri m. rec. b. 26. t^] corr. ^il vx\% ^, V#\\s>l, 
rec. P. 
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dvvanivtj 17 Svo [iiea Svva^hiri iexiv aaxs xal 17 th" 
AjJ %aQiov SvvaftdvT} rj Svo (idoct Svva^ivi} ierCv. 

['Ojioicag Si] Ssiioniv, ort xav ikaxtov tj to jiB 
ror r^, 7} rb A^ xnqCov Svvufiivri ^ ix Svo (liaav 
6 deindQa itstlv rixot Svo (tioa Svvanivij']. 

^vo aqa jiieav aevfifiitQav «AAjjAotg avvtt&BfiEvatv 
ttC ioiaal Svo aloyoi •yiyvovxai ^toi ex dvo fiteatv 
demiptt ij dvo jtiffa Svva^eviq. 

'H ix Svo ovofidtav xal a[ ^tt avf^v dXoyoi oi!rE 
10 Tfj fitfffj ovxs KAAijAtttg tielv at avtai, to (liv yd(f 
ano (lia-i^g naQa pfjnjv itaQa^aXko^svov aXdTos Jtotsl 
^ijT^i/ xal dev[iiistQOV zi] xuq' tjv zaQiixsitat ji^xft. 
ro di dno tijs [ix Svo ovoftdxiov itaQa ^tjtrjV wapa- 
fiaXXofisvov itXdxog Ttoisl r^v ix Svo ovofidxtov wprarjjw. 
la ro 1$^ R3I0 tijg ix Svo (isacav XQcatrig itaQa ^ijtijv TcaQic- 
^alXoftsvov itldtos Jioi«C ti}v ix Svo ovofidtatv Ssv- 
xsQttv. ro S\ aito r^g ix Svo (isaiav SsvtsQag xaQa 
pijTijv aaQa^aXXofisvov nXdxog aoiet tijv ix Svo ovo- 
[idtav TptTijv. TO Sl djto x^g (tsitfivog aaQa qijt^v 
20 aa^a^aXXofisvov jrAarog aotst t^v ix Svo ovofidtatv 
rsTaQtrjv. t6 Sh diio xrjg Qijtov xal (isSov Swafisvijg 
naQct ^ijT^w naQa^allofiEvov 3rA«ros zoist tijv ix Svo 
ovofiaTav jtifiTttrjv. xb Si dnb Tr.g Svo fiBOa Svva- 
fisvris zaQcc ^rjf^v JtaQtt^«k}.6ft.Bvov xXdTog noist z^v 

'■.qti V. 2. AB h. %ai- 

Svo\ §' P, *i!o m. rec. fifUtfe F, 

i. t6 AjJ x^^eio*] yo 

j. rjTOi Sio fiiOa] ^ {ntov 

7. yivovTM PFVb. rjioi ri V. 

- ■ ° 9. 0-/', y in ra»., F, 

11. x^-\ < 
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spatio aequalis quadrata recta est duobus spatiis mediis 
aeqoalis quadrata [prop. LE^]. quare recta spatio A/i 
aequalis quadrata recta duobus spatiis mediis aequalis 
quadrata est. 

Ergo duobus spatiis mediis sibi incommensura- 
bilibus compositis reliquae duae irrationales oriuntur; 
aut recta ex duabus mediis secunda aut duobus spatiis 
mediis aequalis quadrata. 



Becta ex duobus nominibus et irrationales ab ea 
deriuatae neque mediae neque inter se eaedem sunt. 
nam quadratum mediae rectae rationali adplicatum 
latitudinem efficit rationalem et rectae^ cui adplicatum 
est^ longitudine incommensurabilem [prop. XXII]. qua- 
dratum autem rectae ex duobus nominibus rationali 
adplicatum latitudinem efficit rectam ex duobus no- 
minibus primam [prop. LX]. quadratum autem rectae 
ex duabus mediis primae rationali adplicatum latitu- 
dinem efficit rectam ex duobus nominibus secundam 
[prop. LXI]. quadratum autem rectae ex duabus mediis 
secundae rationali adplicatum latitudinem efficit rectam 
ex duobus nominibus tertiam [prop. LXII]. quadratum 
autem maioris rationali adplicatum latitudinem efficit 
rectam ex duobus nominibus quartam [prop. LXIII]. 
quadratum autem rectae spatio rationali et medio ae- 
qualis quadratae rationali adplicatum latitudinem efficit 
rectam ex duobus nominibus quintam [prop. LXIV]. 

xriv V. ijv] corr. ex ^fc F. 13. 8i'\ S' P. TtaQctPocXo- 
fiBvov P. 16. t6 Si — 19. tQitriv] mff. m. 2 V. 16. noist] 
om. V. 17. Bi] B' P. 19. Si] d' P. 21. U\ ^' ?. 'la.. 
To J e corr. Y. ds] ^' P. 24. wXdxos^ eoxt. ^il uolxo^^ xcl. "V^ * 
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ix dto ovofiatav ixtrjv. t« d' E(0rjjievK «Xdrtj Sm^* 
ifE^Bi tov XB XQ0tov xal aXi.^^Kmv , roti (ikv nptsToi', 
OTi ^iJTij iaztv, af.lriXtav ds, oti ttj T«|«t oix sialv 
ttC avTctC' Sstt xal avtKl at akoyot diaipi^ovtiiv aXl^Xav, 



'Eav &X0 ^ijT^s ^ijrrj aipaif}E&^ Svvafiti 
(lovov aviiiitt^os ovffa tij oXtj, tj loia^ KAoyds 

ietiv xaXEied-m di axotoff^. 

'Amh yip ^tjtijs T^g -^-8 ^*?^^ ag)j]ff^a9(o rj BF 

10 SvvttfiEt. (lovov OvfijiETpos oveK Tfj oAij' XEyto, oti r{ 
Xom^ {) AV aXoyos E0tiv ^ xaXovftEVij «;roro^ij. 

'EjceX yaq K0v(L^Bt(f6s ietiv ^ AB tfi BF fi-^xsi, 
xai iativ as ti AB XQog TrjV BF, ovta>s to dnb tf^s 
AB OTpo? t6 vao ttav AB, BV, aOvyniEtQOV aQU iatl 

15 t6 dx6 f^s AB rp li^to tcov AB, BP. dXXa ta niv 
dxb trls AB ffuftfttTpK iSti ta dnb tav AB, BF ts- 
TQayava, t^ dh vtco rav AB, BF avfifiEtQov iari t6 
Sis vito tav AB, BV. xal iitEid^TtsQ tit cato xmv 
AB, Br taa iatl ta S\s vitb tmv AB, BT (istu tov 

20 KJTo FA, xttl XoiTC^ apa tjo «jto Trjs AT davfiftst^fd 
iati TK cjc6 tmv AB, BF. ^jjtb dh td diio tmv jiB, 

1. li S'} i«el ovv td Theon (BFVb). efe^fiEva ] aJ- e 
- - " 3. ip] om. F. _ 4. matf] S^kov as Theon (BFVb). 
^ diVT^e" i«l»S irigmv loymv (om. b) xav Kara oym^- 
i/eaiv PBVb (uidetnr fuiase in F, eed aust. reparatio); aexv 
zmv nai' aq)aiQiai.v lidScov m. 2 B. oy'] postea add. F (ab 
initio baec prop. a praecedentibua dirempta non erat). 7. 
n. b. ^ loiit^'] loiitiii F. 8. Inn BV, oottip. Fb. 

_, Sfi B. 9. eV^e] ^iir^e F. _ BT] TB F. 11. jj 
naXovy.ivri] naXfla^m Si V. 12. uaviiiiiteog] corr. ex u^ii 

oofifiMeos m. rec. P, ei oiifiuiieoe m. 2 B. ti AB t^ BT 

davfi./teTg6s ioTi V, 13. ti/»i] itis F. 14. uoujuficteo*] -"•' 



I s 
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quadratum autem rectae duobus spatiis mediis aequalis 
quadratae rationali adplicatum latitudinem efficit rectam 
ex duobus nominibus sextam [prop. LXV]. latitudines 
autem, quas significauimuS; differunt et a prima et 
inter se, a prima, quia ea rationalis est, inter se autem, 
quia ordine non sunt eaedem. ergo etiam ipsae rectae 
irrationales inter se diflPerunt. 

LXXIII. 

Si a recta rationali rationalis aufertur potentia 
tantum toti commensurabilis; reliqua irrationalis est, 
uocetur autem apotome. 

A rationali enim AB rationalis auferatur BF po- 
tentia tantum toti commensurabilis. dico, reliquam 
AF irrationalem esse apotomen^ quae uocatur. 

, , , nam quoniam ^B, BF longi- 

^ ^ ^ tudine incommensurabiles sunt, et 

est AB:Br= AB^iAB X BF [prop. XXI lemma], 
etiam AB^, ABxBF incommensurabilia sunt [prop. 
XI]. uerum AB^ et AB^ + Bjy commensurabilia 
sunt [prop. XV], et ABxBFy 2ABxBr commen- 
surabilia [prop. VI]. et quoniam est [II, 7] 
AB^ + BF^ = 2ABxBr+ FA^, 
etiam AF^, AB^-^- BJT^ incommensurabilia sunt [prop. 
XIII, XVI]. uerum AB'^ -^- BF^ rationale est. ergo 



mg. m. 2 B. 17. t<5] z6 corr. ex td m. 1 b. t6] tc5 b. 
18. BF] e corr. V'. xal insiSrinsQ tocji ra aga Tiieon 
(BFVb). 19. rcra] aavfifistgcc Theon (BFVb). fista tov 
dno FA] om. Theon (BFVb). 20. xat'] in ras. V. cjvft- 
[iBtQa B, corr. m. 2. 21. Post BF add. TheoiM iu^V •f.aN. %«- 
ano tmv AB, BF i'aa iatl tw dlg vnh xoav A^&^ "RT ^x.^x«. x^^i 
drTTo (tov add. V) PA (BPVli). 

JEacUdeSf edd. Heiberg et Menge. HI. ^"^ 
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BF' ilXoyos aga daTiv i] AV' xaXtia^m S\ (iKorofti/. 
OXEQ ISti SEt^ai. 

od'. 
'Eav ajio ftEffjjg fiietj arpatQt9Ti dvvafist 
5 iiovov OvfifiBTpog ovoa t^ o^jj, ftcz^ Si tijg 
oXr]s ^ijtov 3EEpii;i;owe«, ii loiai] aioyog iariv 
xakiia&a Sh fiso-fjg anoTOfii] n^mTi]. 

'jijio yag fiiSrig t^i AB fiiar] aipri^ria&a ij BF 

SvvafiBt fidvor avfifteTQog ovacc zrj AB, fiiTa Ss t^j 

10 AB pijTov «oioiaa tb vitit rmv AB, BF' Kiya, ori 

7] koiiti] V] AV akoyog iaziV xaleis&a dh (iiai^g ano- 

toni] jrpojn). 

'Extl yuQ al AB, BT fiicat daiv, fiiaa ietl xal 
ta ano t^v AB, BF. ^rjtov Si rb dlg vjco tmv AB, 
15 BF' aevfifiEtga apa ta anb zmv AB, BF ta Slg vno 
tav AB, BV' xal Aotjrra uQa ra axb r^g AT aavfi- 
[ist$6v iatt To Slg VTtb zmv AB, BF, iasl xav tb 
oAoj' ivl avzmv aavfifietQov j], xal ta i^ ^&XVS fiEyi&Tj 
aOVfifierpa ^azai. ^rjTov Ss tb Slg vao zmv AB, BF' 
20 Rloyov ap« t6 ano r^g AF' aXoyog «pK iazlv ij AI^^— 
xttktia^o} Si fiiar]g aTtozofii] nQcotr]. ^H 



'Eav «nb liieijg fiia^ atpaiQE&rj Svv^fisi 
ftovov avfifisZQOs ovOa tfj oAi;, ftsta Si rijs 



1. aloyov in tas. V. laziv aga b. ierlv tj AF] xmt 



tal ij Ar 



to ano Tmv Ai- toatt *ai rj Ai' m ras. m. a v. 

fflft Sellai'] comp. P, om. BFVb. 3. o*'] corr. ei os' F. 

" TCQictV Tbeon (BVb, xegUx" F). ian PBV, oomp. 

7. ufo?) V (aeq. raa. 1 litt.) et P, corr, m. reo, 10. 

aJPFVb, atQiezovaa B et mtt. m. 1 Fb, add. yp. PoBt 

: >im'b,m.2F. 11. loii B^V, com-e."?. ■«ilAtwi.S. 



Fb, 
■/ add. 
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^r irrationalis est [def. 4]; uocetur autem apotome; 
quod erat demonstrandum. 

LXXIV. 

Si a recta media aufertur media potentia tautum 

commensurabilis toti, cum tota autem spatium rationale 

comprehendens, reliqua irrationalis est; uocetur autem 

prima apotome mediae. 

A media enim j4B media auferatur BF potentia 

tantum rectae AB commeusurabilis, cum j4B autem 

spatium rationale comprehendens j4Bx BF [prop. 

XXVII]. dicO; reliquam AF irrationalem esse, uocetur 

autem prima apotome mediae. 

jB nam quoniam jiB^ BF mediae sunt, etiam 

AB^, Br^ media sunt. uerum 2ABxBr ra- 

tionale est. itaque AB^ + BF^ et 2ABxBr 

incommensurabilia sunt. quare etiam 2ABxBr 

"^ reliquo [cfr. II, 7] AF^ incommensurabile est, 

quoniam, si totum alterutri incommensurabile est, 

"^ etiam magnitudines ab initio sumptae incommen- 

surabiles erunt [prop. XVI]. uerum 2ABxBrisi', 

tionale est. quare AF^ irrationale est. ergo AF 

irrationalis est [def. 4]; uocetur autem prima apotome 

mediae. 

LXXV. 

Si a media media aufertur potentia tantum toti 
commensurabilis; cum tota autem spatium medium 

IIS67J seq. ras. 1 litt. V, supra scr, g F. 13. sCai V, comp. 
Fb. iati] m. 2 F. 14. Ante 8i del. z6 P. 16. ccqcc j 
iatC b. tm — 16. JBT] mg. m. 1 P. 17. I<ixi\ <!.<ixx., ^-i. ^ 
icQa F. riiv] om. P. 21. W\ bi\ ^. \xUa^^« ^"^* 
off' F, eed corr. 
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oA?;g IIE0OV nEQii%ov<S(i, ^ Aotni; akoyog iaxiv 
xaleie&a di /xEffJjs «itorofiij divrspa. 

'Axo ya^ f^ffij? T^S ^B nlfSri Kgjijpjjffdw ^ TB 

dvvttfisi (lovov aviifiETQog ouoa t/; oAj; t^ AB, fiBTa 

5 df rijg oAijs t^S -^^ nioov ne^iBxovaa tb vno rmv 

AB, BP- }.tyco, oti ii kotnij ij AF «Aoyos iotiv xa- 

lt(a&a di {iBerjg «Jioro^») devtiQa. 

'ExxBLOQ^a yaQ ^fjtr] 7j jdl, xal totg ^lv anb zwv 
AB, Br taov zaga zijv z/J TiaQa^E^^a&a to ^E 

10 nkarog aoiovv tijv ziH, ra Ss Slg vab tcov AB, BF 
tsov nuQa tijv ^I naQa^i^k^a&m ro ^® nldtog 
%oiovv f^v ^Z' Xombv apa tb ZE l'aov i6tl ta anb 
T^3 Ar. xal inal [liea xal ev(ifi3tQd iazi ta dnb rtov 
ABf BF, yi,iaov aga xal tb ^E. xa\ nuQti ^^tijv tijv 

15 ^I nagdxeiTai nkictos jrotowi' tijv ^H- pijT^ Kp« ^flriv 
7j ^H xttl davfi^ttQos Tfj z// [i^xei. ndkiv, ixsl {lieov 
iatl to vnb tmv AB, BF, xal to 6ls agtt vnb twi* 
AB, Br fiiaov iatCv. xai ianv taov rm A&' xai 
TO A0 ttQa (liaov iariv. xal naQa ^ijrip rrjv AI 

20 aaQa^i^krjTat nldtos noiovv t^v AZ- ^ijr^ «pa iatlv 
7} AX xal «aufiftETpos rr\ AI (i^xei. xal ind af AB, 

1. xieiixv Theon (BFb, iiEQiexii F). iau BV, comp. 
Fb. 2. iiidri V, P (oorr. m. rec), F (anpra scr. a m. 2). 3. 
ttiati] BQpra 8cr. m. 1 V. ral e corr. V. 6. Si t^e] ** P. 
6. ori ^] 011 KKi' V. laTi PBV, comp. b. 7. fiian P 

(corr. m. rec), F (corr. m. 2), e corr. V. 8. JK h, et FV, 
sed corr. 9. Ji] / in ras. B, ^K PVb (in V corr.). JE] 
E in raa, B. 10, J H] corr. ex H^ m. 2 F. 11. JK 

FVb, sed corr. Ajite dQ del. JE jildtos notovv t^* ,l3H 
(corr, ex Hd m, 2), tcS *i ^ie ^jto ™»' AB, BF (aapra Ecr. 
m. 2) i^aov xvQa iriv JK (oorr. ex ai) vtigaPiBiria9ai F. 12. 
dZ] Z in ras. F. ZE] Z0 F. ^«i'] om. F, 13, *ai 
Bvfifietpa] om, TLeon (BFVb). laziv P. li. «a^] (alt.)postea 
-'-" -. i F. 15. ai] zJK FVb, sed corr. 5105''« ei'"] 
dflto ^fl^ del, Z F. 16. Poftt ilH i&\.fS. iiv\ 
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compreheiideiiS; reliqua irrationalis est; uocetur autem 
mediae apotome secunda. 

A media enim AB media auferatur FB potentia 
tantum toti AB commensurabilis, cum tota autem AB 
medium comprehendens j4B X BF [prop. XXVIII]. 
dico, reliquam AF irrationalem esse, uocetur autem 
mediae apotome secunda. 

ponatur enim rationalis z/I, et quadratis-^^5^+5r* 

aequale rectae z/I adplicetur ^E latitudinem efficiens 

A r B ^-^j spatio autem 2 j4B X BF 

aequale rectae z/I adplicetur 
z/0 latitudinem efficiens z/Z. 
itaque reliquum ZE = AI^ 
[II, 7]. et quoniam AB^, BF^ 
media sunt et commensura- 
bilia, etiam jdE medium est.^) 
et rectae rationali z/I adplicatum est latitudinem ef- 
ficiens jdH. itaque ^H rationalis est et rectae z/I 
longitudine incommensurabilis [prop. XXII], rursus 
quoniam ABxBF medium est, etiam 2 ABx BF 
medium est [prop. XXIII coroll.]. et est = z/@. itaque 
etiam z/@ medium est. et rationali z/I adplicatum 
est latitudinem efficiens z/Z. quare z/Z rationalis est 
et rectae z/I longitudine incommensurabilis [prop. 
XXII]. et quoniam AB^ BF potentia tantum com- 

1) Sequitur ex prop. XV et prop. XXIII coroll. ceterum 
idem tacite usurpatur p. 226, 13 sq. 




z/JST PVb, sed corr. 17. xal x6 — 18. BF] in ras. F. 18. 
kexlv] iazl PBV, comp. b; cum proximis sustulit rep. in P. 
19. iari PBV, comp. Pb. JK PVb, sed corr. 20. nccQoi- 
%sttat P. JH P, corr. m. 2. 21. JH P. d\\ AY^\iy 
et V, sed corr.; corr. ex JI m. "i "P. 
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Br dvvKfiii fiovoi' evftftEtQoi alGiv, KOvjijierpog aptt 
ierlv ij AB r;j BF (i-^xer aav(iiieTQOv apa xal t6 
ajTo r^g AB Ttt^ayavov rp vTto rav AB, BF. kAAk 
Tra ftlv aitb T^s AB avftfieTQa iori ta ajtb rmv AB, 
b BP, Tp Se vno rav AB, BT ffuftftfrpdv iatt to dlg 
vnb rav AB, BF' aavftiisr^ov Kp« ^ffrl ro dig 
vnb rav AB, BT roig am rav AB, BT. Ssov 6} 
Tof^ fiiv axo rmv AB, BF to ^dE, ta dl dlg vxb tav 
AB, BF t6 A&- aevfinerQov uQa [tW] ro ^E ra 

10 A®. roj d% TO AE repog to ^&, ovtsas ij HA stQbq 
tijv AZ' dev(i.fisrpos apa i€tlv -r} HA rij dl.. xai 
eioiv afHpoteQat. g^tai' a( aQa HA, AZ ^ijrai slai 
SvvdfiSL fidvov ffvfifiETpoi" Tj ZH a^a «jroro/iij iariv, 
^jjTj; Se 1] dl' rd S\ vxo ^tjttje xal aXoyov Wfpi- 

16 ex^f'^^'*''' aloyov iativ, xal 7] dvva^ivri avro aXoyos 
iariv. xal Svvarai rb ZE r\ AP- ^ AF apa aXoyos 
iativ xaXeia&a Sh peffijs anoTO(iii SsvTSQa. oMp 
iSst. Set^ai. 

os'. 

20 'Eav anb ev&siag tv&sia a(patgs9^ dvvaiisi 
aavfifiSTQos ovoa rij oA»j, fiera Se rijg oiijs 
jioiovaa ra [liv ait' «^Ttav afia p)jTo'r, id S' vn' 
a\rav ftieov, )} loiTcij aloyos isttv xaXsia9a 
Sl iXaaatav. 

35 'Aitb yap ev&siag ijjg AB Bv&sia dtpyQ^a&m ^j BF 

1. Br] FB F. aavitnetQOs] avaftetQos b. 2. «al 

tn P. 3, tjjs AB] om. b, 4. htiv P. 6. t6] corr. es 
10 m. 1 F. 6. aaviiitEiQa aQu latl (om. V) t« airo t^v AB.BF 
TaSlsvitotmv AB.Brlheon (BPVb). 7. iJjto] i- in raa. m, 
1 P. faov — 8. Sr] mg. m. 2 B, 8. «] iti F. 9, ^«/] 
om. BFVb, 11. HJ] .^H P. ^Z] corr. es ZJ V. 18, 
f/mj f/M B. 13. iaii B V, comp. Fb. 14, d I\ dK FVb, 
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mensarabiles Bunt, AB^ BF longitudine incommen- 
surabiles sunt. itaque etiam j4B^, ABxBF incom- 
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum 
AB^^ AB^ -{- BF^ commensurabilia sunt [prop. XV] 
et ABxBF^ 2^5x5rcommensurabilia [prop.VI]. 
itaque 2 ABxBF et AB^-^- Biy incommensurabilia 
sunt [prop. XIII]. est autem AE = AB^ + BF^^ 
A& = 2 AB X BF, itaque AE, A0 incommensura- 
bilia sunt. uerum AE : A& = HA : AZ [VI, 1]. 
itaque if^, AZ incommensurabiles sunt [prop. XI]. 
et utraque rationalis est. itaque HA, AZ rationales 
sunt potentia tantum commensurabiles. quare ZH 
apotome est [prop. LXXIII]. uerum AI rationalis est. 
spatium autem recta rationali et irrationali compre- 
hensum irrationale est [prop. XX], et recta ei aequalis 
quadrata irrationalis est. et Aiy = ZE, ergo AF 
irrationalis est [def. 4]; uocetur autem mediae apotome 
secunda; quod erat demonstrandum. 

LXXVI. 

Si a recta aufertur recta potentia incommensura- 
bilis toti et cum tota efficiens summam quadratorum 
rationalem, rectangulum autem medium, reliqua irratio- 
nalis est; uocetur autem minor. 

, , , A recta enim AB recta au- 

^ ^ ^ feratur BF potentia toti incom- 

sed corr. 15. iart PV, comp. Pb. a^a avro Theon (BFVb). 

16. iativ] iaxi PBV, comp. Fb. 17 -4 T] (alt.) m. 2 P. 

17. hazi PBV, comp. Fb. Ss] S\ ix F. /iieffi? P, et V, . 
corr. m. 2. onBq iSsi 5«r|ca] comp. P, om. BFVb. 22. J 
di F. 28. iaxi BV, comp. Fb. 
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dvvd[i8i aav^iiit^os ovSa rrj oAjj xoLovga ra %pax£i- 
(isvtt. liya, on ^ lotnij ij -^r aloyos ioxiv i} xa- 
ioviiivt] ildaaoiv. 

'Entsl ya(} 10 jihv (tvyxeifievov ix tav Ksro tiav AB, 
6 Br ttTQayoavoiv pijroi' iextv, to S^ Slq vjtb rav AB, 
BP jiiaov, dav}ifi£t(fa aqa iotl za &%o twv AB, BV 
ra 6lg V7t6 tmv ABy BF' xal dvaaxgi^avti koma 
rp anh r^g AF devfifiatpd sGti td kko rcii' AB, BT. 
^tjta Se TK dno tav AB, BT' aloyov aga rd «Jtd 
10 T^s -^r- aloyog KQtt ri AF' xaksiaQa Se ildaGtov. 
SnEfi iS Ei Sei^ai. 



'Edv dnb Bv&tiag iv&cia d^paiQsd-ij SvvdfiEi. 
dav[ifietifos ovOa r^ o^jj, iistd Si T^g oAtjs 
15 noioHaa rd fiiv avyxtifitvov ix tiav dn «UTtoi' 
tetffaydvav [lisov, tb Si Slg in' avtav p?;Toi', 
Tj ioijti] ttloyos iativ xai.£iad-{o 6h rj nttd ^ijtov 
fiiaov tb oZoi' xoiovOa, 

'Anb yaQ tvQeiccg t^g AB ev&etu K^ijjpjjffdo rj BF 
go SvvdfiBi dav[i[istQog ovaa t^ AB noiovatt tk npoxBi- 
fiEva' Xiya>, oti fj Xoljc^ ^ AP akoyog iotiv ii nQOBi- 
pijfiivt]. 

'Entl jrdp tb fiEv avyxEifiBvov ix ttov dnb tav 
AB, Br TBtQttydvav (liaov iariv, rb Sh Slg imb Tt3v 

]. ovaa aovitntT^o^ V, to: ngoneifiEva^ fiiTu zijs oHrjs 

ins ^B To avymijteTOv i% zwv aito lav ABj BF ajia ^Jixov, 
to S\ dli vao rav AB, BT ufia /liaov Theon (BFVb). 4. 
fit»] m. 2 V. ^B] B in ras. m. 2 P. 5. BT] FB P. 
TeTeaydvmv] D eraa. V. lozt PBV, comp. Fb. 8i S^s] 
S' Y. e. Tav] m. tec, P. AB] in raa. m. 1 P. 8. 
aeviiiiFTQa ian t« ano iiot AB, BT (m. 2 F) iiu a«6 T^e AT 
(haeo d uerb& om. T) Theon (BFVh). 9, Mg. yp. (fijtov ti 
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mensurabilis et proposita efficiens [prop, XXXIII]. dico, 
reliquam AF irrationalem esse minorem, quae uocatur. 
nam quoniam AB^-^-BF^ rationale est, et ^ABxBF 
medium, incommensurabilia sunt AB^ -{- BI^ et 
2ABxBr. et e contrario reliquo [11, 7] AF^ in- 
commensurabile est AB^ -{- BF^ [prop. XVI]. uerum 
AS^-^-BF^ rationale est. itaque AI^ irrationale est. 
ergo AF irrationalis est [def. 4]; uocetur autem minor; 
quod erat demonstrandum. 

LXXVII. 

Si a recta aufertur recta potentia incommensura- 
bilis toti; cum tota autem efficiens summam quadra- 
torum mediam^ duplum autem rectangulum rationale^ 
reliqua irrationalis est; uocetur autem recta cum 
rationali totum medium efficiens. 

A recta enim AB auferatur recta BF potentia 
rectae AB incommensurabilis proposita efficiens [prop. 
XXXIV]. dicO; reliquam AF irrationalem esse, quam 
significauimus. 

nam quoniam AB^ -{-Br^ medium est, 2AB X BF 



xo avyasifisvov Fb. apa] icxt P. 10. aXoyog — ^ri^om. P. 
11. ons^ idsi 5argat].coinp.P, om. BFVb. 12. or( F. 17. 
iatt PBV, comp. Fb. dh rj] di BFVb. Supra fieta scr.^ dno 
comp. m. 1 b. 19. AB] corr. ex ^F m. 2 F. 20. affvft- 
fistffog ovacc dvvdfisi V. t^ oXrj xjj Theon (BFVb). xa 
ngonsifisva] xo filv avynsifisvov i% x&v ano xmv AB, BF XS" 
xgaymvav fisaov, xo dl dlg vno xmv AB, BF ^rjftov Theon 
(BFVb). 21. iaxi BV, comp. F. ri ngosLQrifisvrj] naXsia&m 
(yiaXsixaL B) dl 17 (om. Vb) fisxa ^rjxov fiiaov xb oXov noiovaa 
Theon (BFVb). 24. iaxC PBV, comp. Fb. 
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^B, BF QtjTov, aaviifierptt apa iozl za «ito tmv AB, 
BF TiS Slg vno rmv AB, BP- xal loixbv aqa rb aai 
T^S jir aeviifitTQOv isTL Ta dig hno rmv AB, BF. 
xai BGTi tb Slg vno imv AB, BF qjjtoV t6 uqk anb 
5 T-ijs AF ttXoyov iariv aloyog Kp« iHTlv ^ AP- xa- 
Xsie&R) Sl t] fi6Ta pijnoi) (ieBov t6 oAoi' itoiovaa. 
ojtttf Mst SEi^ai, J 

'Eav KOTo sv&Eiag sv&Eia afpcnips&ij dvva(ietM 

10 aav(i(i,Eti/og ovGa tfi oAtj, ^Eta Si r^g oAt;j 

noiov6a ro ts avyxetfisvov ix tmv an avtmv 

TETQKymv&v (liaov xo ts Slg wjr' aiirtof (xiaov 

xal izi za &7i avTmv TCTQayava aav(t^ETQ« 

ra Slg vx' avTcov, ij Xoiitij dkoyog ietiv' xa- 

15 i.£Ca&a Sl 71 jitta [lieov (liaov t6 olov reotoufla. 

'Anb yaQ ev%Biag TJjg AB iv&eta «ipfjpTJfffrra ^ 

Br Svva^Et dovfiiiBTQOg ovaa Tfj AB Kotovaa Ta jrpo- 

XBi(iBva' liyc}, ort ^ Aom^ ^ AF aXoyog ietiv »/ xa- 

lov(tivi] 7] (leza ftieov [liaov to oAov Jioio^Oa. 

20 'ExKtCe&ei yccQ pjjt^ i} JI, xal rof; [tev aab tmv 

AB, Br raov TtaQU tiji' AI wapajSf/SA^ffffo) ro AE 

nKdtos noiovv riiv jdH, rtp Si Slg vnb tav AB, BF 

l'aov Kg>fjQ^6&m zb ^® [jrAntog xoioini tijv AZ], 

iowroi' Kpa To ZE teov ioTl za dnb T^g AF' aezt 

2. BF rsteavtova BFb. BT] B m. 2 V, Kai] om. P. 

3. avaufTQov F. 4. Kui — Sie] Qr}x6v ii ro V. (rjTOi'] 

om. V. 6. ai Tl] Si b. 7. ojiiQ ^t atC^ai] om. BFVb, 

comp. P. 8, o9 F. 10. 31] om. P, II. rtl in raa. V, 

ufv BFb. ait'] d7c6 tffli- V. 12. itl in rae. V, 3i BFb. 

18. «bI fiO hi rc Theon (BFVb). U. i/] Uye> Su ij V. 

iaxi BV, comp. Fb. 15. 5] om. FVb. 17. rc «pOKf/- 

jaevKj 10 ^i» ffipynfiBevo»' in no»' bjto tcoii ^B, BF TErjttyoiiian' 

^jW, ro <f/ dis vxo Twv ,< B, B r (i^oo* izi te (.om. V, m. 2 F) 
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_j autem rationale, AB^ + BI^ et 2 ABxBT in- 
commensurabilia sunt. itaque etiam reliquum [II, 7] 
AI^ et2 ABxBF incommensurabilia sunt [prop. 
XVI]. et 2^5 X Br rationale est. itaque AF^ 

'■r irrationale est. ergo AF irrationalis est [def. 4]; 
uocetur autem recta cum rationali totum medium 
^ efficiens; quod erat demonstrandum. 

LXXVIII. 

Si a recta aufertur recta potentia incommensurabilis 
toti^ cum tota autem efficiens et summam quadratorum 
mediam et duplum rectangulum medium praetereaque 
summam quadratorum duplo rectangulo incommensura- 
bilem; reliqua irrationalis est; uocetur autem recta 
eum medio totum medium efficiens. 

A recta enim AB recta auferatur BF potentia 
rectae AB incommensurabilis proposita efficiens [prop. 
XXXV]. dicO; reliquam AF irrationalem esse, quae 
uocetur recta cum medio totum medium efficiens. 

ponatur enim rationalis z//, et quadratis AB^-^-BF^ 
aequale rectae z/I adplicetur ^E latitudinem efficiens 

z/if, spatio autem 2ABxBr 
aequale auferatur jd&. itaque 
reUquum ZE = An [II, 7]. 
quare AF spatio ZE quadrata 
^ ^ ^ aequalis est. et quoniam AB^ 

xa dno x&v AB, BF davfifisrQa tA dlg vno tmv AB, BF Theon 
(BFVb). 18. iari BV, comp. F. ^ ncclovfiivri] nalsla^a 
di Theon (BFVb). 19. fiiaov] supra scr. F. 20. JI] JK 
in ras. V. item lin. 21. 21. Caov] i'aov to JE V. t^vI 
corr. ex oriri^v m. 1 P, Qrixriv ri^v V, m. 2 B. xo i4E\ orai»^, 
23. nXtttoff -- JZ] om. P. 
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7} AT 6vvatai zb ZE. xal ind lo avyxsijitvov 
xmv ajib zmv AB, BF Tfrpttyeivav ^ideov ^Grl xa£ 
iariv tisov ip dE, jiiffov aqa [ioii] to AE. xal 
aaqa ^TjTijv tijv AI jiapdx£i.TaL wAKtos noiovv ttjv ^H' 
6 ptjr^ apa iGrlv r} AH xal JtavfifiBTpog Ttj AI fi)];cE(. 
naXtv, intl tb dlg vtco tiov AB, BV iitoov iotl xaC 
iaxiv 1'aov TM A&, t6 «p« A& [liisov iativ. xal %uqcc 
pTjT^v T5JV AI naQdxtitai jrAttTos noiovv r^v -dZ' 
^jjTij apc; ^Ctl KKt ij AZ xal uffij^jtfTpos r^ AI fifjXEi. 

10 Ktti ^eI duvfinsT^d iati ta dnb Ttov AB, BF ta dlq 
vno tmv AB, BV, aOtijijiErpoi' «pa xal tb AE Ta 
A&. ag d^ to ^E Jrpog lo z/@, outos ^ffTi xai ij 
AH TtQog riiv .dZ' dav(i.(iETQOs dga ij AH vfj diZ. 
xai siaiv dtiipotEQat pijTCfi' cet /fzf, jdZ uQa QiqtaC 

i& bIoi Swd^ei (lovov aviifistQoi. dxotofiTi dqa iativ ^ 
ZH' p]jT^ tfJ ^ 2©. t6 tf^ ujro pi;T^s xat «koto/x^s 
3tegiex6[i£vov [oQ&oyavi-ov] aloyov istiv, xal ij dvva- 
fiivyj avrb kAoj-oV iaziv. xal Svvatai t6 ZE ij AF' 
i) AF aga aloyog iaTiV xaXiiS&to di ij [itTa (liaov 

20 (liaov zb oAov noiovOa. orefp iSti dtl^ai. 



T^ dn.otoftrj (lia [fiovov] itQoaaQfiot^Bi, svd-Eic 
fijtii dvvdiisi fi6vov^0v(i[i£tQog oiaa TJjoAg. 



1 



1. ^r] ^r iifttov b. Ktt^] m. 2 P. 3. hti] om. P. 
. iJJ] ^A in ras. V, itemlin. 6, 8, 9; JHP. 6, otrpiiieteoe 
corr. m. 2. 7. i^] corr. ei to m. 1 F. iazM iazC PBV, 
comp. Pb. 9. iexCv PB. moi'] (priua) om. B. 10. ooilftfierede P. 
' " 11, To] corr.ex xai ra. 2 F. tai\ corr. ex to m. 

^S) (alt.) @, add. Z m. 2, F. i<rt^» PB. ««0 
13. T^v] om. P. JH] ^ in ras. V, H^ Fb. 14. 
15. tCaivY. 16. ZS^ dKiaras.V. tfs'ia'P. 
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+ 51^ medium est et =/dE, /dE medium est. et 
ratiosali ^I adplicatum est latitudinem e£&cieus /IH, 
itaque ^H rationalis est et rectae ^I longitudine 
incommensurabilis [prop. XXII]. rursus quoniam 
2ABxBr medium est et =z/®, z/@ medium est, 
et rationali z/J adplicatum est latitudinem efficiens 
^Z. itaque ^Z rationalis est et rectae ^I longi- 
tudine incommensurabilis [prop. XXII]. et quoniam 
AB^ -{- BF^ et 2ABxBr incommensurabiKa sunt, 
etiam A Ej A0 incommensurabilia sunt. uerum 
^E:A0 = AH: AZ [VI, 1]. itaque AH, AZ in- 
commensurabiles sunt [prop. XI]. et utraque rationalis 
est. itaque HA^ AZ rationales sunt potentia tantum 
commensurabiles. quare ZH apotome est [prop. 
LXXTII]. Z® autem rationalis est. spatium autem 
recta rationali et apotome comprehensum irrationale 
est [prop. XX], et recta ei potentia aequalis irrationalis 
est. est autem AF^^ZE. ergo -^F irrationalis est; 
uocetur autem recta cum medio totum medium efficiens. 
quod erat demonstrandum. 

LXXIX. 

Apotomae una tantum congruit recta rationalis 
potentia tautum toti commensurabilis. 



17. oQd^oyaviov] om. P. iati PBV, comp. Fb. 18. 

iari PBV, comp. Fb. 19. iari BV, comp. Fb. rj] om. P. 

20. onsQ iSsi, dst^ai,] comp. P, om. BFVb. 21. o&'] corr. 
ex 7i' m. 2 F. 22. fiovov] om. P, fiovri V et F supra scr. 
ov m. 1. 



"Eotca anoToiir} i} AB, XQoeaQ^olovea Sb avTij »; 
BF' rd AV, FB «pa ^jjtki elGi. Svvkhbi /xovov Ovft- 
(ittgoi.' liyta, Stt tfj AB itEQu ov rcpoffKpftogei ^>?^^ 
dvvdftii fiovov evfifittgos ov&a tfi oAjj. 
5 Ei yap d^uvwrdv, jrpoORpftoSirto ^ B^' xal at 
AjJ, ^B aga jSijtttt siei Svvafisi jtdvov Ovfiiittpoi. 
xal ixfi, a vxspdx^i t« anb tav AA, AB tov 5!s 
vnb rav A^, AB, lovrp vnsQi%ei xal tii rko tav 
AF, FB Tov 6ls vnb tidv AF, FB' ta yaq aurp tp 

10 «Jro T^g ^B au^oTepa vne^EXBf ivakkai, apa, oj v;rep- 
£];£( To: amo tav AA, ^dB tav anh Ttav AF, FB, 
TOVTa vnsQi%Ei, [xaX] ro 61$ vnb Ttov A^, AB rotJ 
6ls vnb Tcov AF, FB. ra 6h anb tiuw A^, AB tav 
Axo tav AF, rS vJtBQixet pJjrra* pijra yap afiipotspa. 

i& xal To 6lg aga vnb tav Ajd, jJB tow 6\q vitb tav 
AF, FB vnetfexst &^^^' ojtfp ^stIi' a6vvaTov fiiaa 
yag afiqiotsga, fiioov 6e fiieov ovx wt£pij;et ptjrra. 
r^ aifu AB itipa ov ngoaapfio^ei. ^rjtij 6vvdfiei ^dvov 
evfifietpog ouOa ttJ oXtj. 

ao Mia apa fiovrj tfi anorofif} npoeagfio^et Qijt^ 6v' 
vdfiit fiovov avfifiBtQos OV0U t^ oAjj- ojtip edBi 6eC^at. 

Tij fiisijs dnoTOfi^ apcjrjj (tta fiovov jrpofl* 
apfiotet Bv&eCa fiiar] 6vvdfi£t fiovov avfiiiEtQos 

3. pijt')] m. 2 F. 5. »(oirnpjio£Eflfl'oi b, xai'] om. B. 

6. ^B] BA F. 9._ rcS aao i^s]^ lo F. 10. AB ~ inie- 

f];ei] aic isfi,<fotfQa)v ixfgox^s Ttii ano t^s AB SFb; in B del. 

m, S, mg. i(D yap avTa — vnEpEj^Et m. 2, m] (d; b. II. AJ, 

^Bl .jr, rB F, corr, in',2. awd — 12. rjrEpjisi] io ras. P, 13, 

ii'] om. P. ^B] m, 2 P, 14. eV"] «rr. ex ^i;tiJ V et 

rec. B. Poet yag add. floiv FVb, ^on* B. 15, rd] corr. 

- ■ - 7, 1 F. apaj om. V. 11. Poal 1»^« ''■'^■i- t^lo" "^V 
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Sit AB apotome, ei autem congruens BF, 

itaque AFj FB rationales sunt potentia tantum 

commensurabiles [prop. LXXIII]. dico, nuUam 

JB aliam rationalem potentia tantum toti commen- 

surabilem rectae AB congruere. 

nam si fieri potest, congruat B^. itaque etiam 
•r A^y jdB rationales sunt potentia tantum com- 
"^ mensurabiles [prop. LXXIII]. et quoniam 
{J^ + JB^)-r-2^Jx^B==(Ar^+rB^-T-2ArxrB 
(nam utrumque excedit eodem spatio AB^ [11, 7J), per- 
mutando erit 

(AJ^+^B^)-^{An+rB^)^2A^x^B'--2ArxrB. 
uerum Ajd^ + ^B^ excedit ^F^ + -^5^ spatio rationali; 
nam utraque rationalia sunt. itaque etiam 2A^XjdB 
excedit 2 ArxFB spatio rationali; quod fieri non 
potest; nam utrumque medium est [prop. XXI], me- 
dium autem non excedit medium spatio rationali [prop. 
XXYI]. itaque rectae AB nuUa alia rationalis po- 
tentia tantum toti commensurabilis congruit. 

Ergo una tantum recta rationalis potentia tantum 
toti commensurabilis apotomae congruit; quod erat 
demonstrandum. 

LXXX. 

Mediae apotomae primae una tantum congruit recta 
media potentia tantum toti commensurabilis, cum tota 
autem spatium rationale comprehendens. 

htiv BP. 18. T^] corr. ex xd m. 2 F. ^ijr^t V. 20. 
\Lla — 21. oX«] bis F, sed corr. 20. {mvov BFb. nqoO' 
agfiocst BFVb. 21. onsg idst dsi^cci] comp. P, om. BPYla. 

22. fca' P, et gic deinceps. 2^. iiEcs^i^i^ ^ort. ^t. ^k^TvV \s^. 
rec. P, iiierii BFV, (jbBCri b. y^ia\ om. \>. 
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0V6CC tij oltj, yLEtk &% T^g oi^Vjg ^Tjiov Xei/i- 

"Eeta yctp (i^Ot/s ««otoji^ TtpcoTrj ^ jiB, xal r^ 
AB aQooaQfio^hfo 17 BF' aC AF, FB &Qa fiiaai slel 
5 SvvafiEi. fiovov ev^[ier(fot Qiitiiv itBQii%ov0ai to vao 
Ttov AT, FB' liya, on ti} AB itipa ov ji^oOa^^d^Ei 
(lieTj dvvaiist fiovov evfifiBTQOs ovOa rfj oAg, (lEta Sh 
rijs oXi^s ^^tov nsQiixovea. 

El yicQ SvvKTOv, JtQoOaQfiothco xal r) ^B' aC cpa 

10 Aj^, AB fiieai. aiel dvvafiBi jicVov evfifistQoi Qi]tov 
itSQiiy^oveat ro tinro tmv AA, JB. xal iptsi, to vxsq- 
i%st ta am tmv AA, ^B rou dls vno rtov A^, JB, 
Tovto} wtSQi^Ei xal ra axo tmv AF, FB tov Sls ^ith 
Twv AF, FB' tm yecQ avra [naXi.v] vithQi%ovet ta 

15 aito t^s AB' ivaXXai, ccQa, ra vXEQi%si ta aitb rav 
AiJ, AB t£v aao rtav AF, FB, Tovrca vnsQi%si xai 
xo dlq vno rmv Ad, ^B toi Slq vitb rav AF, FB. 
tb Ss dls vnb rinv AA, ^B tov Slg iab tav AF, 
FB v%SQi-%si. Qtjta- pjjia yaQ afifporsQa. xal ta dao 

20 rav A.d, ^B UQa t<dv dno rmv AF, FB \xstQayavav] 
vjtEQEXSt ^ijT(5" aitSQ ietlv dSvvatov' fiieu yaQ iariv 
dfi^orsQa, fiieov dh [lieov ovx {msQs%si (Sjjto. 

Ti} apa ^Effijg d^orofiTJ XQioty fiia fiovov jtpoff- 
aQfio^si sv&sla fiie^ Svvd^si fiovov evfifisrQog ouffa 

25 rfj oAij, fisra Sh r^g oAijg QTjtdv asQisxovaa' ozsq iSei 
Sst^ai. 



3. fitofj BVb, om. F. i. jrpoocfpnojfi F, corr. m. 2. 01] 
corr. Bi el m. 1 F. aga AT, FB BFVb. ilaiw B. 5. 
aviAiiiTQos V, corr. m. I. 6. agoaaDiioaei V. 8, JtteiEiouijai 
V, corr. m. 1. 10. AJ} m. 2 F. elaiv LB. 12. taj corr. 
fij- r<7 m. 3 F. TOv] im F. AF, FB F, 13. iB*eti^s b, 
ciwv-. iD. 1. li. TfflJ corr. ex to "V. ji(x),iv'\ oiii,'fi, «k«v 
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^A Sit enim AB mediae apotome prima, et rectae 
AB congruat BF, itaque ^r, FB mediae sunt 

"^ potentia tantum commensurabiles spatium rationale 
compreliendentes AFxFB [prop. LXXIV]. dico, 
rectae AB nullam aliam mediam potentia tantum 

'•r toti commensurabilem congruere cum tota spatium 

^^ rationale comprehendentem. 

nam si fieri potest^ etiam ^B congruat. AA^ dB 

igitur mediae sunt potentia tantum commensurabiles 

spatium rationale comprehendentes A/d X AB [prop. 

LXXIV]. et quoniam est 

{AA^ + AB^)^2AAxAB^(An+rB^)^2ArxrB 

^nam eodem spatio AB^ excedunt [II, 7]), permutando 

erit 

{AJ^+^B^^^iAn+rB^^^^^AJxJB-i-^ArxrB. 

uerum 2Ajd X jdB excedit 2Arx FB spatio rationali; 

nam utrumque rationale est. itaque etiam A/J^ -^ ^dB^ 

excedit AF^ +- FB^ spatio rationali; quod fieri non 

potest; nam utraque media sunt [prop. XXIV], medium 

autem non excedit medium spatio rationali [prop. XXVI]. 
Ergo mediae apotomae primae una tantum recta 

media congruit potentia tantum toti commensurabilis, 

cum tota autem spatium rationale comprehendens; 

quod erat demonstrandum. 



dxovaiv LBF. t^b] ra b. 16. xd] xal ra LB. 17. rd] 
rd P. 18. TO 8s ~ 19. TB] %a£ V. 20. TSXQocymvmv] om. P. 
21. vnsQs^si P, £ Bupra scr. B. 22. 8i] yaQ L. 23. fiiari 
xiel iiiarj LBFVb. 26. onso iSsi dst^ui] comp. P, om. 
LBFVb. 



^aelideBf edd. Helberg et Me&ge. IH. ^^ 
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Tfj ftifljjs anoTOftij SEVzipa (i^a (lovov irpotf- 
Kpfiogft £v&ita /lEffTj Svva[iEi. (lovov iSv(i[iErQOs 
Tfl oAjj, (isTa Si zijg oli^g jikeov %EQiE%ov6a. 
o "Eora {lioTjg anorofiij SsvTeQa tj AB ku\ zT} AB 
npoffapftd^ouffK 71 BF- aC &qk AF, FB nioai eIbI 
SvvajiEi. iiovov avfifiSTQot (itaov TT.EQiEXOvaai to vno 
zav Ar, PB' Aeyro, ozi tt] AB itEQa ov npoSaQfioOEt 
Ev&Eia [lieri SvvaftBi (tovov Sv(i(iaTQos ovOa trjj oXtj, 

10 (iETa Si rijs oAijg (leOov nBQii%ov6a. 

El yctQ SvvttTov, irpoflKpfiO^STM ij BA' xal aC AA, 
AB upa (liaat eIgI SvvafiEt (tovov avfifiEZQOt (liaov 
jcEQiE%Qvaai. ro vab zwv A/d, AB. nal ixxBia&to pijt^ 
ij EZ, xal Totg (liv ano rwv AF, FB /'ffov jrapc r^v 

15 EZ aaQajiB^Xija&in t6 BH jtAktos ntoiovv r^v EM' 
t^ 6i dls vito rmv AF, FB i^aov «yjjpjjVtfo) r6 &H 
mXarog %oiovv tijv ®M' loiTibv aga zb EA laov iatl 
rto aub T^g AB' (oarE rj AB Svvarai to EA. ^akiv 
Sii rofs «Jto zmv AA, ^B raov ^aga zijv EZ Jtaga- 

20 pe§l^e9m t6 EI re^arog noiovv ziiv EN' ItlTi Sb xal 
To EA i'aov tip aab t^s AB lErpayraVp ' /otnrov tfp« 
t6 ©J fffoi' iazl Tp Slg vjib zav AA, AB. xal iasl 
fiiaai eialv a[ AF, FB, (liaa aga iatl xal ra aao tcav 
Ar, TB. xai iaziv tOa ta EH' ftiaov aqa xaX z6 

25 EH. xal aaga ^tjz^v trjv EZ TtaQaxEttai nXazog n 



a. (i^oij iiel (itojj LBFVb. fidi'ii V. 5. /nfaij uel 

tiidTi LBFb, e corr. V. Sevriea] om. b. AB] B in raa. 
Hi. i P. ued zij AS] om. V. 8. ri] 3i tj V. ai] supra 
Bcr. 111. rec. b. 'efcfr LBP. 7. to] td L? 8. lAv] om. b. 
irpocapfio^ei LBb. 11. JB F. aai] om. B, 12. sisiv 
LB. 16. AB, BF b. SO. El^i axi^ta Bcr. Z F. hriv L. 

31. xai Zoinop V. 22. t'nov — '44. xi EH.^ t£i%. m. VS. 
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LXXXL 

Mediae apotomae secundae una tantum recta media 
congruit potentia tantum toti commensurabilis^ cum 
tota autem spatium medium comprehendens. 
A B r J Sit ^B mediae apotome 

secunda et rectae ^iB congruens 
BF. itaque jdFy FB mediae 
sunt potentia tantum commen- 
surabiles medium comprehen- 
dentes ^rxrB [prop.LXXV]. 
dico^ rectae AB nuUam aliam 
rectam mediam congruere po- 
tentia tantum toti commensu- 
rabilem, cum tota autem medium comprebendentem. 

nam si fieri potest, congruat Bjd, itaque etiam 
AjdyjdB mediae sunt potentia tantum commensurabiles 
medium comprehendentes A^X/^B [prop. LXXV]. 
et ponatur rationalis EZy et quadratis Ajy -\- FB^ 
aequale rectae EZ adplicetur EH latitudinem efficiens 
EM'^ spatio autem 2 ArxFB aequale auferatur ®H 
latitudinem efficiens SM. itaque reliquum EA = AB^ 
[n^ 7]. itaque AB spatio EA aequalis est quadrata. 
iam rursus quadratis AA^ -}• AB^ aequale rectae EZ 
adplicetur EI latitudinem efficiens EN. est autem 
EA = AB^, itaque reliquum @I=2A^xAB [IT, 7]. 
et quoniam AF^ FB mediae sunt, etiam -^F^ + ^^^ 
media sunt. et AF^ -{- FB^ = EH. quare etiam EH 
medium est. et rectae rationali EZ adplicatum est 
latitudinem efficiens EM. itaque EM rationalis est 

22. iattv L. Post iTisl del. m. 1: Coov icxVxoi ^l^^^. '^L^^ 
iaz/p L, sM Fh. 24. EH^ sec^. toov loxl x& '^^^. 
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Ttjv EM' QTjti) aQcc ^arlv ■^ EM xtti aSvfiiiBTf/os ^ 
EZ (i^xu. nai.iv, ind ^ieov iezl t6 wiro Ttoi/ AF, 
FB, xttl To 6lg vno rmv AF, FB (ideov iativ. xai 
iaziv fffov za &H' xal ro 0H «pa fUeov iattv. xal 
5 TiaQa ^rjtijv tijv EZ naQaxsLzat nXttTos noiovv tijv 
&M' pijT^ uQu iatl xal ^ &M xal aaviijiiT^os t^ EZ 
(irixit. xal inel a[ AV, TB SvvafiBi (lovov avfifiSTQOi 
eleiv, ttav(i.(t,£tgos affa iatlv ij AF Ttj FB fiijxft. ag 
di ij AF repos rijv FS, owrog iatl tb anb t^s AT 

10 n(fbs tb vnb Tmv AT, FB' uavfifiETpov kqu iatl to 
anb T^ff AF ta vnb zav AF, FB. aHa za filv anb 
rijs AF ev(tfi.BTQa isti ta dnb ttov AF, FB, rto di 
iwt Tton AF, FB av(i(tsTQ6v iatt to 6ls vnb ttSv 
AF, VB' a6v(ift.£Tpa aga iatl ta dnb rmv AP, FB 

16 Tto dlg vnb T<ov AF, FB. xaC iati totg (tlv dnb Ttav 
AT, VB i'aov t6 EH, Tm 8h 8ls vnb rSv AF, PB 
tiSov t6 H&- d6v(i(iBTgov aQa ietl ro EH ta &H. 
Mff 61 t6 EH npbg tb &H, owTtog iatlv ij EM ngbs 
tiiv &M- dav(i,fieTgos aQa iatlv ij EM z^ M® fi^xEt, 

20 xal eisiv dntpoTtQai ^fjtaC' al EM, M& aQa ^rjtai 
Biai SvvdfiBi. fiovov avfifiBTQOi' dnoTOfiij aQa iatlv ^ 
E&, XQoaaQfio^ovaa Sl «i)t^ tj &M. bfioias Sij Ssi- 
iofiBV, 0T( xaX rf &N avtfi ffpoffapjidgsC t;j uQa tJao- 
tofi/ij aXlrj xttl alX'^ XQoaaQ^io^Bt, BV&Bia Svvd^Bi (lavov 

35 avfifiBtQos ovOtt ty oXtj- onsQ ietlv dSvvazov. 

Tfi uQtt fiiarjs dnoTofi^ dsvriQix fiia ^bvov ngoa- 



1. EM] (alt.) EN L?, ME b. B. lazlv L. 8. SXt aQit Y. 

laTiv] L, comp. Fb, iaxi PBV. 4. Tra ©H] om. L, m. 

B B. taTlvJ L, comp. Fb, Saii PBV. 6. lariv L. 7. 

TB] in raB, V. aoii/ijieipW F, eed coit. 9. iariv h, opa 

/ffri' B. 10. daviififTgav — 11. FB] m. 2 V. 10. latl 

ua^ B. .11. AT] (prius) <f (nofl ^, hB.W'1. Ki. Vi. Imw B. 
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et rectae EZ longitudine incommensurabilis [prop. 
XXII]. rursus quoniam AFx FB medium est, etiam 
2ArxrB medium est [prop. XXIII coroll.]. et 
@H = 2Arx FB. itaque etiam &H medium est. 
et rectae rationali EZ adplicatum est latitudinem ef- 
ficiens &M. itaque @M rationalis est et rectae EZ 
longitudine incommensurabilis [prop. XXH]. et quon- 
iam AF^ FB potentia tantum commensurabiles sunt 
Ar et FB longitudine incommensurabiles sunt. uerum 
AT: FB = AT^ ; AFx FB [prop. XXI coroU.]. quare 
AF^ et AFx FB incommensurabilia sunt [prop. XT]. 
uerum AF^ Ar^-^-TB^ commensurabilia, etATxrB, 
2ArxrB commensurabilia. quare AI^ + FB^j 
2 AF X FB incommensurabilia sunt [prop. XIII]. est 
mtem EH:=Ai:^ + rB\ H& = 2ArxrB. itaque 
EH^ &H incommensurabilia sunt. est autem EH: &H 
= EM:&M [VI, 1]. itaque EM, M& longitudine in- 
commensurabiles sunt [prop. XI]. et utraque rationalis 
est. quare EMy M& rationales sunt potentia tantum 
commensurabiles. itaque E& apotome est [prop.LXXIII]; 
ei autem congruens &M. iam similiter demonstrabimus, 
etiam &N ei congruere. itaque apotomae rectae di- 
uersae congruunt potentia tantum toti commensurabiles; 
quod fieri non potest [prop. LXXIX]. 

Ergo mediae apotomae secundae una tantum recta 

16. kativ P. 17. Hei in ras. V. £H] mut. in HE m. 
1 V, HE Bb. 18. To] (alt) om. b. 19. M©] in ras. m. 
1 B, &M P. 20. apa] postea ins. m. 1 V. 21. Blat\ om. 9. 

(jvfifiCTpot] -01 e corr. P. 28. 0iV] N in ras. V. w^ocf- 
apfiOTTCfr y. dfCOTOfiy TJf E0 y. 24. iiovov] supra scr. 
m. 1 F. 26. OTtBQ iarlv cedtJvaxovl Qm. "^ . 't^* ^^V^sr^X 

BFVb. 
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ecQfio^ev evd^eta fis6rj dvvdiiSL [lovov 0vfiii£tQog ov6cc 
ty oXy, iJLBta 8\ r^g okriq fidcov 7C£Qii%ov6a* otcsq edet 
dst^aL, 

7C&'. 

6 Tfi ikd66ovL ybCa fiovov ^QO^aQiio^SL svd-sta 
dvvd^isi d6v[ifistQog ov6a tij oAiy 7toiov6a fista 
tijg okrig ro iisv ix tciv d% avt&v tstQayciv(ov 
^ritov^ to 8h 8lg vn avtciv fii^ov, 

"E6t(o ii ikd66iov ri ^B^ xal tij AB 7CQ06aQ^6^ov6a 

10 i6t(o ri BF' ai aQa AF^ FB 8wdiiSL sl6lv devfifistQOi 

7C0L0v6ai, ro lihv 6vyKsiiisvov ix rc5v asr' avrciv tstQa- 

ycivcav ^i^rdv, ro 8h Slg vi^ avx&v \ki6ov' kiycD^ oti 

tri AB stiQa svd^sta ov JtQ06aQii66SL td avtd 7toiov6a, 

El yaQ 8vvat6v^ 7tQo6aQ^o^itc() ii BA' xal al A/t^ 

16 jdB aQa Svvdfist sl6lv d6viiiistQ0L 7tovov6av td TtQo- 
SLQT^fiiva. xal iitsC^ c) V7tsQi%SL td dno tciv AA^ ^B 
t&v dito tciv AF^ FB^ rovrco vnsQi%sL xal to 8lg 
VTto r(3v AA, /IB roi; 8lg vno tdiv AF^ FB^ td 8s 
dno tciv AA^ AB tstQaycDva tciv dito tciv AF^ FB 

20 tstQaycivcov vTtsQixsc ^r^tp' ^rpcd ydQ i6tf,v dfi(p6tSQa' 
xal tb 8lg vno rciv AA^ AB ccQa tov 8lg VTto tdiv 
AF^ FB VTtsQixsv Qr^t^p' onsQ i6tlv d8vvatov' iii6a 
ydQ i6tvv dfi(p6tsQa. 

Tij aQa iXd66ovi [iCa ii6vov 7tQ06aQii6^st svd^sta 

25 8vvdfiSL d^vfifistQog ov6a tij oky xal 7tOLOV6a td fiiv 

1. sv&stoc — fiovovj om. P. 2. onsQ ^Ssl Sst^ai] comp. 

P, om. BFVb. 4. 7t§] corr. ex «y' F. 6. (iovtj V, (lovrj P. 

9. 17] (prius) ins. m. 2 F. 10. aQa] supra scr. m. 1 V. 

avi^fiSTQOi F. 13. T^] corr. ex ^ m. 2 F. stsgaL sv- 

^slai F. nQoaaQfi6£si b. 14. nai] om. B. at] om. b. 

15. Ante siaiv ras. 4 litt. V. xd] x6 V, et F, corr. m. 2. 

xposipjjfisva'] iihv dno xmv AJ,JB (m. 2 F) xsxQdyoiva 

^'yojycov FV) a(itt frjxov^ xh d\ 61« '»«0 toSv AJ^ JB fiiaov 
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media congruit potentia tantam toti commensurabilis^ 
cum tota autem spatium medium comprehendens ; quod 
erat demonstrandum. 

Lxxxn. 

Bectae minori una tantum recta potentia toti in- 
commensurabilis congruit cum tota efficiens summam 
quadratorum rationalem^ rectangulum autem duplum 
medium. 

Sit AB minor, et rectae jiB congruat BF. itaque 

^r, FB potentia incommensurabiles sunt efficientes 

„ P ^ summam quadratorum ratio- 

, 1 1 — I nalem, rectangulum aatem du- 

plum medium [prop. LXXVI]. dico, rectae AB nuUam. 
aliam rectam congruere eadem efficientem. 

nam si fieri potest; congruat B^. itaque etiam 
j4^j jdB potentia incommensurabiles sunt efficientes, 
quae diximus [prop. LXXVI]. et quoniam est [II, 7; 
cfr. p. 238, 7 sq.] 

{j4^^+^B^)^(Ar^+rB^)^2A^x^B---2ArxrB, 
et ^^2 ^ ^jB2 excedit ^JT» + FB^ spatio rationali 
(nam utraque rationalia sunt), etiam 2 AJX JB 
excedit 2 AFxFB spatio rationali; quod fieri non 
potest [prop. XXVI]; nam utrumque medium est. 

Ergo rectae minori una tantum recta congruit po- 
tentia toti incommensurabilis et cum tota efficiens 

Theon (BFVb). 16. xa] in ras. ra. 1 P. 17. rd] ra B; 
Tc5 F, sed corr. m. 1. 18. vno — de] mg. m. 2 B. xov 
-— 19. z/B] e corr. m. 1 F. 19. ^^] z/ e corr. m. 1 V. 20. 
vnsQi%Bi\ m. 2 B. tlaiv b. 21. aqa] m. 2 B, om. FVb. 
23. itjrtvl m. 2 F. 24. apa] om. P. ^ Ante iLla del. r^ 
AB m. 2 V. yi>6vri V. 26. dvvdiisi (lovov FVb. avfi- 
(isxQog FVb, et B, corr. m. 2. xa^ om. V. xa\x^ ^¥'^. 
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KJt' avrav TSZQayava ufirt pjjroj', to Se dig i 
fibOoV ojrsp l(Jf( Sil^ai. 



%y. 

T^ [itTit QtjTov (liaov ro oAov «oioveTi p.i«\ 

b y.6vov apoea^iio^si tv&eitt dvvayiEi aavynLET<fo^% 

ov6a Tfj o^Tj, iitttt Si zijg oltjs noiovea t6 ft^w J 

SvyxBiii.svov ix rav uit ttvxKiv rttffayavtav:^^ 

liteov, ro Si dlg vn avtiov ^ijtoi'. 

"Etsxoi ri {isrk pijTov ^taov t6 oAoj' noiovatt ij j^BfM 
10 xal t;; AB repoOapftoEETW Tj BV' ai aqa AF, 
Svvdfiet bIoIv aavitiittQOL Ttoiovoai ta TtQoxsifitva* i 
Xiyta, ott t^ AB itdptt ov jrpoffKpftoflft t« avrit^ 
noiovaa. 

Ei yaQ Svvazov, %QoaaQfio%i70) ii B ^l' xal aC y. 
16 /3B aga tvQtiai dvvdftet sielv aavfifitrpot itotovatU 
ra nQoxsifiBva. iitsl ovv, a viceqb%ei t« tt%o zav j. 
/iB tav ano zav AF, FB, loiirra vatQsx^t xal zh^ 
6ls vno Toiv A^, z/B roij Slg vnh rtov AF, J 
axokov&ag totg jtpo avtov, to Si 6ls vito tav . 
20 z/B TotJ Slg v7to tav AF, FB vjisQi%SL Qrjra' ^i 
yuQ ieziv ttfifpozEQa- xrI tk airo zav Ad, dB i 
tav ano tmv AF, FB vnsQsxti ptjrm' osrfp ia 
aSvvazov iiiaa yuQ iartv a(ifp6zsQa. ovx «pa rg ^ 
ETfpa jtQoeaQfioatt tv&tia Svvdftst deviiiitzQos ouff«(i 



CA^J 



' ^^A 



1. Tirgayfijtov P, TiTeayta\a>v V, et F, corr. ni. 2, 
^ijiov add. (Ltxa zrjs oXjis V, 2. o-at^ {Sn Sfi^ai) comp. ] 
om. BFVb. 3. it6' P, *. (iir« tou V. Poet Jijii ■ " 
Tiai m. 2 P. 5. (idi'»; V. 10. xal x^ .JB] om. B. 
afii.6%ovea Vb, npoaapfidfovaK ^e B, aQaoiovBa F. 11. t& 1 
irpDJif//iE*H] 10 iilv avyMlficvov Ik Tffl»' rtiro ku» j*r, FB «- 1 
TpayaPBJv fttaof, z6 ii Sli vno tio» AT , TE ^Tfidv ThaooJ 
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summam quadratorum rationalem; rectangulum autem 
duplum medium; quod erat demonstrandum. 



LXXXIII. 

Bectae cum rationali totum medium efficienti una 
tantum recta congruit potentia toti incommensurabilis^ 
cum tota autem summam quadratorum mediam efficiens^ 
rectangulum autem duplum rationale. 

Sit AB recta cum rationali totum medium efficiens, 
et rectae AB congruat BF. itaque AF, FB potentia 
j ^ P j iiicommensurabiles sunt propo- 

I 1 1 — I sita efficientes [prop. LXXVII]. 

dicO; rectae AB nuUam aliam congruere eadem effi- 
cientem. 

nam si fieri potest^ congruat B^. itaque etiam 
j4^, ^B rectae potentia incommensurabiles sunt pro- 
posita efficientes [prop. LXXVII]. iam quoniam^ sicut 
in priore propositione [p. 246, 16 sq.] 

(ji^^+jB^)-^(jr^+rB^)^2A^x^B-^2ArxrB, 

et 2A^X^B excedit ^AFxrB spatio rationali 
(nam utrumque rationale est), etiam A^ + ^B^ ex- 
cedit AJT^ + FB^ spatio rationali; quod fieri non 
potest; nam utraque media sunt [prop. XXVI]. itaque 
rectae AB nulla alia recta congruet potentia toti in- 
commensurabilis, cum tota autem efficiens, quae dixi- 

' » — . 

(BFVb). 12. Xiym — 16. nQons^iisva] om. P. 12. ravxa V. 

14. AdJ J e corr. m. 1 b. 16. to: ngoyisiiisva'] ro iilv avy- 
yis£(isvov £x Tcoi' dno xmv Ad, dB rsTQaymvoav (isoov^ to dl 
dlg vno rav AJ, JB (AB.BJ q>) ^ijtov Theon (BFVbV t«\ 
corr. ex to F. 18. Post FB uacat \ma Xm^'»» ^V. «^^,^\^«^- 

21. iffuv] om. V, m. 2 F. ^S. vaq tl«vv ^ . 



} 



Tij oAf;, (iSTct di T^g oAijg noiovaa ra irpo£ip»;fi^w( 
(iCa KpK fiovov nQoCaQiioen' oirep i'dtt dEi^ai. 

itd'. 
Tfi iiEza fiiaov fiiaov to oAov jroioiJej/ (iCk 

B ^o'!*)? jrpofl«pfAO§£I SV^&ffK dvVK[lBt u6V[lfieTffOg 

ovea rrj oKjj, ftsru dh TTJg oAijs noiovsa ro te 
OvyxBlfiEvov ix Ttov Kn' avTiBv TEZQaytavcyv 
fiieov To TE Slq vit' avxav fiiaov xa\ Irt aOvfi- 
(lETQOv Ta avyxEifiivp ix tmv «ir amai'. 

10 "E0tc3 ij fiEta (lieov [liaov to oiov xoi.ov6a ^ jiS, 
repoeap^djovffa tf^, ruti^ ^ BF' at cpa ^r', FJJ 6v- 
vajiei slaiv davftiiEtQOt ^oiovaai tk itQOELQTj(tiva. XEya, 
OTi T^ AB ExiQa ov aQoaaQjioaEi noiovOa tk %qoei- 
Q^fiiva. ^ ^ 

16 El yaQ Svvaxov, jtQoaaQito^iTm jj B^, marE xal 
rag A^, AB Svvk^ei aavftiiirQovg Eivai iioiovaag ra 
TE dno rmv AA, AB T£xQu.yiava aita ftiaov xal ro , 
dlg vnb rav A^J, ^B ftiaov xal Iti ta anh rmv AA, 
AB davfiftSTQa ra Slg vnb rav AA, AB- xal ixxEio9a 

20 ^Jjr^ t] EZ, xal roig (tiv dao rav AF, FB ioov aaQct 
riiv EZ TtuQa^E^X^^a&D} rb EH nldTog itoiovv tijv 

1. za TiQosieTjiiiva] z6 fiti' avyittinevoi' ^k ziSv dtt' avzwv 
ztzQayavav nieov, ro 3i 3ls vn avz^v ^jjiiiv Theon (BFVb). 
2. fiMi! Be«] z^ aQa iieta qtizov fiiaov lo oHoii Tioiovaji /lia 
BVb etF, om. fiia. neoOH0fid£ft Vb, «cti ra I|^k F. oxeg 
i'Sii etliai] comp. P, om. BFVb. 3. jtd'] ric m. 2 F. 6. 
jiovov BFb. Post dvvajiEi del. fidi'oi' m. 1 P. 8. to tel 
kqI to Theon (BPVb). iuio xmv b. uailfifieipoe F, aed 

corr. 9. To wyxBiitevov i% Tcav an' uvimv lol dlg vjt' acTiiw 
Theon(BFVb)i 11. autnl o™- Theon (BFVb). 13. lO 

itQoeiQTiitiva] z6 zc (fifv F) evytttinBvov iii zmv an' aitmv «e- 
zQaymviav fiiaov «ol lo Jis vjto tbv jiTj TB (yn' aiJti3» V) 
fisaov, iri ('corr. ex ^0« F) iJ za dno r£v AP, FB zBZQayaiva 
'-aadd. F) davftittzffa tp ^lfi vnJi zwv AF, VB 'tkftQn (^BFVbJ. 
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mus. ergo una tantum congruet; quod erat demon- 
strandum. 

LXXXIV. 

Bectae cum medio totum medium efficienti una 
tantum congruit recta potentia toti incommensurabilis^ 
cum tota autem efficiens summam quadratorum mediam 
et duplum rectangulum medium praetereaque summae 
quadratorum incommensurabile. 

Sit AB recta cum medio 

totum medium efficiens^ ei 

E M N autem congruens BF. itaque 

AFj FB potentia incom- 
mensurabiles sunt efficien- 
tes, quae diximus [prop. 
LXXVm]. dico, rectae ^JB 
nuUam aliam congruere efficientem^ quae diximus. 

nam si fieri potest^ congruat B^j ita ut etiam 
A^j^B potentia incommensurabiles sint efficientes 
A/fi -^' jdS^ medium et 2 A^XAB medium et prae- 
terea AA^ -\- ^dB^, 2 AA X AB incommensurabilia 
[prop. LXXVni]. et ponatur rationalis EZ^ et qua- 
dratis Aiy + FB^ aequale rectae EZ adplicetur EH 
latitudinem efficiens EM, spatio autem 2-^rxrJB ae- 

quale rectae EZ adplicetur @H latitudinem efficiens ®M, 

———————————— — * ' ■ 

13. Post 7tQooaQit,6asi, add. Theon: SvvdiisL ccov(ifisrQog ovoa 
ry oXjjj itsta Sl rrjg oXriQ (BFVb). nQOSLQTjfisva] -£t- in ras. 
m. 1 P, 7tQ07isi(isva Theon ^BFVb). 16. slvaL dovnfiixQOvg 
BFV, stoLv aGvniJL. b. xa rg] to ts P, xa fisv BFb, to xs 
avyTisifjLSvov e corr. V. 17. dnol in V. -4z/, z/B] in ras. V. 

TStQayoavmv P et V (supra -mv ras. est). aaal supra scr. V. 

Toj supra scr. V. 18. vno — z/BJ vit avtwv V. Tal^ 
om. r. 19. Post JB del. m. 2 t£TQa7(0Ta N . ol«'1)v-V-^'^^^'* ^ 

20. Tolff] eorr. ex tovq m. 1 Y. 



EM, Tt5 di 6lg vxo rtov ^F, FB Isov natfa tjjv EZ 
Kapa^E/SA^ifl'?© ro &H kArtos- jrotoijv i»jv &M' i.otabv 
«pa t6 «310 T^g ^B iaov tBrl xa EA' rj «pce AR 
Svvazat- ro E^, %d}.iv tots aith rav A/i, ^B i'0ov 
6 JTKpK T^v EZ xaQa^e^l^a&co ro S/ JiAaros notoijv 
r^v EA'', ^ffii di xal rb ajib tijs AB taov ra EA' 
lombv ftp« To difi iinh xmv A^, AB laov \}a%X\ ta 
®I. xa\ ixsl iiioov iotl t6 OvyxtiiiEvov ix tav anb 
tmv AF, FB xaC istiv teov Tra EH, (lieov npw igtl 

10 xal tb EH. xttl itttifcc pjjrijv t^v EZ na^axtittti aiazos 
noiovv ti]v EM' pjjr^ Kp« iazXv ^ EM xal aovn- 
fiitQog tfj EZ [i^^xEt. naXiv, intl fiiaov iatl ro Slg 
VTtb tmv j4r, FB xai iotiv Coov ta &H, lieaov «pa 
xal t6 &H. xal xaQK pjjr^v ti\v EZ nttQaxHtai 

16 «A«Toj JtotoiJv tiiv &M- QrjtTj uQa iotlv ^ &M xal 
aavfifistQog ty EZ [iijxEi. xal intl davfi^Etpd iazt 
ta dnb tmv AF, FB ta Slg vnb tav AF, FB, davfi- 
[lEtQov iati. xal tb, EH ra &H' daviifiitgos d^a ietl 
xal ^ EM zfj M& ^ijxei. xat alaiv dfKpotepai QTjtat' 

20 aC apa EM, M& Qritai tCai Svvdfist [lovov avftfiEtQOf 
dnotojtTj aga ietlv ^ E@, Zffoaapiio^ovea dh avtfj ^ 
&M. ofioiae Srj dii^ofttv, oti ^ E& nd}.tv «noro^^ 
iativ, Mpocapftcifouffa Se avzfi ^ &N. zfi aga dxotofiij 
a^Xt] xttl akXTj itQoaaQfLotfii, pi^r^ SvvdftEi fiovoi/ avfi- 

25 fterpos ovaatfi oA?;- oitEQ iSEtx^V dSvvazov. ovx Kpa 
zij AB EZEQa «QoaaQfioeEt ev&biu. 

1. irapa — 2. napa^t^liie&m] aipTjQ^a&ia V. 2. H9 B. 

M6 in raB. V, QN F. Ioihdv — 6. EN\ mg. ni. 1 P. 4. 

toit t^iv P. 6. i^»] bis V. 7. iaxi] Ivriv P, am. FVb, 

m. a B. 9. tDl TO P. u£Oo» — 10, EH] mg, m. 2 V, 

— r/ la. To»] corr. ei lO V, x6 F. SH] H®' F. 16, 

- &M] mg. m. 1 P (lotl T^y Yl, ttoiiiu.ft^oD — 18, 
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itaque reliquum [11,7] AB^ = EA. quare AB spatio 
EA aequalis est quadrata. rursus quadratis AAI^-^- ^S^ 
aequale rectae EZ adplicetur EI latitudinem efficiens 
EN. uerum etiam AB^ = EA. itaque reliquum [II, 7] 

2AJXJB = eL 
et quoniam AI^+FB^ medium est, et AI^ + rB^=EH, 
etiam EH medium est. et rectae rationali EZ adpli- 
catum est latitudinem efficiens EM. itaque EM ra- 
tionalis est et rectae EZ longitudine incommensura- 
bilis [prop. XXU]. rursus quoniam medium est 
2 AFx rjB, et 2 AFx FB = &H, etiam ®H medium 
est. et rationali EZ adplicatum est latitudinem efficiens 
@M. itaque &M rationalis est et rectae EZ longi- 
tudine incommensurabilis [prop. XXII]. et quoniam 
AH + rB^ et 2ArxrB incommensurabilia sunt, 
etiam EH, ®H incommensurabilia sunt. itaque etiam 
EM^ M& longitudine incommensurabiles sunt [YI, 1; 
prop. XI]. et utraque rationalis est. itaque EM^ M® 
rationales sunt potentia tantum commensurabiles. quare 
E@ apotome est [prop. LXXIII] et ®M ei congruens. 
iam similiter demonstrabimus, rursus E& apotomen 
esse, ei autem congruentem @N. itaque apotomae 
diuersae rectae congruunt potentia tantum toti com- 
mensurabiles; quod demonstratum est fieri non posse 
[prop. LXXIX]. itaque rectae AB nuUa alia recta 
congruet. 

0H] mg. m. 1 V. 18. aqa hxi B¥h, &H] HG' F. iotiv 
PB. 19. itTjHBi] om. b. 21. ngocaQfiotxovaa V. 22. ©M] 
HQ b, et F, corr. ex M9. 23. ieti PBV, comp.Fb. 24. ual 
aXXri orjtrj B. ^i^tw] m. 2 B. 26. ddvvaxov i^^Ct^^'^- 
26. rost AB del. Bwsia m. 1 "V, iiQoca^\i.oX,%v\i. 



254 LTOIXEKiN t. 

Tri aQa AB ^la ^ovov nQO(faQii6^6L evd^eta dwa^av 
a(fviiiiBtQog ov0a tfj oA^, iieta dh tr^g okrig 7Coiov6a 
td t£ ait avtmv tetQaycova a^a [le^ov xal t6 dlg v% 
avtiSv ^soov xal hi ta ait avt&v tstQayova a^vfi- 
5 (iBtQa rcS dlg vn avtmv otcsq idsL dst^at, 

"Oqol tQLtOC. 

a\ ^TjtoxsLfisvfig Qtitijg xal dnoto^ijg^ idv [ilv ij oXrj 
tijg ^Qo6aQfio^ov6rig [ist^ov Svvritai r© dno tfvfi^stQov 
savtfi ^T^xsi, xal fj oAiy ^vfifistQog y trj ixxsiiisvri 
10 ^ritfj firjxsiy xalsi^d^co dTtotOfiij TtQmtri, 

/J'. ^Edv 8s ri XQO0aQfi6lov6a 6v^fi£tQog y tij ix- 
xsiyisvri $ritij ^i^xsl^ xal ^ okri tijg 7tQ06aQ[io^ov6rjg 
^st^ov Svvritat tip dno 6vfiiistQov savtijy xaksC^d^Gi 
ditotoiLri dsvtsQa. 
15 y\ ^Edv 8s ^yiSstsQa 6vfi^stQog ^ tfi ixxstfiivy 
^rjti] yirixst^ fj 8s oAiy tifig 7tQo6aQ^o^ov6rig fist^ov dv- 
vrjtac rc5 dno 6Vfi^itQov savtfj, xalsi^d^to dTtotofiri 
tQitrj, 

8\ ndXtv^ idv ri okri tifig 7tQo6aQiioiov6rig fist^ov 
20 8vvritat r© dno d^vfifiitQov savtij [ftijxat], idv filv 
17 o^rj 6vfiiistQog ^ tij ixxstfisvrj ^rjt^ firixsif xaksc^d-a 
ajroroft^ tstaQtrj. 

s, 'Edv 81 rj 7tQo6aQii6^ov6a^ TtsfiTttrj. 

5'. 'Edv 81 fiT^SstiQa^ sxtrj. 



1 yiovri V. TtQocaQfiocst, BFV. 3. ra] om. b, ro P. 

zSTQdycavov P. fisaa V. 4. xal iTtl Iti xs BFVb. 6. 

dig'\ om. b. avroav'] eras. B. onsQ fSsi dsi^ai] om. BV. 

6. OQOi T^tW] PV, mg. m. 2 B, om. F; ns' b, mg. m. 2 B. 

numeroB om. codd. 7. rj] om. B. 8. Svvatai qp. davfi- 

/usTpov BVf aed corr. 9. i^] supra acr. m. 1 b, om. V. 11. 

^/ K 12. xal 71 — 13. savxr^ om. ¥\>, m%, m. ^ ^. \%. 
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Ergo rectae AB una tantum congruit recta potentia 
toti incommensurabilis; cum tota autem efficiens sum- 
mam quadratorum mediam et duplum rectangulum me- 
dium praetereaque summam quadratorum duplo rectan- 
gulo incommensurabilem; quod erat demonstrandum. 

Definitiones tertiae. 

1. Datis recta rationali et apotome^ si tota qua- 
drata congruentem excedit quadrato rectae sibi com- 
mensurabilis; et tota rationali propositae longitudine 
commensurabilis est, uocetur apotome prima. 

2. Sin congruens rationali propositae longitudine 
commensurabilis est, et tota quadrata congruentem 
excedit quadrato rectae sibi commensurabilis^ uocetur 
apotome secunda. 

3. Sin neutra rationali propositae longitudine com- 
mensurabilis est^ et tota quadrata congruentem excedit 
quadrato rectae sibi commensurabilis^ uocetur apotome 
tertia. 

4 Rursus si tota quadrata congruentem excedit 
quadrato rectae sibi incommensurabilis^ si tota rationali 
propositae longitudine commensurabilis est, uocetur 
apotome quarta. 

5. Sin congruens ei commensurabilis est; quinta. 

6. Sin neutra, sexta. 



xa/] supra scr. m. 1 V. 13. Svvaxcci PV. Post yialBLa&a} 
Tas. 2 Utt. V. 15. sl V. 16. rj dh ZXri — 17. ^uvtrf\ om. 
Pb, m. 2 B. 16. dvvatai V. 19. 17] m. 2 B. xrii nqoa- 
ccQiioiovaTjt B, sed corr. (ante trJL ras. 1 litt-V ^Q» ^S'\iv»^%x^^'vi 
B, corr. m. 2. fijJTist] om. P. \i.iv\ svi^t^k, ^ct. xc. Y ^ . '^- 
^] m. 2 B. 24. -Qcc b- in ras. m. 1 P, 
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I Evf/Btv T^v }tQ{ozt]v anoToiijjv. 

I 'Exxeia&a ^^^1] i] A^ xal xy A (i^xh 0v(inBtQos 

^0r<o ij BH' Qtjrii aQa ioxl xal r} SH. xaX ixxsie&aaav 

5 dvo tezQtiycovoi agi&fiol ol ^E, EZ, av rj vJtegoxTi o 

Z^ (iTj lara TStgayavos' ovd' ap« o EJ Jtpog tov 

^Z Xoyov ex^i, ov rsTQaycavos aQi&fibg apog TSzgd- 

ytovov KQid-fiov. xal nsnotriOQei rag 6 EjJ itQoq tov 

^Z, ovTcog t6 aao t^s BH TSTQaycovov JTpog to anb 

10 T^s Hr TETQayavov avfiiiBTpov «pa ietl to aito T^q 

BH ta ajib r^g HF. pTjiov di ro «reo r^s BH' 

QYjtbv ttpK xal tb am Trjg HV' ^tjr^ aga iffri xal t] 

Hr. xal inel 6 E^ wpoj rov ^Z Aoyov owx £);£*, 

ov TSTQuyavos aQi&fibg srpog rerpayovoi' ttQi9fi6v, ovS' 

16 Kp« ro aab r^g Bf/ npog t6 aKo r^g HF X6yov Ix^i, 

iiv TBTQayavos aQi&fibs ngbg tEtQayavov aQi&jioV 

uavfiiieTQog aga iszlv -ij BH t^ HF ii^xti. xai tioiv 

tt(iip6t£Qai ^rjTai' at BH, HV UQa ^i/rai' slei 8vviiy.£i 

(lovov avftfiBTQoi.' 7] aQtt Br «jroroftT; iariv. 

20 Aiya S^, ori x«l jrpraTij. 

Sli yaQ jitrSdi' iOTi tb &ith t^g BH toij a;ro r^s 

Hr, iatm t6 aitb Ttjg &. xal iitsi iotiv ag 6 E^ 

TtQog Tov Zz/, ovTarg to aao trjs BH ZQog ro anb 

r^s Hr, xal avaBzQiilittvti UQa istlv mg o j4E «gbg 

25 Tov EZ, ovtmg rd ajro t^s HB jrpog ro aitb n^S ®- 

1. ns'] om. BFId. 3, ofjr^] m. 3 B. ^ijKn] om. V. 4. 

fffTfi)] faioi F, corr. m. 1; foroi fnJKti V. iaTiv P. BH] 

corr. ex HB V. 6. ^] m. 2 F. 6. JZ BVb. ovk FV. 

7. _.JZ] "Z J' F. 8. TiinoisiTffdffl F. o] m. 2 F. 10. 

MEpttyo)»o»'] om. V. aviifitTi/ot V, corr. m. 1. iniv V. 

11. HB F. HF] Bnpra Bcr. 6 b; ©r F, eed corr. {?). 

(ilyraV — BH] m. 2 B. 13. HF] in rae. V, corr. ex TJ 

^ i *. 14, agi&nos] om. Y. «(jiftiiov'^ ovb, V. 0^4^ 
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LXXXV. 

Inuenire apotomen primam. 

Ponatur rationalis A, et rectae A longitudine com- 

mensurabilis sit BH. itaque etiam BH rationalis est. 

et ponantur duo numeri quadrati ^E^ EZ^ quorum 

B r H dififerentia Z^d quadratus 

Al 1 I 1 1 .. r 

0^ , , , , numerus ne sit [prop. 

E Z A XXVm lemma I]. itaque 
E^:/^Z rationem non habet^ quam numerus quadratus 
ad numerum quadratum. et fiat E^ :^Z = BH^: HF^ 
[prop. VI coroll.]. itaque BH^^ HF^ commensurabilia 
sunt [prop. VI]. uerum BH^ rationale est. itaque 
etiam HF^ rationale est. quare etiam HF rationalis 
est. et quoniam E^ : ^Z rationem non habet, quam 
numerus quadratus ad numerum quadratum, ne BH^ 
quidem ad HI^ rationem habet^ quam numerus qua- 
dratus ad numerum quadratum. itaque BH^ HF lon- 
gitudine incommensurabiles sunt. et utraque rationalis 
est. itaque BH, HF rationales sunt potentia tantum 
commmensurabiles. ergo JSrapotome est [prop.LXXIII]. 
lam dico, eandem primam esse. 
• sit enim & = BH^-^Hn [prop. XIII lemma]. et 

quoniam est 

E^:Z^ = BH^:Hr\ 

etiam conuertendo [V, 19 coroll.] est 

JE:EZ = HB^ : &. 

uerum ^E : EZ rationem habet, quam numerus qua- 

dratus ad numerum quadratum; nam uterque quadratus 

FVb. 15. aqa^ supra scr. m. 1 V. HF} e corr. V. 17. 
BH] HB (f. 18. stciv P. 19. iatL V, comp. b, slct comp. qp. 

22. 9] in spat. 2 litt. 9. E^] JE Y. ^%. xW\r.ks\s. 

JZ BVb. 24. JE] m raa. m. 1 ^. 

JSuclides, edd. Heiberg et Menge. TIL. '^'^ 



6 Se ^E ^rpos Tov EZ ^oyov ixn, Sv titQayavos 
K^i&fiog Jtpoff t£TQttymvov aQi9ii6v ixttteQos yccQ te~ 
TQayavos iOTiV xal to itito ti\q HB UQa TCQog ro 
axo T^g & Xoyov ^X"* •^" «rpayrovos aQL&jibg izQog 
5 TBTQuyavov aQi&iioV ev^fisTQog kqu itlTlv ^ BH t^ 
@ [ii^xEt. xttl dvvatai ^ BH r^s HF fi£r£ov rw ano 
T^g &' il BH aQa Tijg HF \tellov dvvatai tn axo 
evmiitQov iavrfi /xijxft. xai iariv ij o/»j Ti BH avfi- 
fiiTQog T^ exxBiiiEvrj pJjr^ (i-^xsi ttj ji, tj BV &Qtt 
10 «;torofi)j ieti. repoJTij. 

EvQrjTUL aga r/ jtQaTi] reffoTofi^ ^ BF' ojtfp Effet J 
ftipfrv. 

wg'. 
EvQeiv T^v StvTdgav ditoroiiilv. 

15 'Exxsiad-a QijTrj tj A xai tg v^ nvjiiftfrpog fi^x£^,l 

57 HT. pjjT]) Bpa ^fftli' ^ HF. xaX ixv.t.i6^taaav Svo\ 
T6TQayaivot, aQi9-[iol ot ^E, EZ, mv ^ vtcsqoxji 6 zfZ. f 
ft^ eOt-o) TfTpKyravog. XKi Jt£3ro[^oS-(o mg o Z^ jrpos t 
z/£, oilTras To «jro T^g FH TitQayavov repos t6 utco t^* 

20 HB rtTQuyavov. avfi^iSTQov uQa iOrl to «jto rijg VH ti 
Tpfeyravoi' iw d%o rijg HB tSTQaymva. pijrov di tb diti 
rijg FH. qtitov aga [^«t1] xal t6 «Jt6 t^s HB' ^tjTii agi 
iarlv 7] BH. xal ijtsl to ano r% HT TttQaymvov nQog t(t 
(Jjro T^s ^B loyov ovx l%Ei, ov rsTQdyavog (iptS-fxos npof J 

25 TStQaymvov aQi&nov, daviifistQog eativ ij FH ttj if8J 
fMjxft. xa£ sletv diifpoTsgai Qrjtai' a[ FH, HB aQuM 

1. ilZjinras.V. PoatJldyi»' del. oijmF. 2. rfreoyiovofjjl 
TiiqdytovovF, aed corr, 3. ieii PBV, corap. Fb. aga] om. oj 
i. &] H0 b. 6. BH'} HB P. 6. t^s] r^ b. 7. ©. nj3 
©H b; HS. ^ F. 8. ttau/ijifTpov P, et eras. d- V, ^H 
(prins) om. BVb. 9. ftyt»] om. F. t^ A p^xn BV. ■-'^ 
— '1 — r- :^ flgura nt . 14. iijv] eupra Ecr. m. 1 P. 

:.; irv(i)itTpot foTm V. 16. ivtM 
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est. itaque etiam HB^ : &^ rationem habet^ quam nu- 
merus quadratus ad numerum quadratum. quare BHy® 
longitudine commensurabiles sunt [prop. IX]. est 
autem BH^ -^ HF^ ^ 0\ itaque BH quadrata ex- 
cedit Hr quadrato rectae sibi longitudine commensu- 
rabilis. et tota BH rationali propositae A commen- 
surabilis est. itaque BF apotome prima est [deff. 
tert. 1]. 

Ergo inuenta est BF apotome prima; quod erat in- 
ueniendum. 

LXXXVI. 

Inuenire apotomen secundam. 
Ponatur rationalis A et rectae A longitudine com- 
mensurabilis HF. itaque HF rationalis est. et po- 
nantur duo numeri quadrati j^E, EZ, quorum differentia 
^dZ numerus quadratus ne sit [prop. XXVIII lemma I]. 
et fiat Z^ : ^^ = TH» : HB^ [prop. VI coroll.]. itaque 
rW, HB^ commensurabilia sunt [prop. VI] uerum 
FH^ rationale est. quare etiam HB^ rationale est. 
itaque etiam BH rationalis est. et quoniam HF^ : HB^ 
j rationem non babet, quam 

numerus quadratus ad nume- 
rum quadratum^ JTif et HB 
longitudine incommensurabiles 
sunt [prop. IX]. et utraque 
rationalis est. itaque rfl, HB 



B r H 

I 1 1 



E 



xal 7j P. 17. tBtQdymvoi] om. P, ins. m. 2 ante dvo. 6] 
i} V. 18. ninoLsMto F. JZ FVb. 20. aviiiiBTQog P, 
corr. m. rec. 21. rBtQocymvq)'] om. V. 22. iati] om. BFVb. 

26. iattv] aQa ^ iativ (eic) b, &Qtt iativY; uQa add. m, 2. ^. 

HB] BH BF. 26. jLtTjKefc] e cotx.^. U^^ ^ ^ot^.^ . 

KQCcj om. Fq?. 
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pjjiKt siai, duWfiEt itovov OvfifiETpof ij BF a^a dm 
TOfwJ iexiv. 

Aiya d^, oxl koI btvriQtt. 

!fJi yofp tt.sl%6v iaxi xb axo tijs BH roi; kwo rijg 

5 Hr, Sexa x6 ano xjjg &, ^asl nvv iaxiv rog x6 Kito 

r^S BH Tipog xb aaro xijs HF, ovzots 6 E^ api&yi.bg 

mpog Tov A7. ttQi&iiov, avaiSxpiipKVTi aga eOtIv lag 

x6 aico f^s BH rcpog tb aitb r^g @, ovtas 6 jdE 

Kpog roi/ EZ. xaC iSTiv exktbqos xav dE, EZ xe- 

10 tgdyavos' tb «pa ajib xiig BH Jipog xb dxo xijs & 

AoVov ^X*') t*" rETpayraros aptd^ftog ffpos tEtpdycivov 

aQi&fiov' SvnfiExffog aga iuxiv ri BH xij & ^Tfxei. xal 

Svvttxai rj BH r^s HF fiEi^ov Tm aao tijs &iiBH 

KQa i^s Hr (tEt^ov dvvatttt xa djtb evftpkiTQOv iavr^ 

15 ftjjxft. xat iffTiv 7) jrpoeo;pfAogou<fa 15 FH t^ ixxEi^ivTj 

^^xfi (Svii[i£tQos tjj jd. 7] BV aQa ««orojtij idtt dsvtiQtt. 

EvQtjtat uQa SsvtiQa ditoxoitij i) BF' oheq eSei 

dEt^tti. 

20 EvQEtv triv xQtxrjv Kitoxofii^v. 

'ExxEief^a QTjtii ^ A, xal ixxEie&aaav ipfts dQi&fiol 
q[ E, Sr, FA koyov (i^ E%ovtEg ropog dkkriXovg, ov 
xsTQayaiios dQi&[ibs irpog XETQayavov agt&fiov, Sh 
FB itQog toi/ BA Xoyov i%iTa, ov tExQttyavog aQi&fibs 

2. iati PBV, comp. Fb. 8. fl^] om. V. S. aQi&jioei 
om. V. 7. a(ti9fi.6v'] om. V. 8. oBhds] u rtov (corr. ex 

■co) V. d] anpra acr. F. ^El EzJ F. 12. JffTiv] ^ori 
p^Mfi V. fnjxei] om. FVb, m. 2 B. ««1 aiivartfi] m. S 
BUpra aet. B, -tivo- in ras, V, na^ioitvPb, Bm. 1. 13. fii/£av 
Fb et B, aed corr. m. 2; seq. raa. 6 Htt. V. xa] in ras. m. 
1 B, tou b. t^g] om. V. ^ BH — 14. <!Vfi.jifigav] mg. 
m. 1 Y (evfi/ihfov etiam ia teirtu), 14. «on/ifitipou b, corr. 
nj. rec. XS. ovfi/ifTgas tji liixEi|j.tiiT] ^t^\\ Tkaon [BFVb). 



1 
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rationales sunt potentia tantum commensurabiles. ergo 
Br apotome est [prop. LXXIII]. 

lam dicO; eandem secundam esse. 

sit ejiim ®^=Br»-^Hn [prop. XIII lemma]. iam 
quoniam est ^^2 . j^j^2 _ ^^ . ^2, 

conuertendo [V, 19 coroU.] erit BlPi&^ = ^EiEZ. 

et uterque ^dE^ EZ quadratus est. itaque BH^ iS^ 

rationem habet^ quam numerus quadratus ad numerum 

quadratum. itaque BH^® longitudine commensurabiles 

sunt [prop. IX]. et BH^ -:- HF^ = ®\ quare BH 

quadrata excedit HF quadrato rectae sibi longitudine 

commensurabilis. et congruens Tff rationali propositae 

A commensurabilis est. itaque BF apotome est se- 

cunda [deff. tert. 2]. 

Ergo inuenta est apotome secunda BF; quod erat 

dem onstr andum. 

LXXXVII. 

Inuenire apotomen tertiam. 

Ponatur rationalis A^ et ponantur tres numeri E^ 
BF, FA rationem inter se non habentes, quam nu- 

merus quadratus ad numerum 

I ' quadratum; FB autem B.d B^ 

f I z[ rationem babeat^ quam numerus 

, ijj^ quadratus ad numerum quadra- 

, , jB tum, et fiat E:Br=A^: ZH^ 

^ . p [prop. XXVIII lemma I], et 

BF: r^ = ZH^ : H&^. iam quon- 



-I 



16. /LtTJxct rij A Bb, rp A ilt^hbi V. «9«] a^a ^??rw P. 

^cxiv PB. 17. «9« 1? V. JSr] 9 (de P non liquet), <wt%^ 
i^Bi 8BiiaC\ 9 et comp. P, o«€q Idet E<t>Q%lv ^ ^ wsi,^^^, ^^ 
«g' P (euan.). 21. ^ ^ijtjj ^ P. ^^. VS\ ^wt. ^^ ^ \o..n.^ 

24. FB] corr. ex Fd m. xec. \). 
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srpos TsrQttyavov aQid(i6p. xal nBXot^ed-cn atg fih/ 6 E 
jrpos ro* Br, ovtag t6 anb zijs A xhx^a.Yavov Jtpog 
10 Kreo-T^s Z/f tsTpdyavov, ros ^^ o -Bf itpos t6* 
fi4, ovrtos To «JTo T^s ZH «TpaToivoi' jrpoe t6 kito 
5 t^s H&, inel ovv ^otiv g>s o E Kpog x6w BF, ovrois 
t6 «reo r^s -^ TETpayrayov wpos t6 njTo t^s Zii" «- 
tgayavov, Gv^fiBtQov aga iGTl ro kjto t^? ^ TfTpa- 
ytowoi' r^ ano t^j Zif tsTpaytovo}. Qtjtov di to anh 
T^ff A recQoc-yavov. Qtjtbv aga xal tb anb t^s Zif- 

10 pijTi) Kpa ^Otiv ^ ZH. xttl iml 6 £ Jtpos t6v BF 
loyov ovx £X«) 01' TJTpayojfOs aQi&fibs npbq rsTQaycjvov 
dQi&(i6v, ovS' aga t6 «Jto t^s ^ tstQuyavov 3tp6s ro 
«jro T^s Zif [rfTpdyioKot'] /«'yow Sx^i, ov rsTQaywvog 
aQi&fibe JTpos tsrpayavov kqi&{i6v aevfifiBtQOS aga 

16 eCtlv 1} ^ t^ ZH fi^^xsi. ndliv, dnBi ictiv tos 6 BF 
n:p6s tbv PjI, ovrojg to ditb r^g ZH rsTpdyfovov arpos 
t6 ajr6 t^s H&, evfinetQov «pa istl tb dnb rijs ZH 
Tto kjt6 t^s ff®- ^rjtbv dt t6 «jio t^s ZH' ^j/tov 
KpK xai t6 anb tijs H&' ^i^r^ aga iotlv j/ H&. xal 

20 insl b BP Jtp6s Toi' Fz/ Xoyov ovx S%si-, ov tstQd- 
ycavog aQi&jibs Jtpos TfTpaytacov «p('9'jiOJ', 'ovS' aQtt 
t6 KJto T^s ZH JTpog t6 «jio t^s H& 2.6yov ^%Bi, ov 
xsxQaycavos api&jios Jtpos tttpdycovov «pt^fioV aevft- 
fifTpos «pK ietlv ti ZH Tj] H& fitjXBi. xai siaiv «/*- 

25 cp6rBQai Qfjttti- af- ZH, H® aqa pijTwt Biei SvvdfiH 
(lovov 6vii(isrQ0i' dnotoftii aga iotlv ^ Z©. 
Aiyai dij, oTt xai Tpiri}. 

'EtcsI yd^ iettv ws ft^f 6 E npbs Tor BV, ovxcJS 
xb dnb T^s ^ tBtQayatvov Jipos t6 kbo t^s ZH, Ag 
^. 4. ZH\ corr. ei AK P. 6. A tiijb- 
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iam est EiBF = A^iZlP, j^ et ZH^ commensura- 
bilia sunt [prop. VI]. uerum A^ rationale est. itaque 
etiam ZH^ rationale est. quare ZH rationalis est. 
et quoniam EiBF rationem non habet^ quam numerus 
quadratus ad numerum quadratum, ne ^^ quidem ad 
ZH^ rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque ^, ZH longitudine in- 
commensurabiles sunt [prop. IX]. rursus quoniam est 

ZH^ et H@^ commensurabilia sunt [prop. VI]. uerum 
ZH^ rationale est; itaque etiam H@^ rationale est. 
quare H® rationalis est. et quoniam BF: F^ rationem 
non babet, quam numerus quadratus ad numerum 
quadratum, ne ZH^ quidem ad H& rationem habet, 
quam numerus quadratus ad numerum quadratum. 
quare ZH^ H@ longitudine incommensurabiles sunt 
[prop. IX]. et utraque rationalis est. itaque ZH, H@ 
rationales sunt potentia tantum commensurabiles. ergo 
Z0 apotome est [prop. LXXIII]. 

lam dico, eandem tertiam esse. 

nam quoniam est E:Br= J^iZH\ BT^r^ = 
ZH^:@H\ ex aequo [V, 22] E:r^ = A^:@H\ 

tQayoavtp] om. V. dil iariy add. $i m. 2, V. 9. TCT^a- 
ymvovl om. V. 12. ovdi b. 13. xstQccymvov] om. P. 15. 
T^] corr. ex ti]g B, trjg F. 16. tdv"] om. B. 17. H0] e 
corr. F. 18. tai] nQog to Fb. qriftov — ZH] mg. m. 1 V. 

19. &qa xa/] in ras. V. ^i?t^ — H&'] mg. m. 1 F. iaxCv] 
om. b. 21. ov8i b. 22. t61 (alt.) supra scr. m. 1 F. H€i] 
H eraa. V. 24. ZH] HZ F. 26. at — slai] mg. m. 2 B, 
in textu at slai, slaiv P. 27. tgCtfj] corr. ex (rjtri m. 1 P. 

28. ovt(o B. 
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di o Br jrpog 101- r^, ovrag ro anb Tijg ZH tiqos 
10 «Jto i^ff ®H, 8l i'eov «pa iSTlv a>s o E HQos rov 
r^, ovrcjs To «310 r% ^ sipos ro cimo r^g ©if. 6 
tfs E repog Tov r^ AoVo» oijK iz") *''' Tcrpaycoiios 
6 B^i&fiog 3ip6s laTpaj^ravov cept&fiov' ovd «pK ro rjto 
t^g v^ Jtpog To Kjro r^s i:/© AdyoK i^x^t, ov tizgayiavos 
aQi&fibg jTpoj Tfrpa^^tovov apiJ&^oV' aavfifietQog Spu 
1} A Ty H& fi^Hct. ovSsriQa apu rtov ZH, H@ avfi- 
[tETQog lOTi xri ixxci^BVi] pi^r^ zfj A ftTjxa. lo ovv 

10 fiEf^di' ^ffrt TO axo t^s Z/f rojj a;to T^g iJ0, ^ffTto 
TO «JTo r);s JT. ^JlEi oui' iOTiv mg h RV stpog rav FjJ, 
ovTag zb kjto t^s Zif Jtpos to «jio t^s H&, avaarqi- 
^avzv aqa iorlv rog 6 BF rapog tov S.^^, ovtos t6 
(Jjto TJjg ZiJ TfrpKywvor repog ro KJto r^s K. 6 3h 

15 -Br" Jtpos TOi' B^ koyov exbi, ov rtrQayavos aQi&fiog 
aQog TETpttyavov api^fiov xal ro areo rijs ZJi" apH 
jTpos t6 KJto zijg K Ao^jjov i%ci, ov TSTQaymvos aQi&fihg 
jrpog TETQayiavov aQi&fiov. CvfifisrQOs &Qtt iazlv rj ZH 
zij K {iijxii, xal dijvaxai ij Zif r^g H@ ^ti^ov ra 

20 aito evfk^BZQOv iavzfi. xal ovSeriQa tcov ZH, H@ 
evfifiEZQOs isTi ry ixxufiivri ^ijt^ t^ A fnjxii.' ij Z& 
Kpa aitoroft^ iort Tpirj;. 

EvQrjtat aQa 17 xpiTij anoTOft^ r] Z®' ojtfp Itfet 
SEtlat. 

25 "'!'■ 

EvQsiv zriv TBzaQrriv areorofnjv, 
'ExxEieQiD ^jjT^ ^ A xal t^ ^ [lijxEi OvfifisTQOS 
^ Bif' pTjT^ apK iozl xat ^ Bif. jckI ixxtia^iaaav 
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uerum EiF^ rationem non habet, quam numerus qua- 
dratus ad numerum quadratum; itaque ne A^ quidem 
ad H@^ rationem habet, quam numerus quadratus ad 
numerum quadratum. quare A^ H0 longitudine in- 
commensurabiles sunt fprop. IX]. itaque neutra recta- 
rum ZHj H& rationali propositae A commensurabilis 
est longitudine. iam sit ZH^ -^- H®^ = K^ [prop. XIII 
lemma]. quoniam igitur est BFir^d^ZH^iH®^, conuer- 
tendo [V, 19 coroll.] est ^r : JS-^ = ZH^ : KK uerum 
BFiB^ rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque etiam ZH^iK^ rationem 
babet, quam numerus quadratus ad numerum quadratum. 
quare ZH, K longitudine commensurabiles sunt [prop. 
IX], et ZH quadrata excedit H@ quadrato rectae sibi 
commensurabilis. et neutra rectarum ZH, H@ rationali 
propositae A longitudine commensurabilis est. itaque 
Z@ apotome est tertia [deff. tert. 3]. 

Ergo inuenta est apotome tertia Z®; quod erat 
demonstrandum. 

LXXXVIII. 

Inuenire apotomen quartam. 
Ponatur rationalis A et rectae A longitudine com- 
mensurabilis BH, itaque etiam BH rationalis est. 

litt. V, corr. ex BE F. rov] om. P. Fd] eras. V, corr. 
ex rr m. 1 b. 12. t6] (alt.) supra scr. m. 1 b. 13. Br] 
corr. ex FB V. 16. ngog] ngov P. 16. &Qa] supra scr. F. 

19. T^ X — ^^ZH] mg. m. 1 P. Post (isCtov add. Theon: 
To5 dno Tijg K, 71 aga ZH TTJg HG jnetjov dvvatai (BVb, F 
mg. m. 1). 23. rj] om. FV. t^JTt?^] om. F. onsg idsi^ 
dst^ai] comp. P, om. Bb. 24. ^etl^xt^ ev^^Cv "^ ^, 'fib, iCC 
F, et sic deinceps. 27. fi^*«*^ "b.* ^l^. olq ^ , ^^x>t.^. ^- 

Jffr/r PBV. xat] (priua) cott. ex -^tt ^, om.^S^ . 
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dvo agi&iiol oC ^Z, ZE, aSrs tov z/E oXov jrposr"' 
ixazegov tidv AZ, EZ ?,6yov ftij SxHv, ov «Tpayowos 
Kptfl-ftog Jtpog TETQdyGivov ttQt&fiov. «al itenonjed^Ci» 
<os o ^E npog roi' EZ, ovrrag %6 axb zijg BH te- 
B rfiayavov Jtpog ro aao Ti;g Hr'" ffiififtstpov «pa isrl 
ri ajco rijs BH xa ano T^g HF. pijrdf 5* rb ano 
r^S Si/" QTjrbv apa xai to «jto r^s J^f' pijiij apa 
^ffriv ij Hr. xal i%tl b ^E ngbq rbv EZ i.6yov ovx 
i';i;«, 6v rsrgayaivog aQt&fibg Jipos tirQaymvov agi&fiov, 

10 ovd' «pa T^ Kjro r^g Bff arpog rA axb r^g ifr Adj^ov 
^3;«, av rerifayavos cptdftog Spos ifrpaywyor api&fi6v 
aavftfiBTQOs UQtt iarlv rj BH rij HF ftjjnft. xai Eitfiv 
afitpoTEQai ^Tjtai' aC BH, HF aqa ^i/tat eiei dvviifist 
(idi'01' ffuftfierpof ajroroft^ efpK ^ffrij' ij BF. 

15 [vi/yoj d^, OTi jtai TerapTij]. 

iJ[ ovr (ifEtdv ^ffit To ajro T^g BH roO «jro r^g 
/zr, ^arco TO «jco T^s ®. ixEi ovv isrtv as 6 .dE 
stpbg Tow £Z, ovTfag To ajro T^g BH^ Jtpo;; to aJio 
T^g Hr, xal avaOrpiiltttvri apa iarlv eig 6 E^ JEpog 

80 Tov iiZ, oCrws To asro T^g if-B Ttgbs to an:d t^s ®. 
6 Si E^ Jipog Tiv ^Z Xoyov ovx ix^i, '6v TBrQuyiovos 
api-S^ftog Jipog TETpayai^oi' aptS-fioj'* ovS^ aga t6 ajril 
T^S HB jrpos To aJiA rijs ® loyov ixEt, ov tErgdytovos 
KQtd-itbs Jipdg retQttyciVOv aptd^ftdv affvftftfrpog aga 

25 ^ffrii' 57 BH rij @ (itjxfi. xal dvvarat ij BH t^s HT 
fici^ov Tco ajid T^s ©■ ^ aga BH rrjs HF (ist^ov dv- 
varat ra anb aav(inErQov iavtii. xuC iariv oltj 7} BH 

2. EZ] eraa. V.« pij] om. ip. 4. to»] ing, m, 1 P. 6. 
steos] om, ip. Hri BT supra acr. H b. ^ut*'* P, et V 
deJ. 3>. 8. le-zlv\ lez\ *al FV. 9. jigos — 10. r^s (^riuB)] 
oni. ip lacana reJicta. ■ 9. cei&^i.o»'! om. V. 10. ovSi D. 
11. aei»/iiis] om.Y. Keta-fi6r]oin.V. Vi.. UTb"\ tj-oi. l^T. 
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' -^ — -jj et ponantur duo numeri JZ, 

ZEy ita ut totus ^dE ad 



J Z E utrumque ^Z, EZ rationem 
non habeat, quam numerus quadratus ad numerum 
quadratum. et fiat JEiEZ = BH^iHr^ [prop. VI 
coroU.]. itaque BH^^ HF^ commensurabilia sunt 
[prop. VI]. uerum BH^ rationale est. itaque etiam 
Hiy rationale est. quare HF rationalis est. et 
quoniam JEiEZ rationem non habet, quam numerus 
quadratus ad numerum quadratum, ne BH^ quidem 
ad HF^ rationem habet, quam numerus quadratus ad 
numerum quadratum. quare BH^ HF longitudine in- 
commensurabiles sunt [prop. IX]. et utraque ratio- 
nalis est. itaque BH, HF rationales sunt potentia 
tantum commensurabiles. ergo JSTapotome est [prop. 
LXXIII]. iam sit ®^ = BW-^ HF^ [prop. XIII lemma]. 
quoniam igitur est JEiEZ = BH^ : HF^j etiam conuer- 
tendo [V, 19 coroll.] est EJiJZ^BH^:®^ uerum 
E^ : /tZ rationem non habet, quam numerus quadratus 
ad numerum quadratum. itaque ne JSif^ quidem ad 0^ 
rationem habet, quam numerus quadratus ad numerum 
quadratum. quare BH^ ® longitudine incommensura- 
biles sunt [prop. IX]. est autem BH^ -^ Hiy == ®^. 
itaque BH quadrata excedit HF quadrato rectae sibi 

JBH] firi tp. ftifxat] om. FV. %ui — 13. ^T^ra/] mg. m. 
1 V. 18. bIoiv P. 14. aviifiixQOv ovx qp. Br] B e corr. <p, 
J5H P. 15. XsycD — rsTciQtri] om. PB, nai qp. df] om. V. 

17. iatLv] om. V. 18. ngog tov EZ] tov oino t^g EZ b, 
corr. mg. m. 1. ngog v6] tov b. 19. HF] H in ras. m. 
1 B. dvaatQSiffat tp. 20. tov] om. P, t6 b. BH V. 21. 
EJ] J in ras. m. 1 B. 22. ovds Vb. 24. oL^\,%\iL(i'»\ ^\a.. ^ . 

aqa] in ras. V. 26. JB H^ (a\t.^ muV. Vii H^ ^ ^ 15^^ "^l^ 

27. ovfifiitQov b, corr. m. xec. lavx^ ^k^%\ '^. ^ oVt\tv^ • 
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SVfijieTQog rfj ixxtifi^vij ^^t^ (i^^xti tfj A. 7j ccpa B. 
R7cozo[i^ iari rBT(iQTi}. 

6 EvQtiv Tijr itiitJtrTjv dxorofirjv. ^^ 

'Exxsia&a} (Sijrij ^ A, xal t^ A (iTjxei. svfifitrQos 

Serai rj VH' ^ijrij apa [^iatlv'] f} FH. xal ixv.Bi6&(itOa.v 

Svo uQi^fiol of .i^Z, 2.E, (offTs rdv AE Tt^os ^xdtsQov 

rav .dZ, ZE Xoyov xdXcv /iij ix^iv, ov rirQayfavog 

10 dgt^fios rapos TBTQKyavov dpt&fiov xul WEffotijff'?» 
rag 6 Z£ jrpog tov E^, oOrmg t6 dno r^g Fif Jtpoj 
t6 dito t^s HB. pjjrov «pK xal t6 kjto t^s i/-S" 
pijT^ ap« ^Bt! jtffl ij BH. xal ixBi iariv los o jJE 
jrpog toi' £Z, ovTMg t6 «310 r^g Bif ngbg ro «;r6 r^s 

16 HF, o 6b ^E ngog rov £Z i.6yov oiix Ixei, ov ze- 
Tpdyavog dQi&(ios XQog TEtQayavav agi.9y.6v, outf' 
«pa To dnb rrig BH a^og to dao r^g HE Xoyov s'j;«, 
ov TfrpKj^ratos dpi9{i6g TCQog tBrgdyaivov kqi&[i6v 
aavfifiBrgog aQtt iatlv tj BH rij HF (f^XBi. xai eiatv 

20 d(t<p6rBQai pijrat' aC BH, HF &q« QijTai bIgi dvvdfiBt 
(i6vov av(i(i£tQ0f 5j Br aga «aorofii) iariv. 
Aiyia dij, ort xftl ni(i,mrj. 

^Sli yccQ fiBl^ov ieri to dito ttjs BH row «3t6 r% 
Hr, ieTca t6 «;t6 r^g &. i^Bl ovv ietiv ag t6 ditb 

26 t^g BH Kpog t6 a3t6 r^s ifJ', oOrrag 6 ^E «poff tow 

l.BrasaB. Z. lnTtvF. 3. i]] «ttl )] F, i^ B T B. 5««« 

riJii dfiiai] eomp. P, om. BFVb. 7. lariv] om. P. 8. 

ZEJ EZ F. ^E] ^E in raa. V. 9. tmv] lov <f. vdXiv\ 

om. Fb. 10. nmoiela^m F. W. iov"l otn. P. 12. Post 

-ff£ add. atifi/ifTeov afa ioil lo «Jtb tT|S Hr l^rH"^') i^ k-A 
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incommensurabilis. et tota BH rationali propositae 

A commensurabilis est longitudine. itaque BF apo- 

tome est quarta [defiF. tert. 4]. 

Ergo inuenta est quarta apotome; quod erat de- 

monstrandum. 

LXXXIX. 

Inuenire apotomen quintam. 

Ponatur rationalis A, et rectae A longitudine com- 

mensurabilis sit FH. itaque FH rationalis est. et 

_^ ponantur duo numeri ^Z, ZE^ ita ut 

^E rursus ad neutrum numerorum AZ^ 

ZE rationem habeat^ quam numerus qua- 

_„ dratus ad numerum quadratum. et fiat 

ZE:E^^rW:HB\ itaque etiam HB^ 

rationale est [prop. VI]. quare etiam 

@ BH rationalis est. et quoniam est 

^EiEZ^^^BWiHr^ et AEiEZ rationem 

non habet; quam numerus quadratus ad numerum qua- 

dratum, ne JJH^ quidem ad Hiy rationem habert, quam 

numerus quadratus ad numerum quadratum. itaque 

BH, Hr longitudine incommensurabiles sunt [prop. 

IX]. et utraque rationalis est. quare BH^ HF ra- 

tionales sunt potentia tantum commensurabiles. ergo 

BF apotome est [prop. LXXIII]. 

lam dico, eandem quintam esse. 

sit enim ^ = BW -^ HI^ [prop. XIH lemma]. 

quoniam igitur est 

BH^:Hr^^^E:EZ, 

xriQ BH. ^Tjxbv ds to dno Trjg TH b, mg. FV. ^Jixov — HB] 
mg. V.^ ^ oiQa ~ 13. ^t^ti}] om. P. 16. KF] F in raa. V. 
16. ov8' aqci] ovds P. 18. T«T5ay<ovo'v'^xfcx^tt'^ci'»o<^\i^^^^^^'^- 
21. iari B V, comp. F b. 25. HT — -^. '^IQ, V, ^TlV^a.^-^^^ 
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EZ, aveiazQd-^ttVTi icqu ietlv ag o E^d JtQog toi' A^^ 
otiTOJs ro &%h rf/s SH xqos t6 ajto t^g &. o di EA 
jipos tov AZ Xoyov ovx ^x^i, Sv tEtpuytavos «piO-fio? 
jtpos tarpayavov apid^iiov ovS' aga to aao i^g BH 
5 jrpA; to C3i6 r^s ® ^oyov f^a, ov TErpKyiovos api&fios 
ir^og TSTpayavov aQi&fiov affi5(iji£rpog Kp« torlv ^ 
BH Tji & (irixii. xal SvvaTai nj BH r^g Hf fiiEgov 
rp ano tijg &■ rj HB clga T^g HF [ibT^ov dvvoTai 
rp anb aav^fiizQOV iavtfi ^ifxft. xai iativ jj jrpoff- 
10 aQfio^ovaa f] FH avii{ittQos tfj ixxniiivT] p»jt^ zy A 

-EtipiiTKt Kpn ^ niiinTj] d^ozofiij ri BF' o«ip Itffi 

. .. M 

16 EvQhtv zi\v i-KTT\v KicoTOjiriv. ^B 

'Exxiia&at pjjt^ ^ ^ x«i ZQBtg aQi&^ol o£ E, BP, 

r^ k6yov fiij f'xoj/rfs repog a^hjlovg, ov zetQayavog 

aQi&[i.o3 ;rp6g tEtpKyravoi/ «pi3'ftdi'" ^tt tf^ jtc! 6 TB 

jipos rov B^ loyov (i^ ^z^^") ''^ rfrpKj-wvog aQi&nos 

20 srpos tErpKytoi/ov Kpt^ftow xk! jtf;ro(ijff8'cj wg (t*f 6 
E jrpos tor BF, ovtws to ««6 t^s A ^qos ro K3r6 
r^g ZH, tog di 6 BF jrpog tov FA, ovttDS ro «jro 
t^S ZH Jtpog To «jro r^g H@. 

'Enfl ovv iariv rag 6 £ jrpos tor BT, oiJrag ro 

2& «jro T^s '^ jrpos ro «iro r^j ZH, avfifiBtQov «Qa ro 
ffjro r^s A rra «jto i^g ZH. pfjtov dh z6 dm tijg 
A- Qijzov KQa xal zb diib r^s ZH- pijr^ «pa iffrl xal 

BFb. EJ] JE P. 
JiB BFV. nn:£H,t 
parai] om. V. 9. auufi^Erpi 
dvraTat V. 10. Posfc rH 
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conuertendo [V, 19 coroll.] est EJiJZ^BW:®^, 
uerum E^ : ^Z rationem non habet; quam numerus 
quadratus ad numerum quadratum. itaque ne BH^ 
quidem ad S^ rationem habet^ quam numerus quadratus 
ad numerum quadratum. quare BH, @ longitudine 
incommensurabiles sunt [prop. IX]. est autem 

BH^ -i- Hr^ = @\ 
itaque HB quadrata excedit HF quadrato rectae sibi 
incommensurabilis. et congruens FH rationali pro- 
positae A longitudine commensurabilis est. itaque 
Br apotome est quinta [deff. tert. 5]. 

Ergo inuenta est apotome quinta JJJT; quod erat 
demonstrandum. 

XC. 

Inuenire apotomen sextam. 

Ponatur rationalis A et tres numeri E^ BF, F^ 
inter se rationem non habentes, quam numerus qua- 

^i , dratus ad numerum quadratum; et 

praeterea ne FB quidem B,d BA 

rationem habeat, quam numerus 

quadratus ad numerum quadra- 

tum. et fiat E:Br=A^: ZH\ 

B d r BrirJ = ZH^:H®\ 

iam quoniam est E: BF = A^ : ZH^, erunt A^y 

ZH^ commensurabilia [prop. VI]. uerum A^ rationale 

est. itaque etiam ZH^ rationale est. quare etiam 

12. 07CSQ ^dsi dftjat] comp. P, om. BFVb. 16. avyasla&a) 
B, corr. m. 2. Post E eras. B F. 18. rB] supra add. 
rj^ B; Br V. 19. BJ] corr. ex BT m. rec. F. 20. ns- 
noija&a) P, sed corr.; nsnoisla^at F. itisv 6] 6 [isv V. ^. 
ToV] om. B. 23. H@] @H b. "L^. ^^xov — Yl. XTiX 
mg. V. 27. «a/J icrl xat BFb. Icxiv ^^. 
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Tj ZH. xal iatl 6 E apos tov BF ioyoi' oiJx Ijji 
ov Ttrgiiyavos ugi&nvg repog Tsrgayavov ugL&(i,6v, 
ovd aga ro aico i^g A irpog ro «jro r^g Z// ^oyov 
i%Bi, ov tttpttyavos api9(tbs itffbg tiTgdyaivav dffi&ftov 
6 aavnfifTpos UQa iotlv ^ ji tjj ZH jtrixtt. jzdliv, ixti 
ioTiv ag 6 BF repoff rbv Fd, ovrag zb arco t^g Zif 
nqbg ro anb rijg H&, avfifiEtQov aga tb dab tijg ZH 
rra dab r^g H&. ^tjtov di i6 «Jio r^g Zif" pijrov 
aga xal rb dnb tijs H&' ^i;t^ aga xal ^ H&. xal 

iri dasl b BF ffpog tbv F^ Xayov ovx ix^i. ov tsTgdyajvos 
ttpt&jios Jipos rerQttyavov dptd^ov, ovd' wpa tb dnb 
T^g Zii jrpog xo aJTo tijs H& Aoyov ^xei, 6v TErpa- 
ytavog aQi&iibs Jtpog tiTpaycovov aQi&fiov aavfiiiEtQos 
ttQtt iatlv ij ZH r^ H® pifxft. xat ilai.v a^qoorfpai 

15 pjjTDTi' ttf ZH, H® aga ^rjtai eIoi 6wdfi,Ei fioVoi' ffvft- 
fittgof T] aQtt Z® dnoTOfi')^ iazt-v. 
Aiyco 5iJ, OTt xal txtij. 

'EtieI ydg ieriv i^g ft\v 6 E JtQOs ror BF, ovrraff 
t6 «;ro t^g A irpos tb dxb ti]s ZH, ros 6b 6 BT 

20 jrpog Toi' r^, otinag t6 «sro tijs ZH TtQog to dnb tijs 
H@, dt' Caov aga i6rlv tbs o E hqos rbv FjJ, ovTcag 
rb dab i^j A jrpdg t6 kMo f^g H&. 6 dl E rep6s 
Toi' r^ loyov ovx i^Et, ov rsTQdyasvos aptS^fios srpog 
TETQayB>vov ttQt&fiov' ovS aga to «iro rijs A itQOS 

25 t6 dxo tijs H® Xoyov ^xsi, ov tsrQayaivog dQi9(ibs 
jtQCS TStQttycovov KQid^fioV davfifiEtQos aQa iariv ij 
A Tij H® fiijxfC ovSstiQa ttQU rcov ZH, H& evfi- 
(isTQOs iari ry A ^»)r^ fi^xEt. a ovv fist^ov iart 



1. HZ P. 8. ov3l Vb. 5. lari Y. A} K ip. ™J 
f:^f F. e. T! Br Wfoe T^v B. 7. optf iaxC V. 11. oiii V. 
16. ^ftfitTgoi /lovov V. 16. ioTi BN, nowe- 5\i. 17. S^} 
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ZH rationalis est. et quoniam E:Br rationem non 
habet, quam numerus quadratus ad numerum qua- 
dratum, ne A^ quidem ad ZH^ rationem habet, quam 
numeriis quadratus ad numerum quadratum. itaque 
A^ZH longitudine incommensurabiles sunt [prop. IX]. 
rursus quoniam est 

Br:rJ = ZH^:He\ 
ZH^ et H&^ commensurabilia sunt [prop. VI]. uerum 
ZH^ rationale est; quare etiam H@^ rationale est. 
itaque H0 rationalis est. et quoniam BF : F^ ra- 
tionem non habet, quam numerus quadratus ad nu- 
merum quadratum, ne ZH^ quidem ad H&^ rationem 
habet, quam numerus quadratus ad numerum quadratum^ 
itaque ZH, H0 longitudine incommensurabiles sunt 
[prop. IX]. et utraque rationalis est itaque ZHj H@ 
rationales sunt potentia tantum commensurabiles. ergo 
Z0 apotome est [prop. LXXIII]. 

lam dico, eandem sextam esse. nam quoniam est 
E:Br=A^:ZH^, BF^rj = ZH^:H@^, ex aequo 
[V, 22] estE:rJ = A^: H@^. uerum E : F^ rationem 
non habet, quam numerus quadratus ad numerum qua- 
dratum. itaque ne A^ quidem ad H®^ rationem habet, 
quam numerus quadratus ad numerum quadratum. quare 
A^ H@ longitudine incommensurabiles sunt [prop. IX]. 
ergo neutra rectarum Z if, H@ rationali A commensu- 
rabilis est longitudine. iam sit K^ = ZH^-^H@^ [prop. 

supra scr. m. 1 P. 21. iatlv agcc F. 24. ov8' — 26. 

ccQid^pLOv] mg. m. 2 B. 24. ovd* aga] ovdi b. A] A aqa b. 
25. H&] mut. in 0H m. 2 V, 0H b. 27. ovtfcra^a a^a\ 
Hal ovdsTSQa BVb. 28. tjI A ^ijt^] zn lY.Y.%v^%'»'t\ ^w<x "v^ ^ 
b et 8 corr. F (post A del. '^tjt^V 9\ oi'^'^. '^^A ^"^ ^ ^ 
corr. m: 2. 

EuclideBy edd. Heiberg et Menge. IXL. "^"^ 
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t6 KJto Ttjs ZH Tou «Jio T^s H&, iSTCO To dito Tt;g K. ■ 

intl ovv iexLV ms o BF jrpog tov Fz/, oiirtos ro «ffo 

rijg ZH n$6s tb aao t^s H&, avaazQEiiyavTi uqu iartv 

ag FB ffpog TOi' B^, ovTmg ro aitb i^s ZH n;p6s 

5 t6 «Jto tijg K. S^ FB irpos t6i/ 5^ Aoyow ovx 

*3;s(, {iv Tfrpayoivog ftp(3f(6s Jrpos ThTQuyavov aptffftov 

ovd' apc To KJTO T^s Zif Jtpos ro a3r6 r^g K Koyov 

Ix^t, ov ritQKyavog dgi&iibs npoj rfTpKVwov agi&ftov 

aav(in£Tgog «pK iatlv ij ZH rfj K ^rjXBt. zal Svvarai 

10 ^ Zlf T^g ff® (iBt^ov Tco K;t6 r% JC" i} ZH a(/a t^g 

H& fi€t^ov dvvarat rro kjto devfiftiTeov iaimij fi^x£(. 

xal ovSttiffa tiov ZH, H& Ot-fifierpds iari. ttj ixxsi- 

ftivTj ^TjT^ ft^xit ry A. i\ wpa 20 cjroTOftT) iativ Exrtj. 

EvQTjTat aQ« 1} SXT7I «;toTOfi»; ^ Z0" owfp iStt 

qa'. 
"Ettv x^Sftov 7tB^iix7}rat vab pijr^s xal a«o- 
TOfi^S jtptorijs, 17 t6 y_aQCov dvvafiivr} «JioTOftjJ 

^JTiV. 

20 TltQitxia&a yap xaQiov rb JB vitb pijt^s t^S -^^ 
xal (JreoTOft^s wpoJrjjs r^s .^-^' isVto, OTt ri rb AB 
Xfo^tov dvvaiiivrj anoTOfiij iativ. 

'Ead ycip ajtorofi^ ieri. Zq^tt} ri A^d, lara ai5r;} 
^rpoffapftd^ovdcc r\ z/if" at AH, Hd cfpa ^Tjtai bIol 

26 SvvafiBt ftdvov avjifiBTQoi. kkI oXt} ri AH avfiyiBTQog 
iett Tij ixxBiftivy ^fjr^ tij AF, xal t} AH ttjs H.iJ 
(iBl^ov Svvarai rip dnb UiififtfTpow iavrf} fiijxsf iav 

3. aga] om. F. 4. rs] BF FB. B^] aupra add. T 

m. 1 b, .JB corr. es Bzf iiel BT V. 5. t^s] to5 gp. 8. 

I^ltt] ou« f^ti P. 10. tfflj corr. es rij m. 1 F. ij] in raa. 

Jn. I P, 11. ov/ifihgav B, corr. m. 2, 18, ry A (i^kei V, 

14. okep igsi 3etiai\ comp. P, qio. ■B¥'^\i. "- ■"- 
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XIII lemma]. quoniam igitur est BFirJ = ZH^iH®^, 

conuertendo [V, 19 coroll.] est 

rB:BJ = ZH^:K\ 

uerum rB:BJ rationem non habet, quam numerus 

quadratus ad numerum quadratum. itaque ne ZH^ 

quidem ad K'^ rationem habet, quam numerus qua- 

dratus ad numerum quadratum. quare ZHj K longi- 

tudine incommensurabiles sunt [prop. IX]. est autem 

ZH^-<-H@^ = K^ itaque ZH quadrata excedit H® 

quadrato rectae sibi incommensurabilis. et neutra 

rectarum Zf/, H® rationali propositae A commensu- 

rabilis est longitudine. itaque Z@ apotome est sexta 

[deflf. tert. 6]. 

Ergo inuenta est apotome sexta Z®; quod erat 

demonstrandum. 

XCI. 

Si spatium comprehenditur recta rationali et apo- 

tome prima; recta spatio aequalis quadrata apotome est. 

Spatium enim jiB ratio- 

nali AF et apotome prima 

A^ comprehendatur. dico, 

rectam spatio AB aequalem 

quadratam apotomen esse. 

nam quoniam ji^ apo- 

tome est prima, ei congruens 

sit JH, itaque AH^ H^ 

rationales sunt potentia tan- 

tum commensurabiles [prop. 

alt., u. app. 16. q' F, q|3' BVb, et sic deinceps. 19. iati 
BV, comp. Fb. 20; to] ttp V. 21. 17] m. 2 F. ^^. •i^^ 
om. b, m. 2 B. nQtotri iatCv B¥^. ^^. AH, Ii^"\\TL^^^. 
m. 2 V. 27. dffv(i(i€T(fOV P, et V, a^d ewt. 
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np« rra Tiraptp fiipit rou «ito tjjs ^H fffow napi 

evjificTQa avTijv Siaigsi. rtrftija&ca ij ^H 81%« xara 
t6 E, xal tp KOTo T^s EH iaov na^a r^i' ^if naQtt- 
5 ^£^ij;ff&(a iki.Eiitov it'dti xtTQayiava, xal i'tfTto t6 t';!^ 
rwi' y^Z, Ziif" CtJfi^iTjios apa iatlv ^ ^iZ t;; Zi/. 
xal dia Tmv E, Z, H aiififiav Tf; j^F ^cafxiAAijAoi 
^XQaeav al E@, ZI, HK. 

Kal insl avfi^STQOS iativ ij ^Z ttj ZH ft^xft, 

10 Kotl Jj ^if «pK ixatiQu TiDV AZ, ZH tsviifiezgos iOTL 
(i<^xsi. ttlla ^ AH avfi^sXQOS iOTi zy AF' xal ixa- 
ripa UQU zav AZ, ZH avmiETQOs ioti tj; AF fi^x«. 
xai iaTi QTjzij tj AF' pijrij uQa xal sxaTtQa rm' AZ, 
ZH' mets xal sxttrsQov rav AI, ZK pijidi' iariv. 

15 xal inei av^tfistQos iaziv ^ ^E TJj EH [itjxsi, xccl rj 
AH apa ixarsQa tibv A E, EH avjiiisTQos iart (iT^xsi. 
pfjc^ di ij AH xkI davfiiisrQos rij AT [il^xtf ^ijt^ 
ttQU xttl sxtttSQa Tinv ^ E, EH xal aaviiftstQOS Tg AF 
fiijxff ixarsQov aQcc rmv ^&, EK [liaov iarCv. 

20 Ksla&a dij t^ {ih/ AI taov rstQaymvov to AM, 
Tto di ZK i'aov TSTQayiavov dgirjQ^^a&oi xoivrjv ycovic(v 
iXov auTto T^v VTto AOM rb NS' ^sqI ri}v ttiir^v 
ttQa didfistQov iati tk AM, NS tSTQaycova. iata 
ttvrav 6id(istQos t} OP, xal xtttaysyQdipd^a rb (Jj;^^c. 

25 insl ovv i'aov iarl to 11316 ri5v AZ, ZH asQisj^ofisvov 

1. (ispsi] -EQ- in raa. B. tov fJjro] m. 2 F. 2. r^j*] 
oorr. ex r^e m. 2 F. AH\ A m ras. F. 3. diaiQii] enpra 
add. (*^'m( m. 2 V, 6uUC BF, SiiXv b. *. im] to F. 6. 
ZH] (alt.) HZ F. 8. ^z^etaav] fix»o>- in raa. m. 1 P. ZZ] 
mut. in ZH m. 2 F. 9. 1^] ^VS F, 11. dWF. AT] F e 
eorr. tn. 1 F. 13. iottv P. 14. AI] AF V, I in raa. V. 
/arivj iori BV, comp. Fb. 16. *ai] (alt.) om. V. 18. 
/eriPBV, comp. Fb. 20. vciV «Eto&roN. 1%. AO, OJ« 
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LXXin]. et tota AH rationali propositae AF com- 
mensurabilis est; et ^Jf quadrata excedit H/1 quadrato 
rectae sibi longitudine commensurabilis [deff. tert. 1]. 
itaque si quartae parti quadrati z/H^ aequale rectae 
AH adplicatur spatium figura quadrata deficiens, in 
partes commensurabiles eam diuidit [prop. XVII]. 
secetur JH in. duas partes aequales in E^ et quadrato 
EH^ aequale rectae AH adplicetur spatium figura 
quadrata deficiens, et sit AZxZH, itaque AZ, ZH 
commensurabiles sunt. et per puncta Ej Z, H rectae 
AF parallelae ducantur E@j ZIj HK, 

et quoniam AZ^ ZH longitudine commensurabiles 
sunt; etiam AH utrique AZ^ ZH commensurabilis est 
[prop. XV]. uerum AH^ AF commensurabiles sunt. 
quare etiam utraque AZ^ ZH rectae AF longitudine 
commensurabilis est [prop. XII]. et AF rationalis 
est. quare etiam utraque AZ^ ZH rationalis est. 
itaque etiam utrumque AI^ ZK rationale est [VI, 1; 
prop. XI]. et quoniam /lE^ EH longitudine commen- 
surabiles sunt, etiam /1H utrique z/jB, EH longitudine 
commensurabilis est [prop. XV]. uerum /1H rationalis 
est et rectae AF longitudine incommensurabilis. quare 
etiam utraque z/J5, EH rationalis est et rectae AF 
longitudine incommensurabilis [prop. XIII]. ergo 
utrumque z/®, EK medium est [prop. XX]. 

ponatur igitur quadratum AM^AIy et spatio 
ZK aequale auferatur quadratum NS communem an- 
gulum habens AOM. itaque quadrata AM^ NS 

PF, tmv AOf OM Bh, 23. icTi] Blot V, xEx^d^i^ft-vo^wsL.^^ 
26. To] in raa. V. tmv'\ m. ^ ¥. TtE^v^x^^V-^-wvX -w) xsw 

TAB. Y. 
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OQ&oyaviov ira iato tijg EH TttQayciva, iottv oLQte 
ms ^ -^Z TtQog T^v EH, ovras ^ EH Jipog t^v Zif. 
oAA' tos [liv 17 ^Z Jipos T^v BH, ovtos to v4J Tpog 
To EK, i»g d^ ^ £ii JEpos tt)v Ziif, ovtae iff^i to 
6 £A" jipos to KZ- rav Kpa AI, KZ [idaov avaXoyov 
iazi tb EK. fOrt da xal tmv AM, NS [idcov ava- 
i.oyov zb MN, ms dv ToFg ifiir(fo0&ev iSBix&ij, xa£ 
ieri To [^iv] AI rm AM rETQaydvB) leov, rb dl KZ 
ra NS' xal ro MN «p« rto EK Tffov iariv. aXf.a 

10 rb (ihv EK rp /J® iariv l'aov, rb di MN tp jdS' 
ro «pft -^^ /ffov iotl T(o T^X yvd[iovi xaX tp iVff. 
iati, di xai ro v^fi; taov totq AM, NS tsrQaycovoig' 
koi%bv ttQu ro AB i'aov iatl ta 2^T. ro ds £T rd 
ano T^s AN isri tetQaycovov ro aga kjto rijs AN 

16 TETpcyravox' fffov iarl rp ^B' t; ^iiV «pa (JvvKTttt 
TO ^S. 

./iiy» dT), oTt ^ .^A'' «KOTOfoJ iativ. 
'Exel yag Qtjrov iativ ixdrsQov tiov AI, ZK, xai 
iativ taov Totg AM, NS, xal ixdzBQOv dga ttBv AM, 

20 NS Qijtov isrtv, TouTEiJTt To dnh ixariQaq rmv AO, 
ON' xai ixariga aQu tav AO, ON pjjTij ienv. 
Ttdhv, iml (lisov ierl to .d& xaC iativ fsov tra AS, 
[lisov uQa isri xal t6 AS. iitsl ovv tb fiiv AS 
fiisov iarCv, ro (Ji NS pijtoV, dsv[i[iBrQOv apa iexi 

36 t6 AS Toi NS' i»S 5i rb AS ^Qbg rb NS, ovras 
istlv ^ AO apoff tijv ON' dsv[i[iEZ(fog uQa iszlv ij 
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circum eandem diametrum posita sunt [VI, 26]. sit 
OP diametrus eorum, et describatur figura [cfr. uol. I 
p. 137 notj. iam quoniam est AZx ZH = EH^, 
erit [VI, 17] AZ:EH=EH:ZH. uerum AZ:EH 
= AI:EK et EH:ZH=EK:KZ [VI, 1]. itaque 
EK medium proportionale est inter Al, KZ. est 
autem etiam MiV medium proportionale inter AM^ NS, 
sicuti supra [prop. LIII lemma] demonstratum est, 
et AI=AM, KZ = NS. itaque etiam MN= EK. 
est autem EK = A0, MN=AS [I, 43]. itaque 
dK=TQ^X+ NS. uerum etiam AK = AM+ NS. 
itaque reliquum AB = 2JT. est autem 2T=AN^, 
quare AN^ = AB. ergo AN quadrata spatio AB 
aequalis est. 

lam dico, AN apotomen esse. 

nam quoniam utrumque AI, ZK rationale est, et 
AI = AM, ZK = NS, 
etiam utrumque AMj NtSj hoc est AO^^ ON^j ra- 
tionale est. quare etiam utraque AO^ ON rationalis 
est. rursus quoniam /IS medium est, et A® = AS, 
etiam AS medium est. iam quoniam AS medium est, 
NS autem rationale, AS et NS incommensurabilia 
sunt. uerum AS'NS^AO:NO [VI, 1]. itaque 
AOj ON longitudine incommensurabiles sunt [prop. 
XI]. et utraque rationalis est; itaque AO, ON ra- 

est ras.). 13. 2T] corr. ex BT V. xo Sl 2T] supra scr. 
m. 1 P. To] corr. ex. zm PV. 16. iatQ postea ins. F. 
T©] To F. 17. Mttl ^ P. 19. iati V. Caov] Caa Bb, 
om. V. NS foa V. 20. iati BV, comp. Fb. 21. iati 
PBV, comp. Fb. 23. iat£] iatCv P, om. V, ^4. Uxt-v^ WV. 
PBVb, comp. F. 26. 2VS] (pTms^ coTt.ex.lSJ "Rm, Y\i. -^^ 
(ierb.) in raa. m. 1 P. 
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jiO Tij ON [iijxti. xai Eteiv a^fpots^ut ^ijtai' aC ' 
AO, ON ttQK pjjrat eiui Svvdfisi (lovov evfijicrgoi' 
ajtoTOH'}} aQU ieilv if AN. xkI dvvuxai ro AB %aqiov 
j] ttQK to AB %o>qiov dwa^ivij «woro^ij iativ. 
j 'Eav aptt %fOi}Cov nBffiixiittti, viio pTjrijs scai xa £|^g* 



'Eav xa^iov itEQii%titai vno ^rjx^g xal axom 
cufi^S divrigas, fj zb j;oipt'ov dvvaiidvTj iiie^m 
anotofiij iaxi wpojrij. 

10 XciQiov yag i6 AB irepisxtad^a vab pjjr^s '4 
AF xal BKOtofiTJs dtvtiQas xijs AJ- kiyfo, ori ij i 
AB xmQiov Svvtt[iivr} (lietjs (bioro^jj iaxt. wprorij. 

"Efftro yccQ %y A^ ■stQoGoiQ}i.6%ovGtt ij ^H- aC aft 
AH, H^ Qtpai dei SvvafiEi ftoVoi' 6vfifi.arQ0i, xal ij 

15 nQoaaQ(i6^ov6a ^ ^H avfiiiarQos isxi t^ ixxainivr] 

(Sijtj; tij AF, rj Sa olt] sj AH x^s ^QoaaQfioiovarjs 

■ rijs ii'^ ^eiiiflv Svvatai ta anb avfiiietQov aamy fiijxii. 

iaal ovv jj AH trjs H^ (let^ov Svvarai ta aicb avfi^ 

(tirQov ittvrfi, iav ttQtt tp tataQtm {liQsi tov «jto t^g 

20 H^ i'0Ov nuQa tijv AH nagapXrj&^ ilkBtrtov atSti 
raxQttydvci, ais avitiiaxQa kui^v SiaiQaC. rir^ijad^ia 
ovv 71 AH 8i%R xara to E' xal tcj axb x^s EH t<Sov 
naQa rriv ji H naQU^^l^a&a iXkitnov afSai tatQayuovat, 



a. OJV] NO e corr. V. elmv V, aed v_ del. ^ 4. rd AB 

Sqa Y. 6. kkI Tii l^rjg]-Ktti anotofifis ^Qiorrjg, ij i6 );oieiov 

Svvatiirri aiiDrofi.j iaiii' Theon (BFVb). 8. (i^oij BFVb 

et P, aed eorr. m. 1, 11. jiJ~\ AB h; Sl AJ P, corr. m. 1. 

12. AS] corr. es ^^ V. ^ie-q BFb, et V, corr. m. 2. 14. 

-HiJ] AH F. Svvapivrj T, corr. ni. 8. 16. t;^e] om. F. 

J7. jy^/J ei-as. V. Ante owftuiTcou rae. 1 litt. V. 18. 

^jyj M m 13.8. Y. T^ii coir. ct xii m. ^ "^ . Vi. ™\ 
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tionales sunt potentia tantum commensurabiles. quare 
AN apotome est [prop. LXXIII]. et quadrata spatio 
AB est aequalis. itaque recta spatio j4B aequalis 
quadrata apotome est. 

Ergo si spatium comprehenditur recta rationali^ 
et quae sequuntur. 

XCII. 

Si spatium recta rationali et apotome secunda com- 
prehenditur^ recta spatio aequalis quadrata mediae 
apotome est prima. 

Spatium enim AB recta rationali AF et apotome 
secunda A^ comprehendatur. dico, rectam spatio AB 
aequalem quadratam mediae apotomen primam esse. 

nam ^H rectae A^ congruens sit. itaque AH, 
Hjd rationales sunt potentia tantum commensurabiles 



£ Z 



B 



e 



H 



[prop. LXXIII], et congruens 
^H rationali propositae AF 
commensurabilis est, tota au- 
tem AH quadrata excedit 
congruentem H^ quadrato 
rectae sibi commensurabilis 
longitudine [deff. tert. 2]. iam 
quoniam AH^ excedit ffz/^ 
quadrato rectae sibi commen- 
surabilis, si ^HJ^ aequale rectae AH adplicatur spatium 
figura quadrata defidens^ in partes commensurabiles 
eam diuidit [prop. XVII]. iam ^H m puncto E in 
duas partes aequales secetur. et quadrato EW aequale 

ta b. 20. AH'] H e corr. Y. ^l. SuUl ^V^^^ ^^^"^ 
iJeifl add. fi^\si Y. 22. ^ H] e coxx. m. ^ ^ . ^^\ ^^ ^ 




xctl iera» to iiith zav A7.. ZH- avftfi^QOi KpR tffrlv 
ij AZ TfJ ZH fii]XEt. xal r) AH aga ExaTtQa rmv AZ, 
ZH evfifiettfos itJtt. [i^xei. ^ijt^ di ^ AH xal «ffiS/t- 
(isrpog rj7 AF jnjxBi,- xal exaTSQa aqa rrov AZ, ZH 
Q pJjTjJ tffrt xttl K6^[iH£T^os Ty AT n^XEi' ExatEQOV apa 
zmv AI, ZK jiioov iativ. ndltv, ind Ovftfi£Tpo's 
^fftH' 71 AE Tjj EH, xal tj zJH apa ExarEQa xmv dE, 
EH 0V[i(t.STgos iOTtv. ak}. Sj ^H Ovfi^EZQOS iszt r^ 
AF ^TjXEi [piTT^ apa xa\ ixazdQa zmv jdE, EH xal 

10 evfifiEZQos T^ AF fi^^XEi]. EXurEQOV aga zmv ^&, EK 
Qjjzov icriv. 

2^vv£0zaza ovv tS ftiv AI taov ZEzgdyavov to 
AM, tp dh ZK tCov ^qnjjpijff&ra to A'^^ jifpi T17V 
avzi^ yoviav ov za AM r^v vwo twv AOM' jrgpi 

15 triv avtiiv uqr iczl StdftizQov za AM, N^ TEZQaymva. 
ieza avzav didfiszQog tj OP, xal XKtayEyQaip&a} zb 
exrjfia- i^El ovv ta AI, XK fiiea dazl xai iaziv tea 
Tois dao zav AO, ON, xa\ rd dno zav AO, ON 
[ttQu'] fiiea ietiv xal at AO, ON aQa ftieat aiel 

20 Svvdfisi (lovov OvfifiEZQOt. xal ins^ tb vito tuv AZ, 
ZH teav iatl rto dxb trjg EH, iettv aQtt og 15 AX 
TtQOi rijv EH, ovras ^ EH nQos zijv ZH' dkk' mg 
(iEv 71 AZ Jipos zijv EH, ouTog to AI tiqos zb EK' 
tos 6i 7} EH Jtpos rijv ZH, ovzats [iezl] tb EK Jtpog 

26 t6 ZK' zmv ttQa AI, ZK (lieov dvdloyov iozi rb 

1. davjifiEifios h, sed corr. 2. Foat fiijxFi add. xal duc 
Tcov E, Z, H ajjiniav -17; AF naftiiXl7\loi rii9ioaav at EB, Z J, 
HK (corr. ei ZK V). itni i-ael oiifijiMpog iaziv jt AZ i^ ZH 
fi^«j( b, V nig. m. 1, F mg,, sed euan. 4. Hja] om. FV. 6. 
AI^ mat. in AZ F, AZ b. ZH b, et e corr. F. lazl BV, 
comp. Fb. 7. 1] ^H] HJ F. 8. ^cti] m. 2 B. 9. iijtn 
— ifl Wm(J oni. P. 9. JE, EH] E biH in ras, V. ■"• 
"W ixaTepov b. 11. JoTi PBV, comp. ■^'Vi. Vi. x^^ w 
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rectae AH spatiam adplicetur figura quadrata deficiens^ 
et sit AZxZH, itaque AZ^ZH longitudine com- 
mensurabiles sunt. itaque etiam AH utrique AZ^ ZH 
longitudine commensurabilis est [prop. XV]. uerum 
AH rationalis est et rectae AF longitudine incom- 
mensurabilis. itaque etiamutraque AZ^ZH rationalis 
est et rectae AF longitudine incommensurabilis [prop. 
XIII]. quare utrumque AI^ ZK medium est [prop. 
XX]. rursus quoniam AEy EH commensurabiles sunt, 
etiam AH utrique AE^ EH commensurabilis est 
[prop. XV]. ^) uerum AH^ AF longitudine commen- 
surabiles sunt. ergo utrumque A®, EK rationale est. 
iam construatur quadratum AM *^ AI, et spatio 
ZK aequale auferatur NS in eodem angulo AOM 
positum, quo AM, itaque quadrata AM, NS circum 
eandem diametrum posita sunt [VI, 26]. sit OP 
eorum diametrus, et describatur figura [cfr. uol. I 
p. 137 not.]. iam quoniam AI^ ZK media sunt et 
AI = AO^j ZK = ON\ etiam A0\ ON^ media sunt. 
quare etiam AOj ON mediae sunt potentia tantum 
commensurabiles. et quoniam AZxZH=EH^j erit 
[VI, 17] AZ:EH= EH: ZH. uerum AZ:EH=AI:EK 



1) Hoc promptius ex prop. VI concludi poterat; nam 

ex 6 V, To F. 14. ov x^ AMl e corr. F. t?Jv] t6 P. x&v\ 
om. V. 16. kaxvv uqu V. 17. Post iax^ add. Theon: x«l 
ovfjLnsTQa dXXriXotg (BPVb; in V post xa^ras. 1 litt.). taov F. 

19. ilQa] om. P. fiiaai bUsC V, sed corr. iaxC PB, comp. 
Pb, xa^l corr. ex Sv- V. at — 20. dt;-]^mg. m. 2 V. 

19. ^laC] stalv Xiyai oxi yiaCP, 20. fjLOvov'] eras. v . avfifisxQU 
V, corr. m. 2. xal insC] insl ya^ P. 21. l<JxC\ ^xi;»^."^ ^^^. 
m. 1 F. iaxiv] corr. ex Caov m. l¥. ^^. At^ A^ v. ^A., 
iar/] om. P. 26. ZK] (alt.) Z coxt. ^x K m, Y ^ . 
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EK. iffTi S\ x€tl rav AM, NS rszpKycovmv 
KvdXoyov to MN' xai ianv tsov to (liv AI ta AM, 
XQ §£ ZK TB N^- xal to MN kqk ieov iazl tcj EK. 
aXka Tto jilv EK tiSov [iaxl'\ ro J®, rp &b MN fSov 
6 To AS' oAov apa i6 JK fffov iarl ta T0X yvc6(iovt 
Kal T(5 NIS. iitsl ovv olov to AK leov iatl totg 
AM, NS, av To AK leov iotl ta T^X yvcoiiom 
xal tp NS, Xoixav «pa ro AB i'eov istl ra Tli. 
to Si T£ iati TO Kiro tijs AN' lo «jto rijs AN aQft 

10 leov ietl tp AB %o}Qiei' ij AN «pa Svvatai zo AR 
Xcogiov, 

Aiya [^ij], oTi 17 AN (liatjs cjroTo/ijj iati nffmtij, 

'E^sl yccQ pijtdi' iezt to EK xai ietiv teov tp 

AS, gijtbv oLQa ietl to AS, tovtieti to vtio tcSv 

15 AO, ON. fideov Ss iSeix^*} to NS' aavfifistQov Hqk 
ietl t6 AS ta NS' log Si to AS 31(165 ^o NS^ 
ovtas ierlv tj AO Jtpos ON' at AO, ON aga aevjf 
liBZQoi liai (i^xti. ai aga A O, ON fiieai, slel Svvd[iet 
(lovov evfifi.€tQoi Qtjzbv iieQiiyfiveai' r} AN «pa fiieijg 

20 caiozofiri iazi nQmtrj- xal Svvatai ro AB %mQiov. 

'H a(ftt to AB %a>Qiov Svvafiivt] fiieris aitoto^ 
iezi nQmtri' ojttQ iSBi, Scl%at. 

'Eav x^^Qio^ nEQiixiqtai. vito QTjzrjs xal axo- 



i. EK] EIF. NS} MN F, sed corr. 3. ZK] corr. ex 

Jt Z m. 1 V. 4. T^] id V. iazi] om. P. 10] r^ V. r^] to T, 

i^cov iari Bb. 5. 10] (prinH) im V^. 7. toel Sv ip. iinf\ 

m. a F. 8. TZ] in raa. V._ 9. ro 8i T£ ^tfi.] routeott R 

10. IffiiV P. tdj td KWD t^fi P; ro H«d T^e jIW mg. m, 

1 b. 12. dij] om. P. lilaii PBFb, fitojjf y, e coir. m. 2 V. 

/ani- F. 13. rd EK — U. i» vlS] in raa. F. 13. loioj 

/(fn b. Poat toov add. t^ (,id F) NM ttrattoti ■?\>, la.l.T* 
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[VI, 1] et [id.] EH:ZH=EK:ZK. quare EK me- 
dium est proportionale inter ^J, ZK, uerum etiam 
MN medium est proportionale inter JMj NS [prop. 
LIII lemma]. et AI=AM^ ZK = NlSl. quare etiam 
MN=EK uerum A® = EK, AS = MN [I, 43]. 
quare ^K= T^X+ NS. iam quoniam AK= AM+NS, 
quorum AK= r*X+ NS, erit reliquum ^3-= TS. 
sed T2J=AN^. itaque AN^ = AB. ergo ^iNT" qua- 
drata spatio AB aequalis est. 

lam dico, AN mediae esse apotomen primam. 
nam quoniam EK rationale est, et EK = AS) etiam 
AS rationale est, hoc est AOx ON. demonstrauimus 
autem, NS medium esse [u. p. 2b2, 18]. quare AtSj 
NIS incommensurabilia sunt. est autem 

AS:NS=AO:ON 
[VI, 1]. quare AO^ ON longitudine incommensura* 
biles sunt [prop. XI]. itaque AO^ ON mediae sunt 
potentia tantum commensurabiles spatium rationale 
comprehendentes. itaque AN mediae apotome est prima 
[prop. LXXIV]. et est AN^ = AB. 

Ergo recta spatio AB aequalis . quadrata mediae 
apotome est prima; quod erat demonstrandum. 

xcm. 

Si spatium recta rationali et apotome tertia com- 

16. htCv P. tm NlSl']^ m. 2 B. ag 6i] x«l mg aga B. 

17. iativ] om. V. ngog tiJv PV. &qcc — 18. /it^xet] Sv- 
vdfisi, stal iiovov aviiiisxQoi in ras. Y, mg. add. m. rec: &Qa 
fiTjnsi slalv davfifiSTQOi' ta 9h dn' avt&v xsTQdycova avfifjLStQa' 
at AO, ON uQa, 17. avnnstQov F. 19. AN] ON h, 
AH F. fjLiarj BFVb. 21.^ — xtoQ^v] om. qp. ^'>i'v«.-\ 
in spatio 9 litt. F. fisari BFb. ^^. oue^^ U%v ^%vfe,o.\\ ^^^fijs^- 
P, om. BFVb. 
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anozofiTj iati SBvri 

XdQiav yuQ ro ^B mQiE%i6%<i> vito Qtjt^g ri 

xaX (iworofi^s rptrjjs t^s A,d' Xdy<a, ort ^ t 

5 %(aQiov SwafidvT} fiEfftjs afforofti] Effri iJeur^pK. 

Eflrro yap tjj j4.^ agosaQfio^ovffa 7] jdH' at AH, 
Htd &Qa Qi]Tai slet Svvdfiet (lovov evfiftsiQoi, xal 
OvSEviQa rav AH, H^ OviifiETQos ^ffri {irjxei tij ix- 
xeiiiivrj pfjr^ z^ AP, rj Si oXt} tj AH tijg jrpoffccpfio- 

10 ^ovetjs rijs ^H ^ei^ov SvvaTai. rra amd SvfiftETQov 
iavTtj. insl ovv ^ AH r^s H^ ftsi^ov SvvuTai rp 
HKo ffv^iiiTQOv iavT^fi, iav «pa rro TfrapTca ^EpEi rov 
axo r^s ^ff fflov ffapw r^v ^^if jiap«^^5;9^ ilkBtxov 
ttSct TETQaymva}, tis 6vfiftsTQa avrijv StE^Ei:. TEtfi^^S&a 

15 ow )] ^if Sixa xccTa ro £, xai Tp areo r^s £if fffow 
nrapa tijv A H JiaQa^EJiXi^ff&a iXkeiitov etSttTEtQay^v^, 
xal Effrra lo vno tiSv AZ, ZH. xal ijx&0)6av Sia Ttjjv 
E, Z, H at^jiEiav Trj AF naQdUrjkoi aC E@, Z/, HK' 
svfiftEtQot apa eMv aC AZ, ZH' SvfifiETQOv aga xal 

20 ro AI ta ZK. xal iael nf AZ, ZH SvfifiBTQoi siat 
jiijxEi, xaX ri AH aQa ExatiQa tav AZ, ZH ovft- 
fiBTQoq isti fttjxeL. Qtjtri Se 1] AH xal aSvfiittTQog 
Trj AF fi^xBt' msxt xal at AZ, ZH. ixdtEQOv itQa rav 



] 



1. ft^ojjBFVb. 5. (icaii BFb, et V, oorr. m. 3. huvP. 

9. -apftoj-] in ras. V. 10. daviiiifTgov b. 11. Ixei — 12, 
lavi^] pnnctiB notat. ¥. 11. H^] JH P. 12. tov} corr. 
es im m. 1 b. 14. Sifiet ^iijxti V. 15. iro] td cp. 18. 
H] 6m. V. ZJ] mut. in /Z V. 19. ilolv] tt- e corr. T. 

20. ttuiv P. 23. coore «ol «f ^Z, ZH] ncl eKaiEpa apo: 
(supra BCr. m. 1 V) itS* .^Z, ZH sjit^ Jait H«i BoufiffEieos ijj 
.^r ^^x(.- K«i' Theon (BFVb). 
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prehenditur^ recta spatio aequalis quadrata mediae 
apotome est secunda. 

Spatium enim AB recta rationali ^F et apotome 

tertia A^ comprehendatur. dico^ rectam spatio j4B 

aequalem quadratam mediae apotomen esse secundam. 

nam /JH rectae A^ congruens sit. itaque AHj 

H^ rationales sunt potentia tantum commensurabiles, 

et neutra rectarum AHy H^ 
rationali propositae AF lon- 
gitudine commensurabilis est, 
tota autem AH congruentem 
^H excedit quadrato reotae 
sibi commensurabilis [deff. 
tert. 3]. quoniam igitur AH^ 
excedit ^H^ quadrato rectae 
sibi commensurabilis^ si^^H^ 
aequale rectae AH adplicatur 
spatium figura quadrata deficiens^ in partes commen- 
surabiles eam diuidet [prop. XVII]. iam ^H in E 
in duas partes aequales secetur^ et quadrato EH^ 
aequale rectae AH adplicetur spatium figura quadrata 
deficiens, et sit AZ X ZH. et per puncta E^ Z, H 
rectae AF parallelae ducantur E0j ZI^ HK. itaque 
AZj, ZH commensurabiles sunt. quare AIj ZK com- 
mensurabilia sunt [VI, 1; prop. XI]. et quoniam AZ^ 
ZH longitudine commensurabiles sunt, etiam AH 
utrique ^Z, Zff longitudine commensurabilis est [prop. 
XV]. uerum AH rationalis est et rectae AF longi- 
tudine incommensurabilis. quare etiam AZ^ ZH [prop. 
XIII]. itaque utrumque AI^ ZK mediiica. ^%\» 'vcs^^^- 
XX]. rursus quoniam 2/E, EH \oTa%\\»\iLKvcL^ ^ot^ssss^- 
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j4I, Z,K niaov iGtiv. TidXiv, ijtEl avfijiBtQos isrtv ij 
z/£ Tfj EH ii^^XEt, xal ^ ^H &sfa mari^a trav /1 E, 
EH avfifiETQOs i<Sti fi^xEt. ^ijT^ S^k i\ Hd xc<.\ asv(i~ 
y,st^os r^ -^J^ ftiJxEf QtjtT) «p« xal axatiQcc tcav ^E, 
6 EH xal aaviifiEtQos t^ AV (tiJjtEC ixdtEQOv aQa tdov 
jd&, EK iiiaov iarCv. xal iatl at AH, HA dvvdfiei 
fiovov GviifiETQo( EifSiv, aev[i[ietQos aQa ierX (t^xEi ^ 
AH tfl Hd. dXk' ^ (ilv AH Tij AZ avftfiErQOS iort 
^ijMci, tj Si AH t^ EH' aavjifiEtQos «pa iotlv 7} AZ 

10 Tf; BH fii;;cEi. cag ^^ ^ AZ HQog rijv EH, ouTtas ietl 
rb AI itQos rb EK' aevfijiEtffov aQa iatl to AI 
rip EK. 

SvvEetdrw ovv ra (liv AI Caov tsrQdyfovov ro 
AM, tS 3e ZK i'eov dipiiQ^a&co to NS seqI tijv ccvr^v 

15 ycaviav ov ra AM' nEQl rijv ttVTTiV aQa SidiiEtsfov 
iati ta AM, NS. Iffrra avtSv SiaiiErQos ^ OP, xal 
xutaysyQdip&at tb axfjlia. insl ovv tb vnb rmv AZ, 
ZH iaov iatl xa anb r^g EH, Sariv «pw cog 7/ AZ 
ngbs rrjv EH, owTOJg ^ EH itQbg ti^v ZH. di.X' ag 

ao fiiv ij AZ TtQog rijv EH, ovrmg iarl lo AI lEpog to 
EK' rag Si ij EH nQbg tijv ZH, ovtag ietl rb ER 
Ttpog To ZK' xal rog KpK to AI itQOs to EK, ovtO 
to EK TtQos tb ZK' tav uqa AJ, ZK (liaov dv& 
loyov iari lo BK. iari 6h xal tmv AM, N^ rerQoi 
I 2B jiavav (tieov dvdXoyov to MN' xai ietiv tsov r»"* 
(isv AI tp AM, rb Sh ZK ra Ng- xal ro EK ttQU 

1. ieziv] IniTBY, oomp. Fb. lariv'] lait V. 3, fiijnEt 

om. B. JH F, HJ in ras. V. 4. fijTTJ — 6. (iiiMsil 

2 B. 6, xol hdtiQov V. 6. EK} @K P. lati I 

cnmp. Fb. Svvantic, c euan,, Y, 7. elel avnjietQOi 

/ffr/p V. fiijKei} om. T. S. AH] H in ms. V, dei_ 

add. fii^nti m. 2. HJ] ^H P. oU' — ^. tt, ^H\ 'q 
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surabiles sulit, etiam ^H utrique ^dE^ EH longitudine 
commensurabilis est [prop. XV; cfr. p. 283 not.]. 
uerum Hjd rationalis est et rectae AF longitudine 
incommensurabilis. quare etiam utraque ^E^ EH 
rationalis est et rectae AF longitudine incommensu- 
rabilis [prop. XIII]. itaque utrumque -^®, EK medium 
est [prop. XX]. et quoniam AH^ H^ potentia tantum 
commensurabiles sunt, AH et H^ longitudine incom- 
mensurabiles sunt; uerum AH^ AZ et jdH^ EH lon- 
gitudine commensurabiles sunt. quare AZ^ EH lon- 
gitudine incommensurabiles sunt [prop. XIII]. est 
autem AZ : EH = AI : EK [VI, 1]. ergo AI, EK 
incommensurabilia sunt [prop. XI]. . 

construatur igitur quadratum AM = AI, et au- 
feratur spatio ZK aequale NS in eodem angulo po- 
situm, quo AM. itaque AM^ NS circum eandem 
diametrum posita sunt [VI, 26]. sit OP eorum dia- 
metrus, et figura describatur [cfr. uol. I p. 137 not.]. iam 
quoniam est AZxZH=EH% erit AZ:EH=EH:ZH 
[VI, 17]. est autem AZ:EH=AI:EK [VI, 1], et 
EH: ZH= EK: ZK [id.]. quare etiam AI: EK= EK: ZK. 
itaque EK medium est proportionale inter AI, ZK. 
uerum etiam MN medium est proportionale inter qua- 
drata AM, NS [prop. LIII lemma]. et AI = AM^ 

m. 1 P. 8. Post ttfiV ras. 1 litt. V. AZ fn}x8t V. laziv V. 

9. fiTjxst] om. V. apa] supra scr. m. 1 P. 10. AZl 
Bupra scr. ^ b. E Jf] in ras. V. 11. t6] (pr.^ t6 ano t^s F. 
t6] triv b. EJC] E-4 supra scr. K b. ocavfipLsrQov — 12. 
EK] om. P. 11. iatl t6] m. 2 P. 13. tm] corr. ex t6 m. 
1 P. tstQaymvmv P, sed corr. 15. ov] supra scr. m. 1 P. 

Tc5] t6 P. 17. vno] dno b. 22. iittl «i^ — ^^. x>i T-^ 
mg.' m. 2 B. 23. tb ZK] ZX PB. 

Haclidea, edd, Heiberg et Uenge. m. '^^ 
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tSov ierl ta MN. «AAft ro [liv MN taov iatl t^ A^ 
To 61 EK iOov [ierl] xa ^&' xal oAov «pa rb ^ffl 
taoi' ietl rp l^^X yvtaiiovi xal rra A',S. ieti 6i xal i 
To j4K teov tolg AM, NS' koinov aQtt tb AB taoP^m 
6 iatl rro I^T, rovtiati ta anit t^g AN ttr^ayavt^'M 
1] jiN «pK dvvarat ro AB xaQiov. 

Aiyta, on 17 AN fiiarjs «koto^iJ iati divriQa. 

^Exel yai) jiiaa iSeix^ri ta AI, ZK xai iativ lea 

rote aao tiBv AO, ON, (liaov UQa xal ixursqov rav 

10 anb rav AO, ON' [liai] iipa ixaripa tav AO, ON. 

xal intl avii[iEtg6v iart ro AI r^ ZK, aviiiitrpov apa 

xal rb ano r^g AO ra ano t^g ON. iadi.iv, iael 

davfifitrQov idsCx^ri ro AI rra EK, davfinEtpov aQU 

iarl xal t6 AM ra MN, rovrdari ro dab rijg AO 

16 T^ vnb rmv AO, ON' aare xal rj AO davfL^BTQoq 

iatt ftijxft T^v ON- al AO, ON Squ (liaai lial dv- 

vdfiBi. fitvov avfifierQOt. 

Aiym iJjj, ott xal (liaov nBQti%ovaiv. 
'EkbX ydp fiiaov i8Bi%&ri to EK xai iettv taov 
20 rp vnb tav AO, ON, fieaov apa iotl xal tb vxh 
tav AO, ON- SarB al AO, ON fiioat elal Svvdfui 
{i6vov avfifiirQot fiiaov neQii%ovaai. i] AN uqu fiiarjs 
nffoTOfnJ iart SevtiQa' xal Svvarai tb AB x^tfiov. 
'H apa ro AB ^'^pftn' Swafiivij fiia^is dnorofi'^ 
25 iatt SivreQa' onsQ iSet Set^ai. 



1. To'] corr. cx xw m. rec. P. tm] corr. ex td m. rec. P, 
2. AS] AS F. To] cort. es 110 m'. rec. P. ^oii'] P, om 
BFVb. Xf] corr. ei 10 m. rec. t. Poet J0 in b adp. :"^ 
deincle epatiQm 1 lin. nacat. 3. NS"^ mut, in NZ m. rec. B, 
4. taov] (prias) ra. 3 FV. 5. ^.V] AMV; ANF, eorr. 
m. 3. 6. AN] A erae. V. 7. (ifojj BFVb. 
ffv/ifiSTpop] fpriua) irtljifitTpos F. t2. tije] 
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ZK—NS' itaque etiam EK=MN, uerum MN=AS 
[I, 43], EK = ^®. quare etiam ^K^T^X-^NS^ 
est autem etiam 

AK = AM+NS. 
itaque reliquum AB = UT= AN\ ergo AN quadrata 

spatio jiB aequalis est. 

dico, AN mediae apotomen esse secundam. nam 
quoniam demonstrauimus , AI^ ZK media esse, et 
AI=AO^^ ZK=ON^^ etiam utrumque AO^, ON^ 
medium est. quare utraque AO^ ON media est. et 
quoniam AI^ ZK commensurabilia sunt [VI, 1 ; prop.XI], 
etiam AC^^ ON^ commensurabilia sunt. rursus quon- 
iam demonstrauimu^ AI et EK incommensurabilia 
esse, etiam AM et MN, hoc est AO^ et AOxON, 
incommensurabilia sunt. quare etiam AO^ ON lon- 
gitudine incommensurabiles sunt [VI, 1; prop. XI]. 
ergo AOj ON mediae sunt potentia tantum commen- 
^urabiles. iam dico, easdeni spatium medium com- 
prehendere. nam quoniamdemonstrauimus, ^^iJLmedium 
esse, et EK= AOxON^ etiam AOxON medium 
est. quare AO^ ON mediae sunt potentia tantum 
commensurabiles medium comprehendentes. itaque AN 
mediae apotome est secunda [prop. LXXV]. et spatio 
AB aequalis est quadrata. 

Ergo recta spatio AB aequalis quadrata mediae 
apotome est secunda; quod erat demonstrandum. 

T(5v F. 14. hxlv P. MN] NM P. 15. t©] corr. ex to 
m. 1 F. 16. bIgCv P. 18. nsQLixovaat V. 19. ya^] om. 
Fb, m. 2 B. 20. iiiaov — 21. ON (priusj] mg. V. 22. 
aviistQoiT. ANh, fiiari BFYh. 2S. icuvr, X*^^^w\ 
om. Theon (BF Vb). 24. iiicri B¥W). 'i.^. W^^ U%v ^^\\«A 
comj>. P, om. BFVh. 
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Qd'. 

^Eav %(oqCov ^BQvixritav vTto QfiTrjg xal aito- 
to^ijg reraQrrig^ ^ ro %€oqlov Svvaiiivi] ikd66(ov 
i6xCv. 
5 XfQQCov yoLQ t6 AB 7CBQVBxi6%^G) vno Qtirijg rtjg 
AF xal aTtoroii^^g rBrccQri^g r^g Ajd* kiya}^ otc rj ro 
AB xcdqCov 8wa(iivi] iXdeecav iorCv, 

"E6rGi yccQ rfj AAi 7tQO6aQii6^ov0a ^ ^H' al ccQa 
AH^ H^ ^tjtaC b16v Swd(i6L ^ovoi/ ^vfi^BtQOL^ xal ^ 

10 AH 6viiiiBtQ6g i6tL tfi ixxBL^ivrj ^rjtjj trj AF iir^XBLy 
ii 8b olrj fj AH trjg 7tQ06aQiio^ov6rig trjg jdH [iBt^ov 
SvvataL rc5 djto d6viiiiitQov iavtfj iit^xsl. iTtel ovv 
ri AH tr^g H/l ^Bt^ov SvvataL tS aTto d6vii(iitQov 
iavty ^iqxBL^ idv aQa rc5 tBtdQta) fiiQBi tov dno f^g 

ih jdH t6ov TtaQa trjv AH TtaQapXrjd^fj iXXBtTtov bISbl 
tetQayciv^y Big d^vfi^BtQa avtriv SlbXbL tBtin^6^G) 
ovv ri ^H SC^a xatd to E^ xal rc5 dxo trjg EH t6ov 
jtaQa trjv AH 7taQa^B^kri6%ai iXletitov etSBLtBtQaycivc}^ 
xal i6tG) to VTtb t(DV AZ^ ZH* d6vp>fiBtQog aQa i6tl 

20 iirjxBL ri AZ tfj ZH, 7]x%(o6av ovv S^d tciv E^ Z, H 
naQdXXrjkoL tatg AF, B^d at E&^ ZI^ HK. iitBl ovv 
^ritiq i6tLV ri AH xal 6vppBtQog tfj AF iirjxBLj Qrjtov 
ccQa i6tlv oXov to AK, ^dXLV^ ijtBl d^viiiiBtQog i6tLv 
ri ^H tfj AF ^T^XBL^ xaC bC6lv d[iq)6TBQaL Qr^taC^ pi6ov 

26 aQa i6tl to ^dK. ndXLV, i^Bl d^vfiiiBtQ^g i6tLV ri AZ 
tfj ZH ii^XBL^ d6vii(iBtQ0v ccQa xal to AI ta ZK, 

2. zBxdqxrig dnotoiiTJg V. 4. ictt BV, comp. Fb. 6. 

Qfjr^S ^^s] corr, ex Trjg m. 2 F, friTrjg V. 6. AJ] ABJ b, 

J in ras. m. 1 B. 17] supra scr. P. 1. AB] om. Bb, m. 

2 V. 8. AJ] mut. in AB m. 2 F, AB b. 11. JH] HJ V. 

12. SvvafiBvri P. crvftfi^tQOT; B, corr. m. 2. 15. taov] 

fisffov g), IQ, dav(AiiBtQOv P, ovjniExqot >&• SuV^X ^•iV^.^v^r. 
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XCIV. 

Si spatium recta rationali et apbtome quarta com- 

prehenditur^ recta spatio aequalis quadrata minor est. 

Spatium enim AB rationali AF et apotome quarta 

A^ comprehendatur. dico, rectam spatio AB aequalem 

quadratam minorem esse. 

sit enim ^H rectae ^4^ congruens. itaque AH, 
Hjd rationales sunt potentia tantum commensurabileS; 

et jiH rationali propositae 
j4r longitudine commensu- 
rabilis est, tota autem AH 
quadrata congruentem ^H 
excedit quadrato rectae sibi 
longitudine incommensura- 
bilis [deff. tert. 4]. iam quon- 
iam AH^ excedit H^^ qua- 
drato rectae sibi longitudine 
incommensurabilis, si ^^H^ 
aequale rectae AH adplicetur spatium figura quadrata 
deficiens, in partes incommensurabiles eam diuidet [prop. 
XVIII]. ^H igitur in jB in duas partes aequales se- 
cetur, et quadrato EH^ aequale rectae AH adplicetur 
spatium figura quadrata deficiens, et sit jiZxZH 
itaque -^Z, ZH incommensurabiles sunt. iam per E^ 
Z, H rectis AF, B^ parallelae ducantur E&^ ZI^ 
HK, quoniam igitur AH rationalis est et rectae AF 
longitudine commensurabilis, AK rationale est. rursus 




17. EH] E e corr. V. 19. WvPV. 20. /[*?}%«*] om. V. ZH\ 
HZ F. ^1« P. E, Z] Z, E PFb, ia x«.^, m, ^^. ^^^. 
BJl eras. V, FB h, 23. olov"\ fe\x^Tc«i. ^ct, xsi, V^i. '^^ 
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SvvtaTazfa ovv ro {ilv AI tCov tfrjtKyojvov ro AM, 
ra Se ZK i'0ov «(prjQija&o} ^eqI t^v airifv yavCav 
Tr\v vTto Tiav AOM to NS. ntQl tjji' avTriv aga Sia- 
(itzi/ov ieri ra AM, NS rtrQtiyaviic. icrta avtiBv 
5 SidfiETQOs ij OP, xal xtttaye'}'Qa^9a to ex^fta. ixel 
ovv t6 V7t6 riav AZ, ZH i^aov istl rp ano ttJi; EH, 
avukoyov apw ierlv aq 7j AZ jtjios r^r EH, ourtog 
1) EH TtQog riiv ZH, ai.2.' (os ^tv ij AZ repog rrjv 
EH, ovzas ^ffT^ ro AI :zq6s z6 EK, ag Sh 7j EH 

10 Jipoj Tj)v ZH, ovtai Effrl ro EK jrpoj to ZK' rtov 
aQtt AI, ZK (i^aov avdkayov iati to EK. tSzi di 
xal rcav AM, NS rttQayinvoiv ^iaov avdXoyov ta MN, 
xttl iariv teov ro fitv AI ta AM, ro dt ZK tm NS' 
xal ro EK UQa teov itSrl z^ MN. aUd ra filv EK 

15 taov s^tfTi To ^&, ta di MN i'aov iatl ro AS' oAoi' 
aQtt td z/JC fooi' iatl ta T^X yvafiovi xal ta N3. 
intl ovv oAov to AK iaov iatl zois AM, NS tttpa- 
ymvois, cov to JK tCov iazl za T'^X yvdfiovi xal 
t^ N S rstQaymva, Aotjroi' aga ro AB toov iatl ta 

20 2JT, tovriati ra dn^ i^s AN zttQayiDV^' ij AN aQa 
Svvarai. tb AB %faQlov. 

Aiya, oti, ^ AN a}.oy6s ioriv ij xaXovftivtj ikdasav. 

'Enal yaQ pijTov iezi zo AK xai iaziv taov rotg 

dito tmv AO, ON zetQaycivois, ro epa avyxtifitvov 

86 ix tiav «reo rav AO, ON ^ijtov iariv. ndkiv, inel 
ro ^K [liaov iatlv, xaC iartv taov to .dK rip dlg 
va6 zav AO, ON, zb uQa dlg imh zmv AO, ON fiiaov 



2. Poat ZK raa. 1 litt. F. 3. Tm*] om. BFV. AO 
p et, Bupra acr. M, b. to] e corr. m. rec. b. 4. lati] sln 

5. i] m. rec. P. 7. AZ] AH, Bupra sct. Z, b. 
^ZD. P. 8. AZ] Z ju raa. F. %. (wxois'^ ovtia? iotlv 
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quoniam ^H^ AF longitudine incommensurabiles sunt, 
et utraque rationalis est, ^K medium est [prop. XXI]. 
rursus quoniam AZ^ ZH longitudine incommensura- 
biles sunt, AI ei ZK incommensurabilia sunt [VI, 1; 
prop. XI]. iam construatur quadratum AM=AI, et 
spatio ZK aequale auferatur NS in eodem angulo 
positum AOM. itaque quadrata AM, NS circum 
eandem diametrum posita sunt [VI, 26]. sit OP 
eorum diametrus, et describatur figura [cfr. uol. I 
p. 137 not.]. iam quoniam AZx ZH = EH^^ erit 
AZ : EH=- EHiZH [VI, 17]. est autem AZ : EH 
= AI: EK, EH: ZH=EK: ZK [VI, 1]. quare EK 
medium est proportionale inter AIj ZK. uerum etiam 
MN medium est proportionale inter quadrata AM^ 
NS [prop. LIII lemma], et AI^AM, ZK = NS. 
quare etiam EK= MN. uerum jd@ = EK^ AS=MN 
[I, 43]. itaque ^K = TOX-^ NS- iam quoniam 
est AK=AM+NSj quorum JK=T^X+NSy 
erit AB = UT = AN^, ergo AN quadrata spatio 
AB aequalis est. 

dico, AN irrationalem esse minorem, quae uocatur. 
nam quoniam AK rationale est, et AK = AO^ -f- ON^^ 
AO^-^- ON^ rationale est. rursus quoniam ^K medium 
est, et ^K = 2AOxON, 2AOxON medium est 

iart] om. V. AI] sapra scr. r b. EH] E e corr. F, 
ras. 2 litt. V. 10. 66ti] om. V. 11. icriv P. 12. ts- 
tQocymvojv] om. V. 13. AiyATF. NlSl] N in ras. V. 14. 
i^aov iat£] iativ taov F, taov v . tm] (alt.) ro corr. in tov (?) V. 

15. iatC] om. V. rd] rw V.' 0JB, tm] corr. ex 
rd m.^ 1 Y , rd P. iat£] om. V. rd] rm P. ' 20. ts- 

tQuytovqi] om. V. 22. AH F. dvdXoyog Fb. 24. x«.^\ 
tov P. 26. ON tstQuytovaiv V. 4gxi ^NXi^ ^csto::^,^. ^- 
iat^v] comp. F, iat£ PB Vb. to J K\ om.N . tS\ ^ ^^^«^ 
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i0tLV. xal iitsl davfi^stQOV iSsixd^rj ro AI t^ ZKy 
ci6vfi^stQ0v aQa xal tb ano r^g AO t^Qaytovov rc5 
dnb t^g ON tstQaycivc). aC AO^ ON aQa Swd^t 
slolv daviiiistQov TCOLOveat tb iisv evyxsifisvov ix tAv 
6 dit avtciv tstQayoivov Qr^tov, ro Sh Slg vx* avtdv 
fis6ov. fj AN aQa akoyog i^tiv 7] xaXoviisvi] ikd66a)v' 
xal Svvatai tb AB %(oqlov. 

\H aQa tb AB xcoQtov Svvaiisvri iXdeacav ictlv" 
OTtSQ iSsL Ssti,aL. 

10 Qf'. 

^Edv %GiQCov nsQLS%ritaL vTcb Qrjf^g xal dno' 
toiifjg TtsiiTCtrig^ fj ro %o>()t'ov Svvaiisvrj [fj] iiBtd 
^ritov IIS60V tb oAoi/ noLOv6d i6tLv. 

XcoQLov yaQ ro AB 7tSQLS%s6^G) VTtb ^rjt^g t^g 

Ib Ar xal dTtotoiiijg Tti^Tttrjg trjg AA' Xsyai^ ott fj ro 
AB %C3QL0V Svvaiisvrj [fj] fistd Qi^tov iis6ov tb oXov 
noLOvod i6tcv. 

"E6tG) yaQ tfi AA 7tQ06aQ^6^ov6a fj AH' at ccQa 
AH^ HA ^rjtai s16l Svvd^sL fiovov ^v^i^stQOL^ xal ^ 

20 7tQo6aQ^6^ov6a ^ HA 6viiiistQ6g i6tL ^i^xsl trj ixxsL- 
lisvrj QT^tfj tfj AF^ fj Ss oki^ fj AH tfig 7tQ06aQ^O' 
^ov6rig ti]g AH ^st^ov SvvataL rc3 d^tb d6viifistQov 
savtfj. idv aQa rc5 tstaQtG) ^sqsl tov aTtb tfjg dH 
i'6ov TCaQa trjv AH 7CaQapkrid^fj iXkst7Cov sHSsl rsrpa- 



1. lczl BVb, comp. F: 2. (rvfiucr^oi; B, corr. m. 2. apix 
iexl V. xBxqoLy(ovov\ om. V. 3. aavfifisxQoC slai> dvvdfjksi V, 
deinde del. m. 2: dia x6 Ssvxsqov ^'smQrina xov §ipX£ov. 6. 
AH ¥. dvdXoyog P, sed corr. 7. AB] B corr. ex F m. 2 P. 
8. iax£ B. 9. onsQ idsi dc^Jat] comp. P, om. BFVb. 12. 
fj] (alt.) om. FVb, m. 2 B. 13. iaxt BV, comp. Fb. 16. 
v) pm. FVb, m. 2 B. 20. HJ] in ras. m. 1 b, JH P. 
/iffxsij om. V, 21. A r fni>i8t V . VL^ w^^kxs^tysi ^^^ort.TSi, ^. 
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et quoniam demonstrauimus^ ^I et ZK incommensu- 
rabilia esse, etiam AO^^ ON^ incommensurabilia sunt. 
itaque AO, ON potentia incommensurabiles sunt ef- 
ficientes summam quadratorum rationalem, duplum 
autem rectangulum medium. quare AN irrationalis est 
minor, quae uocatur [prop. LXXVI]. et AN^ — AB. 
Ergo recta spatio AB aequalis quadrata minor 
est; quod erat demonstrandum. 

XCV. 

Si spatium recta rationali et apotome quinta com- 

prehenditur, recta spatio aequalis quadrata recta est 

cum rationali totum medium efficiens. 

Spatium enim AB recta rationali -^F et apotome 

quinta AA comprehendatur. dico, rectam spatio AB 

aequalem quadratam rectam esse cum rationali totum 

medium efficientem. 

nam AH rectae A^d congruens sit. itaque AH, 

Hjd rationales sunt potentia tantum commensurabiles, 

jE Z ®t congruens HA rationali 

propositae A F longitudine 
commensurabilis est, tota au- 
tem AH quadrata excedit 
congruentem AH quadrato 
rectae sibi incommensurabilis 
[deflf. tert. 5]. itaque si ^^H^ 
aequale rectae AH adplicatur 
spatium figura quadrata de- 
ficiens, in partes incommen- 
surabiles eam 4x»fA&V ^st^"^* 

XVIIIJ. ^B fgitur in puncto E m ^\x^^ ^^^^^ ^^^^^'^ 
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Y(avci, sls aev(i(iBrQtc avzi]V Suktl. tfrfiijtf^ro ovv ff 
/JH Si%a xttric ro E atj^ietov, xal rto K7t6 r^s EH 
taov aaga rijv AH %aQa^B^h]a%a blkBtTCov stdei rs- 
Tifayava} xal taTco ro vito rtSv AZ, ZH' a0v[i(i6TQog 
5 nga ierlv t] AZ rf/ ZH ji^xst. xal ixsl aevfifisTQog 
iariv 1} AH rfi FA ftijxsi, xaC slstv ttfiipozsgai. Qtjrai, 
(ideov ttQct iarl t6 AK, jiahv, izsl p^r?; iaziv ^ 
.^H xttl evft(isrQog TJj AF (f^xst, ^tjtov iert ro ^K. 
avvsardra ovv Ta fisv AI tOov rsTpdyavov ro AM, 

10 rra Sh ZK taov tsrQayavov Kqjjjp^oS-w ro NS WEpl 
rijv avTi]v yaviav rijv vno AOM' tisqI ri]v avr^v 
apK StKftETQOv iazi ra AM, N^ TBTQayava. iOrm 
avreov SiafisTQog ^ OP, xal xaTaysy(fdip9ia ro axijfKt. 
ofioimg Stj Ssi^o(isv, ort ^ AN SvvaTai rh AB xmpiov, 

18 Asyia, oTi r] AN 7] /tETa pijroi) (liaov ro '6i.ov 
xoLoved iettv. 

'Ensl ydp jittfof iSsCx@-r] ro AK KaC iartv taov 
xotg dno rav AO, ON, to apa avyxsCfiEvov ix rav 
dao rrav AO, ON (isaov ierCv. ndkiv, inel pijrov 

20 ioti To zlK xaC iattv teov rp Slg vnb tmv AO, ON, 
xul uvro Qtjtov iariv. xal insl devfiftsrQov iart ro 
AI ra ZK, devftftstQov «p« ietl xal to dito rijg AO 
ra ditb t^g ON' aC AO,ON dga Svvdfisi fialv dsvfi- 
(isTQOt xoioveai rb filv evyxsC^svov ix twv dn avriav 

25 TBTQayavav fiiaov, ro Si Stg vn ainav pijrdi'. ij 
lotxi] KQa r] AN aloyog ietiv 7] xalovfiivTj fiBva 

1. PoBt Siilei del. fiijMft Y. S. AH} H e corr. m. 1 T. 

4. id] corr. ex xm P. ^- ''v} Bopra scr. m. 1 b. Poat 
li^nti add. xori ^x^aiiiav Sia no» E, Z. H t^ A F {A h) napcU- 
Ijjloi ttf £0, Z/, HK b, mg. FV, 6. Fa) in ras. V, AFP. 

5. Ante trv/i/ifTf os ras. 1 litt. V. (te<x iari Vb, m. 2 F. 9. 
/arario b, latw V. 10. tETeavcovoii^i bm^t». ^m.^. -A tIS'\ 
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secetur, et quadrato EH^ aequale rectae ^H adplicetur 
spatium figura quadrata deficiens et sit AZx ZH. 
itaque AZ^ ZH longitudine incommensurabiles sunt. 
et quoniam AH^ FA longitudine incommensurabiles, 
et utraque rationalis est, AK medium est [prop. XXI]. 
rursus quoniam ^dH rationalis est et rectae AF lon- 
gitudine commensurabilis, jdK rationale est [prop. 
XIX]. construatur igitur quadratum AM — AIj et 
spatio ZK aequale auferatur quadratum NS in eodem 
angulo AOM positum. itaque quadrata AM^ NS 
circum eandem diametrum posita sunt [VI, 26]. sit 
OP eorum diametrus, et describatur figura [uol. I 
p. 137 not.]. eodem igitur modo demonstrabimus, 
esse AN^ = AB, 

dico, AN rectam esse cum rationali totum medium 
efficientem. quoniam enim denionstrauimus, AK me- 
dium esse, et AK = AO^ + ON% AO^ + ON^ medium 
est. rursus quoniam jdK rationale est, et 

AK = 2AOxON, 
hoc et ipsum rationale est. et quoniam AI, ZK in- 
commensurabilia «sunt, etiam AO^, ON^ incommensu- 
rabilia sunt. quare AO^ ON potentia incommensu- 
rabiles sunt efficientes summam quadratorum mediam, 
duplum autem rectangulum rationale. itaque reliqua 



om. Theon (BFVb). 11. vno xmv BFb. AOM to NIS 
{MS q>) Theon (BFVb). 12. im] slat in ras. m. 2 V. rd] 
in ras. m. 2 V. AM] A in ras. m. 2 V. 18. avyTtsifisvov 
om. V. 19. iat^ BV, comp. Fb. 21. avto] ro dlg aQcc vno 
tmv AO, ON Theon (BFVb). iari PBV, comp. Fb. 22. 
AI] mut. in ^E m. 2 F, i^E b. 23. ON] (priua^ ft cw.,"^ .^ 
25. ^] om. B. 26. }ialovii,iv7\\ 11«- ^xx-^x^ 5^^x» m. Y N^^ \ 
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^Ti\xov 11860V r6 okov TtoLovaw xal Svvatat ro ^B 
XCDQiov. 

^H xo AB aQa xoq^ov Svva^svi] ^sta Qrjtov (idcov 
to oAov it0L0v6d ietLV otcbq iSsv Sst^ai. 

5 Qsr'. 

^Eav xcoqCov nsQLBX'^'^(^f' ^^^ QV^VS ^«^ ccTto- 

toiiijg sxtrig^ 17 to x^Q^ov Svvaiiivri (ista fid6ov 

'IIS60V ro oAoi/ TtOLOvcd ietLV. 

^ XoqCov yccQ to AB TtsQLSxscd^o vTtb Qtitijg tijg AF 

10 ocal aTtoto^^g sxtrjg trjg AA' XiycOy otL r] tb AB 

XGiQLOv Svvaiiivrj [rj] iistd (ii6ov (ii6ov tb o^ov 7tOLOv0d 

i6tLV, 

''E6tGi yaQ tri AA 7tQO(iaQ\i6%ov6a r\ AH* al &Qa 
AHy HA ^ritaC sl6L SvvdfiSL (lovov 0vii(istQOL, xal 

16 ovSstiQa avtcov 6v^(istQ6g iotL tfj ixxsLiiivy Qrjtfj ty 
AF iLiqxsL^ rj Sh oXrj rj AH trjg nQ06aQiio%ov6rig trjg 
zj/H ^st^ov SvvataL rc3 djtb dcvfifiitQov savtfj fi^^xsL. 
iTtsl ovv rj AH trjg Hzj/ ^ist^ov SvvataL rc5 dxb d^vfi- 
liitQOV iavtfj firjxsL^ idv aQa rc5 tstdQto) (liQSL tov 

20 djtb tfjg AH t6ov naQa trjv AH xaQapXrjd^fj ilXslnov 
slSsL tstQaycivG)y slg deviiiistQa avtrjv SlsXsI. tst^i^ffd^ci} 
ovv fj AH SCxa xatd tb E [0rjiistov]^ xal rc5 dnb tr^g 
EH i'6ov TtaQa trjv AH TtaQa^spX^^ad^G) ilkstnov stSsi 



3. dqa ro AB V. apa] om. PB, m. 2 F. xmqCov 
ccQoc B. 4. onsQ idsi dstioci] comp. P, om. BFVb. 6. 
v7t'F. 8. Itfn BV, comp.Fb. 9. AB] ABrP. 10. STttTjg 
TTJg] corr. ex ?xti?s m. rec. P. H. »?] om. BFVb. 14. 
Hccl ovisriQa] in ras. F. 16. avtoov] tcov AH, Hd BVb, e 
corr. F. 16. tfjg] Talt.) xrJL F, 17. avfiiisxQOv P. ^avtov P. 
J8, /^s/ — 19, fiTjTtsC] mg. m. ^ B. 19. lavxfiq B, savtov P. 
rovj T^ b, 20. AH"] J H B. iia9cii^tt>.«ov^%v "^ , ita^u.- 
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AN irrationalis est cum rationali totum medium ef- 

ficiens, quae uocatur [prop. LXXVII]. et AN^ == AB. 

Ergo recta spatio AB aequalis quadrata recta cum 

rationali totum medium efficiens est; quod erat de- 

monstrandum. 

XCVI. 

Si spatium recta rationali et sexta apotome com- 
prehenditur, recta spatio aequalis quadrata recta est 
cum medio totum medium efficiens. 

Spatium enim AB rationali -^F et sexta apotome 
Ajd comprehendatur. dico, rectam spatio AB aequalem 
quadratam rectam esse cum medio totum medium 
efficientem. 

nam ^H rectae A/l congruens sit. itaque AH^ 
HA rationales sunt potentia tantum commensurabiles, 
A d E Z H et neutra earum rationali pro- 

positae AF longitudine com- 
mensurabilis est, tota autem 
^ff congruentem -^if quadrata 
excedit quadrato rectae sibi 
longitudine incommensurabilis 
[deflf. tert. 6], iam quoniam 
AH^ excedit HA^ quadrato 
rectae sibi incommensurabilis 
longitudine, si \AH^ aequale 
rectae AH adplicatur spatium figura quadrata deficiens, 
in partes incommensurabiles eam diuidet [prop. XVIII]. 
AH igitur in puncto E in duas partes aequales se- 
cetur, et quadrato EH^ aequale rectae AH adplicetur 




To F. 23. taov] om. V. l'aov lUEtito-w N . 
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retQaydva), xal ^tfro) to vxb xAv AZ^ZH* a6v^[iszQog 
aga ietlv fj AZ ty ZH iii]K€i. mg dl ii AZ TtQog 
trjv ZHj ovtcog i6tl ro AI TtQog ro ZK' d6v^^€tQOV 
aga i6tl ro AI tp ZK, xal insl at AH, AP ^tjftai 
5 d6v dvvd^SL iiovov 6viiii6tQ0Ly (ie6ov i6tl xo AK, 
ndXiVj iTCsl at AF^ AH ^rjtai b16i xal d6v(iii6tQot 
fit^xf^, ^e6ov i6tl ocal ro jdK, iscBl ovv at AH^ H^ 
dwdfLBL ^oi/ox' 6viiii£tQ0L sl^LV^ d6v^fi€tQog aQtt i6x\v 
rj AH tij Hzj/ (ir]xsL. mg 61 ^ AH ngog trjv H^, 

10 ovtcjg i6tl tb AK TtQog ro KA' d6vii(iatQ0v aga 
i6tl ro AK rc5 KA, 6vv86tdtcj ovv tS iihv AI 
t6ov tstQdycavov tb AM^ x6 81 ZK Jl6ov d(prjQi^6^c(i 
TtSQl trjv avtfjv ycavLav ro NS* X€qI tijv avtrjv aga 
dLd^etQov i6tL td AM^ NS tetQdycnva, {6tc!) avxAv 

15 SLdyLBtQog i] OPy xal xatayByQdq^d^ca tb (J^c^fta. 6(ioia)g 
Srj totg indvG) Sei^o^BVj otL rj AN SvvataL tb AB 
XcoQiov, 

Aiyca^ otL rj AN [rf] ^Btd iis6ov fii6ov xb olov 

n0L0V6d i6tLV. 

20 ^EtcbX yaQ fii6ov iSsix^ri tb AK xai i6tLV t6ov 
totg dm t(Sv AOj ON^ ro aQa 6vyxBiiiBvov ix tav 
dnb t(3v AO^ ON fis6ov i6tiv. ndhv^ ijtsl fii^ov 
iSsixd^rj tb AK xai i6tLv t6ov Xip Slg vjtb x£v AO^ 
ON^ xal ro Slg vnb tcov AO^ ON fis6ov i6tiv. xal 

25 insl d6v^^BtQov iSsix^ri tb AK xp AK^ d^viiiisxQa 
[aQa] i6tl xal xa dnb tAv AOj ON tstQdyova x& 
Slg V7tb t(Dv AO^ ON, xal iTtsl d^v^i^stQOv i6tL ro 



1. davniiBtQov P, corr. m. 1. 2. ZH] HZ F. 3. AI'\ 

dno AI V, 4. ictiv P. AI] corr. ex AF m, rec. P. 6. 

AK"] corr. ex JK m. rec. P. 6. ndliv — 7. JK] om. P. 

m X^] JK 7. 1 1. JiC Jl cott. eiL zl K \ . Vi. a^-^f^xv^^oi 
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spatium figura quadrata d^ficiens, et sit AZX ZH, 
itaque AZ^ ZH longitudine incommensurabiles sunt. 
est autem AZ : ZH = AI:ZK [VI, 1]. itaque AI^ 
ZK incommensurabilia sunt [prop. XI]. et quoniam 
AH^ AF rationales sunt potentia tantum commensu- 
rabiles, AK medium est [prop. XXI]. rursus quoniam 
AF^ jdH rationales sunt et longitudine incommensu- 
rabiles, etiam /IK medium est [id.]. quoniam igitur 
AH^ Hjd potentia tantum commensurabiles sunt, AH 
et Hjd longitudine incommensurabiles sunt. est autem 
AH\Hjd = AK\Kjd [VI, 1]. itaque AK, KA in- 
commensurabilia sunt [prop. XI]. construatur igitur 
quadratum AM=AI, et spatio ZK aequale auferatur 
iVS* in eodem angulo positum. itaque quadrata AM, 
NS circum eandem diametrum posita sunt [VI, 26]. 
sit OP eorum diametrus, et describatur figura'[uol. I 
p. 137 not.]. eodem igitur modo, quo supra, demon- 
strabimus, esse AN^ = AB. 

dico, AN rectam esse cum medio totum medium 
efficientem. nam quoniam demonstrauimus, AK me- 
dium esse, et AK=A(^ + ON\ AO^ + ON^ medium 
est. rursus quoniam demonstrauimus AK medium esse, 
et AK = 2A0X ON, etiam 2A0X ON medium 
est. et quoniam demonstrauimus, AK et ^K incom- 
mensurabilia esse, et^^m AO^ -^ON^ et 2AOxON 
incommensurabilia sunt. et quoniam AI^ ZK incom- 

To NlSl V. 13. n£(f£ — yoavCav] om. Fb, mg. m. 2 B. avrjjy] 
(prius) avtijv rrjv vno AOM V. zo NlS}] om. V. 14. iatt] 
Blai V. XBtqdymvti] om. V. 16. dvvatai — 18. AN] mg. 
m. 2 V. 18. 17] (alt.) om. P. 20. HcovX udl. ^ ^ , ^. 
iatC PBVb, comp. F. 24. kcxl PBN , (iom^.^^i. n.^. «.^«\ 
om. BFVb, 
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AI rc5 Z/Il, d6v(i(ierQ0v &qcc xal tb dnb rflg AO r^ 
anb rfis ON' al AO^ ON a^a dvvdfiBV sl^lv dev^- 
(isrQOL noLOv6aL ro re ovyxe£(ievov ioc rc5v dn avxAv 
rerQaycivcDv (ie6ov ocal ro dlg im avr&v (ie6ov Sxi re 
6 rd diC ai;rc5i/ rerQaytQva d0v(i(ierQa r& dlg vn' avrciv. 
fi aga AN akoyog i^riv r] xaXov(ievrj fierd (ideov 
(ii0ov ro oAoi/ TtoLOvoa' xal dvvarac rb AB %(oqCov, 
^H aga rb %coqCov dvva(iivri (lard (lieov [ii6ov ro 
Skov Ttoiovod iariv OTteQ Idei det^ai. 

10 qg'. 

To dnb d7toro[iijg naQa Qrjrriv naQafiakXo- 
[levov TtXdrog Ttocet dn:oro(irjv TtQcirriv. 

"E6rG} d7toro(if} rj AB^ ^rjrrj dl fj FA^ xal rc5 dnb 
rrjg AB l'0ov naQa rrjv FA TtaQa^e^XrjfS^a) rb FE 

15 ^ldrog jtoLovv rf^v FZ* Xiyco^ ort fj FZ ajrorofitf i6ri 
jtQciri], 

"E6rG} yaQ rfj AB nQo6aQ^6^ov0a fj BH' al &Qa 
AH, HB Qrjrai el6L Svvd(iSL [lovov Ov(i(ierQOL. xal 
rc5 [isv ditb rfjg AH i'6ov naQa rfjv FA TtaQa^s^kr^ed-Gi 

20 ro r&^ rc5 8% dnb rrig BH rb KA. oAov aQa ro FA 
iaov iarl rotg dnb rcSi/ AH^ HB' ca»i/ ro FE t6ov 
i6rl rc5 dnb rijg AB' XoLTtbv aQa rb ZA l'0ov i0tl 
rp- 8lg ijTtb rciv AH^ HB. rsrni^ad^G) fj ZM 8C%a 
ocard rb N 0ri^stoVy xal ij^d^ip dta roti N rrj FA 

25 naQdXkriXog fj NS' sxdrsQOv ccQa rciv ZS^ AN 
i'0ov i0rl rc5 V7tb r&v AH^ HB. ocal iTtsl rd ditb 



2. ON^ (prius) 2V0P. 3. tb] fisv BFVb. avy^slfisvovl 
m. 2 V. 4. HuC] ins. m. 1 V. Iri] e- in ras. V. 6. AN] 
corr. ex AN B. 7. Troiovaat cp. 8. jCDQ^y] AB BPb, Ah 
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mensurabilia sunt, etiam AO^^ ON^ ineommensurabilia 
sunt. itaque AO^ ON potentia incommensurabiles 
sunt e£Qcientes summam quadratorum mediam et duplum 
rectangulum medium et praeterea quadrata et duplum 
rectangulum incommensurabilia. itaque AN irrationalis 
est cum medio totum medium effiicienS; quae uocatur 
[prop. LXXVni]. et AN^ = AB. 

Ergo recta spatio illo aequalis quadrata recta est 
cum medio totum medium efficiens; quod erat demon- 
strandum. 

XCVII. 

Quadratum apotomes rectae rationali adplicatum 
latitudinem efficit apotomen primam. 

Sit AB apotomC; Fd autem rationaliS; et quadrato 
AB^ aequale rectae FA adplicetur FE latitudinem 
efficiens PZ. dico, FZ primam esse apotomen. 

R jf nam ^if rectae-^B congruens 

• 1 • sit. itaque-^H^ff^rationalessunt 

Z_iV\if__M potentia tantum commensurabiles 

[prop. LXXTTT]. et rectae FA ad- 
plicetur F® = AH\ KA = BW. 
itaque totum rA = AW + HB\ 
quorum FE = A B^. itaque reliquum ZA = 2 AHx HB 
[II, 7]. iam ZM in puncto N in duas partes aequales 
secetur, et per N rectae P^ parallela ducatur NS, 
itsLq\xeZS = AN = AHxHB. et quoniam ^H^ + HB^ 



£ tOi & 



12. nost P, corr. m. 1. 17. AB] B in ras. V. BH] HB 
e corr. V. 19. AH] corr. ex AJ m. 1 F. 22. ZA] AZ P- 
23. tmvl om. P. ^ 26. ZS] ^Z F. AN\ ^w. ^3.^ A.^ 
26. tm anui ^^o V. 



Enclidew, edd. Heiberg et Menge. m. '^^ 
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zav AH, HB Qijta iotiv, xaC iari TOfs anb tmv AHj 
HB iaov to ^M, ptjtov aga iarl tb ^M. xal jrapa 
^jjTiji' zliv r^ napa^ifi^TjTCii aldzos wotovv iiji' PM' 
pijt^ apa iSxlv ij FAI xal avfifiEtpog tij F^ fii^xfi. 
5 Jitthv, intl fiiaov ietl rb dlg vnb rav AH, HB, xul 
T<p SXs VTtb tmv AH, HB tSov tb ZA, (lisov aQa tb 
XA. xai naQK ^rjtijv rijv F^ na^dxEirai nXdtos noiovv 
T^v ZM' erjit] aga ierXv ^ ZM xal cffiSftftjrpog tf} 
T/l \j.x\XEi. xa\ intX r« ftJv dnb tmv AH, HB Qyita 

10 iativ, rci &\ dt£ vnb rwi' AH, HB fiiaov, davfifiEtQa 
aga iatl ta dnb tav AH, HB ta dlg v^o tmv AH, 
HB. xal tots t^iv dnb tmv AH, HB leov iatl t6 
VA, T(5 Sc dlg vnb Trow AH, HB tb ZA' dav(iftttQov 
aga iatl to AM ta ZA. las 6i tb AM ngbg t6 

15 ZA, ovtms iarlv ij FM stpog t^v ZM. dav[iii{tpos 

aqu iatlv ^ FM tij ZM (i-^xti. xai tlaiv d^itpoTEQai. 

QtjtaC' al aqa FM, MZ gTjraC sCei $vvd(t£t [lovov 

eviifiatpoL' ^ rz UQK «jroiOftTj ieziv. 

Aiya di^, ort xal nQiotr}. 

20 'Esctl yag tmv dnb rmv AH, HB (liaov dvdXo\ 
iatt to vnb rmv AH, HB, xaC iett tip (liv dnb rijs 
AH iaov To T&, Itoj 6e dno r^g BH i'aov to KA, 
ta 6i vnb tSv AH, HB to NA, xal tmv r&, KA 
UQa ftieav dvdXoyov iort tb NA' ¥eriv aga rog to 

25 r& nQos rb N A, ovtjos to NA npos tb KA. dXX.' 
tjg (liv rb r& nQo; ro NA, ovras iatlv ^ TK scpbs 

1. 4riTK — 2. HB] mg. m. 2 B; 1. ieitr] iaii PBYb, 
corap. P. %u{ lari tois] toig Si V. 3. naeaiiiitat Theoa 
(BFVb); nafapeplrizai anpra add. m. 2 B. 6. «m] oorr. ei 
To FV. 8. {ativ] hrl Kal F. xal (Joitfifisiflos] bis b. 10. 
Jffn BV, comp. b, tlat F? (liaa P, et F, corr. m. 1. 11. 
cfaj om. B. iativ P. 12. wf\ y.o.L Uti 'B^^V. Wl 



'^'Of^ 
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rationale est, et ^Af = ^if^ + HB^y JM rationale 
est. et rectae rationali Fz/ adplieatum est latitudinem 
efficiens PM itaque FM rationalis est et rectae FJ 
longitudine commensurabilis [prop. XX]. rursus quon- 
iam medium est 2AHxHB, et ZA^2AHxHBy 
ZA medium est. et rectae rationali FA adplicatum 
est latitudinem efficiens ZM. itaque ZM rationalis 
est et rectae FA longitudine incommensurabilis [prop. 
XXII]. et quoniam Am + HB^ rationale est, 2AHxHB 
autem medium, AH^ -^- HB^ et 2 AHxHB incom- 
mensurabilia sunt. et 

rA = AH^ + HB% ZA = 2AHX HB. 
itaque AM^ ZA incommensurabilia sunt. est autem 
AM:ZA = rM:ZM [VI, 1]. itaque FM, ZM 
longitudine incommensurabiles sunt [prop. XI]. et 
utraque rationalis est. itaque PM, MZ rationales sunt 
potentia tantum commensurabiles. ergo FZ apotome 
est [prop. LXXin]. 

iam dico, eandem primam esse. quoniam enim 
AH X HB medium est proportionale inter AW et 
HB^ [prop. XXI lemma], et rS = AH\ KA = BH% 
NA = AHx HB^ erit etiam NA medium propor- 
tionale inter T®, KA. quare r@:NA = NA:KA. 
est autem r@:NA = rK:NM et NA:KA = NM:KM 
[VI, 1]. itaque rKxKM=MN^ [VI, 17] =iZM^. 

om. BFVb. 13. HB] corr. ex AB m. 1 b, HB taov V. 15. 
TTiv] om. B. 18. lcti BVb, comp. F. 21. itfrt] (alt.) icrrtvP. 

Tc5] corr. ex to m. 1 F. 22. t^ $1 vno tmv AH, HB taov to 
NA, Tc5 d\ dno xrjs BH taov to KA* naC htX, Theon (BFVb). 

24. NA] e corr. V. k^ariv — 26. rtQog to NA] mg. m. 
1 P. 26. NA] corr. ex AN Y. ovtoag — 26. NA\ m^. 
m. 2 B. 26. NA] corr. ex AN^. loxt-v^ m. 't ^ . ^ 
ras. 1 litt b. 
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tfjv NM' cog 6\ ro NA TtQog ro KA, ovtog ictlv 
17 NM ^Qog trjv KM' ro aga vnb t&v FK, KM 
t6ov i6tl rc3 ccTtb trjg NM^ tovti^ti rc5 tstaQto) ^iQsi 
tov &%i tijg ZM. xal i^jcel 6v[i[iBtQ6v iotc ro anb 
6 tijg AH ta aicb ti]g HB^ ^vfi^stQov [ieti] xal ro F® 
rc3 KA, (hg d^ tb F® ^Qbg tb KA^ ovtcog ^ FK 
^Qog trjv KM' 6v^^stQog aQa ictlv 17 J^K ty KM. 
insl ovv Svo svd^slav avviSoC sl6iv at FM^ MZ, xal 
t& tstaQtfp (liQSL tov anb trjg ZM i'6ov naQa triv 

10 FM TtaQafiifilritai iXkslnov slSsi tstQaydvo) ro vnb 
tciv FK, KMj KaC ioti av(i(istQog 17 FK tfj KMj 
ri aQa FM trjg MZ (ist^ov dvvatai rc3 anb 0v^^itQOv 
iavtfj ^rjKSL. ocaC i6tLv fj FM 6v^^stQog tfj iTcxsciiivy 
^rjtfj tfj rj (iiixsL' fj aQa FZ aTtoto^i^ i6tL ^Qcitrj. 

15 Tb ccQa a%b ccTtotoiifjg jtaQcc ^rjtriv naQaPaXlo^isvov 
Ttldtog TtoLSL ccTtoto^rjv nQcitriv OTtsg s8sl dst^ai. 

Tb anb (liorjg a7totO(irjg TtQdtrjg itaQcc ^rjtrjv 
TtaQafiaXXofisvov TtXdtog noLSt aTtotoiirjv 8sv- 

20 tiQav. 

^Eato ^i^rjg dnoto(irj JtQcitrj fj AB, Qrjtri 8s fj Fjd, 
xal rc5 aTtb trjg A B toov itaQcc trjv FA TtaQa^s^Xr^Cd-Gi 
tb FE TtXdtog noLovv trjv FZ' Xiym^ ort fj TZ dno- 
to(ifj iiStL 8svtiQa. 

26 ''Eato yccQ tfj AB XQoCaQ^o^ovaa fj BH' at aQa 
AHj HB (liaaL slal 8vvd[isL (lovov cv^ifistQOL ^rjtbv 
nsQLi%ovOaL, xal rc5 (isv dnb trjg AH taov jtaQcc tfjv 



1, coff Ss — 2. KM] om. F, uidetur fuisse in mg. 2. Post 
prine KM add. xal wg oQa -fj T K «qos x^ TSf M VM^ ^^, «i^wq \ 
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et quoniam AH^^ HB^ comiuensurabilia suut, etiam 
rSy KA commensurabilia sunt. est autem 

r®:KA = rK: KM 
[VI, 1]. itaque FKj KM commensurabiles sunt [prop. 
XI]. iam quoniam sunt duae rectae inaequales FM^ 
MZj et \ ZM^ aequale spatium rectae FM ad- 
plicatum est FKxKM figura quadrata deficiens, et 
FKy KM commensurabiles sunt, FM^ excedit MZ^ 
quadrato rectae sibi commensurabilis longitudine [prop. 
XVII]. et FM rationali propositae FA longitudine 
commensurabilis est. itaque FZ apotome est prima 
[deff. tert. 1]. 

Ergo quadratum apotdmes rectae rationali adpli- 
catum latitudinem efficit apotoinen primam; quod erat 
demonstrandum. 

XCVIII. 

Quadratum mediae apotomes primae rectae rationali 
adplicatum latitudinem efficit apotomen secundam. 

SitAB mediae apotome prima, FA autem rationalis, 
et quadrato AB^ aequale rectae FJ adplicetur FE 
latitudinem efficiens FZ. dico, FZ apotomen esse 
secundam. 

nam BH rectae AB congruens sit. itaque AHy 
HB mediae sunt potentia tantum commensurabiles 

NM TiQog triv KM FVb. 3. zovtBGxLv P. 4. ffv/itfierpog P, 
corr. m. rec. ^eriv P. 6. iaxi'] om. P. 11. itfrtv P. 

cccviifiSTQog P. 12. FM] MF e corr. V; KM supra scr. 
r b. MZ\ ZM F. doviiiiitQOV b, a- add. m. 2 F. 15. 
nuQa (ritrivj om. V. 16. onsQ ^dsi dsiiai] comp. P, om. 
BFVb. 21. (liari BFVb. 22. Poat ua^a. e^!^. tgtvTs^.V"^^ 

rj] TM F. 23. PE] corr. ex P© m. x<i^. ^ . ns..;^^ 
corr, ex ZH m. 2 V. ox ccQa^i a^a n ^- '^'^* ^^'^^'^ 
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rp Ji anb rijs HB faov ro KA icXdros Kototic tijv 
KM' okov aQa ro F^ i'<Sov iarl Tofs kjto tcow ^H, 
HB' (lieov «pK xttl to Fji. xal Ttapa ^ijr^v r^v fz/ 
5 nagaxiirai jrlarog woioiiv r^v ^3/' piJTij apa iarlv 
71 VM xal dav^jiSTpas rfi rd (t.-qxBi. xai insl rb FA 
tCov iarl rotij a.To rav AH, HB, atv t6 «no rijs AB 
taov iarl T(J FE, AotwAi' npa to dls vnb rai' AH, 
HB taov iarl rp ZA. pijTov 8i [/fftt] to Slg vnb 

10 T(5v y^ii", HB" pijTor apcfi t6 Z^i. xttl na^a pijT^r 
tijf Z£ naQttxsirai nldtos noiovv rijv ZiM" ^ijrij a^a 
iarX xal 7} ZMxal av[ifierQOs t;j Fz/ (i-^xtt. insl ovv 
ra ^lv anb rmv AH, HB, rovtiati ro FA, [liaov 
iarCv, tb d\ Sls vnb rmv AH, HB, rovriart, ro ZA, 

15 ^ijTor, aavfifiBrifOv aga iarl rb FA ra ZA. ms dh ro 
PA ngbs ro ZA, ovrms iatlv ij FM ngbq ri]v ZM' 
KOufijifrpos aQa rj VM r^ ZM [i^xei. xai Blaiv ttfi- 
qiorfQat ^Tjra^' ai uqk FM, MZ prjtai elm dvva^^^^ 
[iovov 0v(i[ierQOf rj FZ aQU anaro^ri iotiv. ^^M 

20 Aiyo} djf, CT( xttl 6tvtiQa. ^^| 

T(TfHjfl&ra yaQ ^ ZM dixa xttta tb N, xal ^jjffo 

dtK Toii N t^ r^ JTapaA/ijAos ^ JV^' ixdtBQOv ap« 

tmv ZS, NA taoi- iarl rro vnb rav AH, HB. xal 

insl rmv ano rmv AH, HB rstQayiovav [liaov ava- 

1. To &iia pE0lf,<s9^<ii ip. ri r9] om. V, sapra est raa. 
r^] FK To r& V. 3, FA] rj b. 4. Post HB add. 
Kai hti ra dnh rav AH, HB ^ha «a! ha rio FA V. 5. 
eV?] -T^ iu raa, P. 6. v FM «ai] m. 2 F. 8. ^arl t£ 
r£J 1(5 rE wv ip. 9. iexi] om. P. 10. apo] iffri Koi V, 
supra add. a«a m. S; a^a NaiT? (kki». 12. letiv B. 14. 
iflr/PBFV, comp. b. HB ^T,tov V. ZA] r.l, aupra 8cr. 
" ' 15. pV"»'] om- '^- o^ea"\ la. ^ F. V6. nqos tol 



VI. gia^l^^tti)ti% — 



ELEMENTORUM LIBER X. 



311 



B 



H 



Z N K M 



E ISJ A 



spatium rationale comprehen- 
dentes [prop. LXXIV]. et qua- 
drato AH^ aequale rectae F^ 
adplicetur F® latitudinem efficiens 
FKj quadrato autem HB^ aequale 
KA latitudinem efficiens KM. 
quare totum FA = ^ff^ + HB^. quare etiam VA 
medium est. et rectae rationali F^ adplicatum est 
latitudinem efficiens FM, itaque FM rationalis est 
et rectae F^ longitudine incommensurabilis [prop. 
XXII]. et quoniam est 



FA = AW + HB 



2 



quorum AB^ = FE, erit reliquum 2 AHx HB = ZA 
[II, 7]. uerum 2 AHxHB rationale est. itaque Z^ 
rationale est. et rectae rationali ZE adplicatum est 
latitudinem efficiens ZM. itaque etiam ZM rationalis 
est et rectae FA longitudine commensurabilis [prop. 
XX]. quoniam igitur AH^ -{- HB^, hoc est FA, me- 
dium est, et 2 AHxHB, hoc est ZA, rationale, FA 
et ZA incommensurabilia sunt. est autem 

rAiZA^TMiZM 
[VI, 1]. itaque FAf, ZM longitudine incommensura- 
biles sunt [prop. XI]. et utraque rationalis est. itaque 
FMj MZ rationales sunt potentia tantum commen- 
surabiles. ergo FZ apotome est [prop. LXXIII]. 

iam dico, eandem secundam esse. ZM enim in N 
in duas partes aequales secetur, et per N rectae F^ 
parallela ducatur NS. itaque Z^—NA — AHxHB. 

mg. m. 2 B. 18. aoa] qp, post MZ hab. F. \a. Uxv^'^"^^ 
comp. P. 20. oti htC Vb. dfi-ox^oi 4<sxU ^. ^l&.T^^^rs. 
Z in ras. B, 24. insC] hi B (isupxa» ^«\. x^^>i. 
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Aoyov isTt ro vno rav AH, HB, xai ietiv tdov rh 
(ikv «JTo r^s AH ta f®, t6 Sl irco totv AH, HB 
ira NA, to 5; &7t6 rijs BH ta KA, xal thov T®, 
KA aga fiicov dvaXoyov iOTt, t6 NA' bOtiv KQct tog 
5 ro r& XQOS ro NA, ovTas to NA zgog ro KA. 
aXV lag iiiv t6 r& srpos t6 NA, oiirog /urEi' rj VK 
a(f6s Tijv NM, ms Sh to NA a^ag ro KA, oikats 
iOTlv {] NM Jtpos rijv MK' ag aga rj FK ngog r^ 
NM, ovT(a$ 36tIv t] NM ropog r^v KM' ro aga vxo 

10 twv FK, KM taav isTl rp ano r^g NM, Toms'6ri 
T^ TfTftprp (li^ai Toii anb t^g ZM [xal intl avfi- 
(terpov itlTi ro aab r^g AH ra anb r^g BH, avjiiis- 
Tpo'v ^iiTt xal ro r& rto KA, tovtb<Stiv rj FK t^ KM]. 
ijttl ovv dvo sv&Etttt liviaoi iCciv td FM, MZ, xal 

15 TM TBTaQT^ tiiffEt roC aitb zijg MZ iGov aaga t^v 
fiEitavtt rijv FM Ttagtt^i^XtjTai. ilistjtov eiSet Tsrga- 
ydv^ ro vicb rmv FK, KM xal sis tvfiiiSTga avrijv 
diaitfst, rj aga FM rijg MZ itst^ov Svvarai, rra dit6 
evfifiiTpov iavT'^ jiTixsi. xai ietiv ^ aQaeaQ^6%oveai 

20 1] ZM eviiHBTQog fujxft tij ixxsi^ivri p^Tjj tyj f^' ij 
«pa rZ airoTOfi^ iart Ssvrsga. 

Tb aQtt anb ftefljjs d^oTOfiijg jrptoTTjs aaga pijr^v 
itapa^aM6[iEvov nkdtog moiti dxorofiiiv Ssvrigav 
oitsff sSsi Sst^ai. 

25 ««■'. 

Tb ditb jiieyjs dnoTonijg Ssvrigag KUQic 
QTjtijv jiaQa^aXloiiEvov xXaTog xoisi: dnoTOfi^v 
rQitrjV. 

1. ioTi»] iazi V. fffo*] Bnpra acr. m. 1 V, 2. tp] in 
rai. y. 3. Tffl] nBv mnt. m to m. 1 V. ro'] im P. im] 
ro^PF. zafft^ b. 5. lo NA^ t,ia.\W mg. m. ZF. b^e 
-j jr.^J rd iV^ y. Deinde deV.-m,\-- aU' U14 V^-» t'" Te ■miji^ 
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et quoniam AHxHB medium est proportionale inter 
AH^ et HB^ [prop. XXI lemma], et AH^ ^ r&, 
AHxHB = NA, BH^ = KA, etiam NA me- 
dium est proportionale inter F®, KA. itaque erit 
re:NA = NA:KA. uerum r®:NA = rK:NM, 
NA:KA^NM:MK[YIjllq\X2iYerK:NM=NM:KM. 
itaque rKxKM=NM^ [VI, 17], hoc est =^ZMK 
iam quoniam sunt duae rectae inaequales FM, MZ, 
et \MZ^ aequale maiori FM adplicatum est spatium 
FKxKM &guica, quadrata deficiens et eam in partes 
commensurabiles^) diuidit^ FM^ excedit MZ^ quadrato 
rectae sibi commensurabilis longitudine [prop. XVII]. 
et congruens ZM rationali propositae FA longitudine 
commensurabilis est. itaque FZ apotome est se- 
cunda [deff. tert. 2]. 

Ergo quadratum mediae apotomes primae rectae 
rationali adplicatum latitudinem efficit apotomen se- 
cundam; quod erat demonstrandum. 

IC. 

Quadratum mediae apotomes secundae rectae ra- 
tionali adplicatum latitudinem efficit apotomen tertiam. 

1) Nam AH* et BH^ cominensurabilia smit, et 
AH^:BH^:^rG:KA^rK:KM 

[VI, 1]; tum u. prop. XI. 

t6 NA, ovroag xb NA ngoe to KA V. 8. NM'] N in ras. V. 

9. BGtCv] om. V. 11. Tov] Tc5 F. xal ^nsC — 13. 

KM] om. P. 12. iiTTt] om. Fb.' Post BH del. owtcos 
m. 1 V. 13. iatC\ supra scr. m. 1 FV. 14. dvo BvQ^Biail 
supra scr. m. 1 F. %al tc5] t& di BFVb. 16. trig] e corr. V. 

MZ] corr. ex ZMY. ' 17. to] mut. in tw m. 2 P. 18. 
tT\q\ corr. ex tw m. rec. V. 20. Mg. yq. a«'u\Lv*%x^Q^ ^.V^- 

TA] rj iirpiBi g>, 22. «QooxTjst ^^- ^ » ^i^. "^•r.%^ \^^>- 
atigatj :y^ P, om. BFVb. 
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"Eeta (is0rji aaotofiij SivrtQtc ij AB, pijtii dh ij 
r^, xal rip Kito t^ij AB tOov TtuQa tijv Fz/ sia^KE- 
^t^X^^e&oi To FE OT^aros noioijv rijv fZ" kiym, on 
i\ rZ anotofiij ieri TpCnj. 
6 "Esta yuQ zfi AB npoaaQ(i6^ove« tj BH' a{ apa 
AH, HB (lieui lial dvvajiet (lovov avttfiBtQoi nieov 
mpidxovaai. xal ta fiiv ano rijg AH i'aov ^aQa rijv 
VA xaQa^s^kriO&a to r& jrZ«rog noiovv njv FK, 
T(5 di anb rijg BH laov naQu rijv K& ;rapft/3E/5Aff(J*i» 

10 tb KA nldtoq noioiiv tijv KM' oAoi' «pa ro FA tOov 
isrl tot^ anb rioi' AH, HB [xai iati \iiaa ta anh 
rav AH, HB]' fiEeov aga xal tb FA. xal %aQK Qi}Tf}v 
tijv FA TtUQafii^Xrjtai nXdros notovv tijv FM' pijT^ 
Squ iatlv i) FM xal aevfififrQos rij TA fitjxft. xal 

15 i:!tA olov rh FA taov iatl Tof^ aitb tmv AH, HB, 
civ tb FE taov iatl ra Anb tijg AB, Komiv aQtc tb 
AZ i'eov iarl rto dlg vnb rmv AH, HB. tir(i^a9a 
ow ij ZM dCxa ««tk t6 N erjfiEtov, xal r^ FA jtagai- 
Aij^og ^x&a Ij A'S'' fxdttQov ap« rav Z3, NA faov 

20 istl rm vnb rav AH, HB. fiieov S^ t6 vnb rav 
AH, HB' jiiaov aQa iatl xal to ZA, xal naQa ^t]Ti}v 
T^v EZ itaQdxEitai aldroq Mioiii' ti\v ZM' pijT^ 
UQa xal ij ZM xal aavfifisrQOs tt/ TA n^xsi. xal 
intl al AH, HB dvvdfici fjovov flal ffiJft^Etpot, aev(t- 

25 itsTQOs aQU [ierl] [i^xsi 7] AH t;; HB' deviiftsrQov 
UQa ierl xal rb «iro t^s ^H ta vnb tkiji AH, HB. 
iila Tj5 nlv dnb t^g ^H av^fntQd iari tk dnb rav 
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1. fteojj BV. ffttrEpo;] iu ras. V. 4. tqltii laiiv 

BPVb. 9. K9] corr. ei re V. 10. KM] corr, es KA 

m. l F. FA] corr. es K.l Y. U. ■i.aC -- 12, HB] om. 

2<'Yb, ni. 2B. 18. ^»)"* ^- "• ^"^ cQxt. ci. -LA.^ , %v 
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Sit AB mediae apotome secunda, Fz/ autem ra- 
tionalis, et quadrato ^B^ aequale rectae fz/ adplicetur 
FE latitudinem efficiens FZ. dico, fZ apotomen 
tertiam esse. 

nam BH rectae jiB congruens sit. itaque AH, HB 
mediae sunt potentia tantum commensurabiles spatium 

medium comprehendentes [prop. 
LXXV]. et quadrato AW ae- 
quale rectae F^ adplicetur FS 
latitudinem efficiens FK^ quadrato 
autem BH^ aequale rectae K® 
adplicetur KA latitudinem effi- 
ciens KM. itaque totum VA = ^H^ + HB^. et 
AH^ + HB^ medium est. itaque etiam FA medium 
est. et rationali F^ adplicatum est latitudinem ef- 
ficiens FM. quare FM rationalis est et rectae F^ 
longitudine incommensurabilis [prop. XXII]. et quon- 



N K M 
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iam est rA==AH^ + HB^, quorum rE=AB\ 
erit reiiquum AZ = 2AHxHB [II, 7]. iam 
ZM in puncto N in duas partes aequales se- 
cetur, et rectae FA parallela ducatur NS. itaque 
ZS=NA = AHxHB. uerum AHxHB medium est. 
itaque etiam ZA medium est. et rectae rationali EZ 
adplicatum est latitudinem efficiens ZM, quare ZM 
rationalis est et rectae F^ longitudine incommensu- 
rabilis [prop. XXII]. et quoniam AH, HB potentia 
tantum commensurabiles sunt, AH et HB longitudine 
incommensurabiles sunt. quare etiam AH^ et AHxHB 
incommensurabilia sunt [prop. XXI lemma, prop. XIJ. 

ZA] corr. ex ZJ m. rec. P, mut. m AZ N , ^^. -«.«lCX V^x«a»s^ 
Jmr F. 25. iati] om. P. .IH^ H m x^'^. ^ . x^^^^^ 
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AH, HB, ra 6\ vtco tmv AH, HB i6 Slg vxo ico" 
-4H, HB' aavfiftsTQa uga ietl ta kjto twv jiH, HB 
T(5 dlg i?r6 zav AH, HB. aXXa toi^ fiiv aito tav 
AH, HB Hoov iatl to TA, rp di ^fj vnb tmv AH, 
6 ifS i'aov iatl tb ZA' Kev(i.(t8rQov UQa itstl x6 FA 
Tto ZA. ag ds tb TA irpog t6 ZA, oilTras ietlv q 
FM :iiQbi zrjv ZM' uavfijictgog ctQa lazlv ii FM t^ 
ZM (tijxci. xai eiaiv ajKpoTeQai Qrjzai- al uQa FM, 
MZ ^rjtai tlai Svvtt^ici (lovov avfifiEZQOf aaozofiij 

10 itQa kezlv ri FZ. 

Aiyca 5iJ, ozi xal ZQizr]. 

'Eael yaQ aviiiittQov keri zb unb ti)s AH rc3 hjto 
tfis HB, aviifiBzgov uQa xal tb T& toj KA- mate 
xal 71 FK r^ KM. xal imX zmv anb rmv AH, HB 

15 (liOov avakoyov iati zb vxb rav AH, HB, xai iert 
Tp (liv anb r^s AH taov zb F®, tm Sl anb T^g HB 
iaov rb KA, T(5 Sh vtco tav AH, HB laov zb NA, 
xal tmv r&, KA apa ftiaov avaXoyov iozi tb NA' 
iaziv ttQa dig zb T® jrpog ro NA, ovzag tb NA 

20 «p6s t6 KA. «AA' (os ^lv zb r& TiQog zb NA, 
ovtcog iatlv ^ FK JiQbg zriv NM, mg Si rb NA TtQog 
zb KA, ovztag iazlv t) NM mQog tijv KM' (oj apa 
■^ FK ntQog tijv MN, ovzcog iatlv ij MN itQog t^v 
KM- zb ttQtt vnb zav FK, KM Caov £(fri rp [axb 

26 tij$ MN, tovtiazi T{o] zf^rdQta ftiQti tojj (two z^g ZM. 
ixEl ovv Svo tv&Elai avtaoi slaiv ttC FM, MZ, xal 
t^ ZBtaQtip ftiQBi TOu aitb r^s ZM Caov nuQa tijv 
rM 3taQa^i^kii}zat ikXsixov stSEt. tEZQttycova xal eis 

1. t6] avy.ii[xe6v hzi To Theon (BFVb). 3. Poat BB 

del. 10 ZA V. (iottfififToa — "h. HE'^ qto. t. 1. o.ei^.i/,tt^ 
— 6. ZA] rag.m. 1 V. 2. uiiu\ om.V Uxvs B.^b.^. iaiJi^i, 
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uerum AH^ et AH^ + HB\ AHxHB et 2AHxHB 
commensurabilia sunt. itaque AH^+HB^ et 2AHxHB 
incommensurabilia sunt [prop. XIII]. est autem 
rA = AH^ + HB\ ZA = 2AHxHB. 
quare FA^ ZA incommensurabilia sunt. est autem 
rA:ZA = rMiZM [VI, 1]. quare TM, ZM lon- 
gitudine incommensurabiles sunt [prop. XI]. et utraque 
rationalis est. itaque FM^ MZ rationales sunt potentia 
tantum commensurabiles. ergo FZ apotome est [prop. 
LXXIII]. 

lam dico, eandem tertiam esse. nam quoniam AH^, 
HB^ commensurabilia sunt, etiam r0, KA commen- 
surabilia sunt. quare etiam F-ff, KM commensura- 
biles sunt [VI, 1; prop. XI]. et quoniam AHxHB 
medium est proportionale inter AH^ et HB^ [prop. 
XXI lemma], etr&=AH% KA=HB^, NA=AHxHB, 
etiam NA medium est proportionale inter r@, KA. 
itaque r@ : NA = NA : KA. est autem 

r@:NA = rK:NM, NA:KA = NM:KM 
[VI, 1]. qn2iYerK:MN=MN:KM. itaque [VI, 17] 
FK X KM = MN^ = \ZM^. quoniam igitur duae 
rectae inaequales sunt PM, MZ^ et ^ZM^ aequale 
rectae FM spatium adplicatum est figura quadrata 
deficiens et eam in partes commensurabiles diuidit, 

vTco B. 4. rA"] corr. ex FJ m. rec. P. t©] to V. 6. rd] 
(prius) mut. in rc5 V. 7. FM] HT b. ZM] ikfZ P, FM b. 

8. Post ZM eras. firj V. 9. MZ] ZM F. 12. av(ifi,BXQOs 
P, corr. m. rec. 13. apa iari V. KA] TA P. 14. KM 
cvfifiBtQog iati V. rcov] (alt.) om. b. 15. iart] (prius) iart^v P. 

17. vno] ano F. 20. rov KA P. 21. NM] MN by. 22. 
KA] NK? P. MN F. mg — 23. r^v KM] punctia deL"^. 
^ 23. MN] NM V. iar£v] om. Y. MK\ "ISl"^"^ . '^*^- 
cino — 25. rioj m^. m. 1 P. 
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6v[iiieTQa Rvrijv dicuQii:, ^ rM apa t^g MZ fist^^^ 
dvvttTttt Ta Kffo 6v(i(iiTQ0v ittVT^. xal ovSiTiQa tc5v 
FM, MZ eiifififrpiiff ioxi fi)]Xf[ t^ ixxtiiidvtj (Sijt^ t^ 
r^' T] «pre rZ aJtoTOfiiJ iOTL tqitij. 
) To KpK Kxo lidetjg dnorofi^s dfrr^pag n:(fpa: qtjttjv 
^affafiaXkofiivov tiIutos noiet «jtoToji^v Tptrjjv oiTfp 



Tb aao fXaaOovog xaQu ^fjrijv TtaQa^aXXo- 
10 (lavov jiXitTos xoiet KJtoTo^jjr T*rff'pT»;i'. 

"Eotn iXKeaaiv ^ ^B, ^^Jt^ 6^ jj r*-;/, xai Tp areo 
T^g .^B fffor ;r(tpa ^rjTrjv zrjv r.J naga^B^X^^a&at t6 
r£ nAftrog JTOiDW T^v jTZ* A^j^to, ot( ^ FZ (moro(i^ 

I<yT( TffTttptJJ. 

16 "Eatto yup xfi AB npoaaQfio^ovaa ij BH' aC aga 
jiH, HB dvvdfiti. ilalv aOvfifiSTQoi Ttoiovaai ro [liv 
avyxHfiivov ix rmv kjto rav AH^ HB TBTQayeavoav 
^ijToi', t6 S% 61s vnh rav jtH, HB (liaov. xal ra 
[liv fijto T^e -^H i'eov xttQtt Tiji' r^ nttQtt^i^XriaQ-ia 

20 t6 r® nXdros aoiovv Ti]v FK, ra 6b anb t^s BH 
tsov to KA rtAarog jrotoiij' r^v ffM' oAoj' «pK ro 
rA faov iarl Totg aito tiov AH, HB. xai iaxi xit 
evyxtificvov ix tSv caib rav AH, HB ^rjiov ^rjTov 
Kpa iarl xttl t6 FA. xal xaQa ^ijr^ji tiji' F^ staQa- 

S5 xsirat nXdrog jrotoui' ttjv FM' Qrjtrj aQtt xal ij PM 
xal avfifiiTQOs r^ T^ [i^^xsi. xal ijiel olov ro 774 
faov ierl rots Kffo rav .AH, HB, tav t6 TE teov ifltl 



1. avfiiitttov P. JWZ] ZM P. 3. fiij«fi] 
/ifrtj' P. 5. tol cotr. ex tm m. ^ F. oTto] m. . . 
(fyr^jVj mg-. m. 2 V. 6. ojieq E6ii 6iVCi c.m.^a"?^'^ 
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FM^ excedit MZ^ quadrato reetae sibi commensura- 
bilis. et neutra rectarum FMy MZ rationali propositae 
r^ longitudine commensurabilis est. itaque JTZ apo- 
tome est tertia [deflf. tert. 3]. 

Ergo quadratum mediae apotomes secundae rectae 
rationali adplicatum latitudinem efficit apotomen se- 
cundam; quod erat demonstrandum. 

C. 

Quadratum minoris rectae rationali adplicatum lati- 
tudinem efficit apotomen quartam. 

Sit j^B minor, Tz/ autem rationalis, et quadrato 
j^B^ aequale rationali F^ adplicetur FE latitudinem 
efficiens FZ, dico, FZ apotomen quartam esse. 

nam BH rectae j^B congruens sit. itaque j4Hy HB 
potentia incommensurabiles sunt efficientes jiH^-\-HB^ 

rationale, 2AHxHB autem me- 
dium [prop. LXXVI]. et qua- 
^ K M drato AH^ aequale rectae Tz/ 
adplicetur FS latitudinem effi- 
ciens FK, et KA = BH^ latitu- 
dinem efficiens KM. itaque totum 
FA = AH^ + HB\ et AH^ + HB^ rationale est. 
quare etiam FA rationale est. et rationali FA ad- 
plicatum est latitudinem efficiens FM. itaque FM 
rationalis est et rectae FA longitudine commensura- 
bilis [prop. XX]. et quoniam totum FA = AH^ + HB^^ 
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11. iXdaaoav'] i- in ras. m. 1 P. 14. iativ P. rsTccQTrj 
iatCv V. 15. yuq'] m. 2 F. 16. HB] supra scr. m. 1 P, 

19. jttcV] om. V. 21. KMI TK 1q. "^. •*.olC\ wa..^\i^ 
iativ V. 
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ra ajio trje AB, kotnfyv apa rb ZA l'aov 'iarl rto di^ 
rjTO Ttov j^H, HB. tfT^ijfldoi ovv ii ZM &Cx« x«t« 
TO iV e^iiEtov. xctl ^x^^ ^'^ ^°'^ ^ oaordQa Tmv rj, 
MA napakXijXos t/ N^' ixaTigov «pK ziav ZS, NA 
6 i'aov iGxX tip vzo tav AH, HB. xal insl ro Slg vnh 
t^v AH, HB fjiiaov iatl xaC iotiv taov rp Z A, xal 
To ZA aQct ^iaov iaxCv. xal naQa pjjr^v njw ZE 
aapaxsiTai nkdtoq itatovv tiiv ZM' ^jjtij apa iatlv 
ij ZM xttl davft[tBTpog vij Pz/ ft^xei. xal i%sl ro fisv 

10 avyxsCjitvov ix xmv dxo tiov AH, HB ^ijtdv iaziv, 
ro 8i Sls VTtb tdv AH, HB jiiaov, davfifiir^a [ap«] 
iatl ric dno Ttav AH, HB ta dlq vnb rmv AH, HB. 
taov di [iati.'} rb FA voig dno rwv AH, HB, tc5 dl 
S\s '^^o ^^^ AH, HB i'0ov tb ZA' Hffii.uftsrpoi' apa 

16 [^ffrl] rh TA rm ZA. ag Si to FA ngbg ro ZA, 
ovrog iatlv ^ VM irpoj r^v MZ' devfifietQos aQte 
iatlv Tj FM xy MZ ji^xsi. xaC tlaiv diig^ortQai ^ijrai' 
al Kpa VM, MZ ^tjtaC slai SwdiiEi ^ovov avftfisTpoi' 
daotofi'!} aQtt ietlv tj FZ. 

20 Aiyto [tfij], ori xal rfrwpTij. 

'ETtsl yd(f al AH, HB SvvdfiEi Etatv davjifitrpoi, 
davfifiarifov affa xat tb dab T^g AH rp dao t»;^ HB. 
xaC iati rp fi.\v dab rijs AH taov ro r&, za 6h &xb 
T% HB i'aov To KA- davfifiBTQOv uqk ietl tb r& ra 

25 KA. to^ 6i ro r@ Ttpbq t6 KA, ovtiag iatlv ij PK 
npbg rijv KM' davfiiiBrQos «pa iatlv i} VK ry KM 
ftijxii, xal izel Twv «iro rmv AH, HB fiiaov dvd- 
^o;'0i' iert ro vxb ttov AH, HB, xaC iartv taov rb 
^\v dab rije AH ra F®, ro 6\ dnb T^g HB rm KA, 

1. rd] {tiii.) rav P. 2. 011»'] oiv Kai P. 3. TOv N 

0>!fis^ov r. 5. ttSv] om. P. ft. -^^^ wn. ct. -li -oi. l B. 
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quorum rE = jiB^j erit reliquum ZA = 2AHxHB 
[II; 7]. iam ZM in puncto N in duas partes aequales 
secetur, et per N utrique Fz/, MA parallela ducatur 
NS. itaque ZS — NA = AH X HB. et quoniam 
2 AHxHB medium est et 2 AH X HB = ZA, etiam 
ZA medium est. et rectae rationali ZE adplicatum 
est latitudinem ef&ciens ZM. itaque ZM rationalis 
est et rectae F^ longitudine incommensurabilis [prop. 
XXII]. et quoniam ^H^^ifB^rationale est,2 .^ifxHB 
autem medium, AH^ + HB^ et 2AHxHB incom- 
mensurabilia sunt. uerum FA = AH^ -{• HB^ et 
ZA = 2AHX HB. quare FA, ZA incommensurabilia 
sunt. est autem rA:ZA = rM:MZ [VI, 1]. quare 
TM, MZ longitudine incommensurabiles sunt [prop. 
XI]. et utraque rationalis est. itaque TAf, MZ ra- 
tionales sunt potentia tantum commensurabiles. ergo 
rz apotome est [prop. LXXIII]. 

lam dico; eandem quartam esse. nam quoniam 
AH, HB potentia incommensurabiles sunt, etiam AH^ 
et HB^ incommensurabilia sunt et FS = AH^^ 
KA = HB^. quare r®, KA incommensurabilia sunt. 
uerum F® : KA = FK : KM [VI, 1]. itaque FK, KM 
longitudine incommensurabiles sunt [prop. XI]. et 

7. icrr^PBV, comp. Fb. 10. iffri PBV, comp. Pb. 11. 
&Qa] om. P. - 13. d' b. kati] om. P. 14. to] corr. ex 
T(5 m. 1 F. 15. lozC] om. P. to] in ras. m. 1 P. Supra 
FA Tm ras. est in V. FA] ZA P. ZA] FA P. 16. nQog 
rriv] xfi P. ZM F. a(rvJi|ttfTpoff — 17. MZ] om. P. 20. 
6ri] om. FVb, m. 2 B. 22. apa] hri V. HB] corr. ex 
Bff m. 2 V. 23. to] corr. ex xA m. 1 F. 26. FK] KF P. 

27. fA^na] mg. m. 2 V. 28. to] (alt.) t<S PV. 'L^. v^A 
om. V. T^] To P et V, corr. m. 1. xo\ xra '^ . x^ x^ "^ 

Snpra KA add. iV m. 1 b. 

EuclidBBf edd. HeiheTg et Menge. III. ^^ 
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t6 dh vm zmv ^H, HB tp NA, zmv apa r&. 
^iaov avaloyov iett tb NA' iativ apa as zb r& 
ngbs To NjI, ovttag tb NA wpos t6 KA. aAA' ms 
[ihv t6 r& TlQbs i6 NA, otiifijg iativ jj FK XQog t^v 
5 NM, dtg 6i tb NA XQog ro KA, ovrms iszlv tj NM 
«pog T^v KM' mg Squ ^ FK npos t^^v MN, ovTeig 
iatlv ^ MN iiQos t^v KM' tb aqa vnb tav VK, 
KM taov iatl z^ anb r^s MN, zovtiati tm TstaQzto 
(iBQsi io£i Kjro z^s ZM. ijTfl ovv Svo sv&ftai, avtaot 

10 eiatv al fM, MZ, xal ta TetttQta (lepft rov «Ttb t^s 
MZ fffor aaQcc zijv FM naQa^i^Xrirat iXleCnov ffdct 
TttQaymv^ zt vnb tav PK, KM xal elg daviifietQte 
avf^v SittiQtt, 1J KQa VM tris MT. (let^ov Svvatai tm 
ano devfiiiiTQOv iavTr^. xai iaziv oAij ij FM av(i- 

15 fiezQos jiiJxEt Tfl ixxetftevTi pjjr^ t^ fz/" ^ «pa J^&n 

anotoftri iett tetdQzt). ^M 

T6 uQu dnb iXdaeovog xal tk i|^ff. ^l 

p«'. 
To «»6 zijs [leTd pijrotj (iiaov to o/tov 
20 JTOtovtfijs ;ro!pa pjjTiji' naQapaXXofisvov nXdros 
noiet dnoTOfiriv nifinTrjv. 

Eetta Tj ^itd ^ijrov [liaov to oAov noiovea j] jiB, 
Qtjtri Si rj TJ, xal t(5 dnb T^g ^B foov naQa t^v 
r^ aaQa^e^X^af^a zb VE ^XaTog noiovv zijv rZ' 
25 Xiya, oti ^ I^Z dnozo(iij iati xifintri. 

"Eorta yaQ t^ AB nQoaaQno^ovaa 17 Bif* ai apa 

1. Bwd] cotr. es Bjra V. rtop} (alt.) t6 b. 3, iV.il 

^.?VF. Durms — *. IV yl] mg. m. 2 B. 3. A,d] KA' F. 

d. fifv] om. V. iot/vl m. ^ ■£. 6, ojij\ xo.V i-i b, mg. V. 
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quoniam AHxHB inter AH^^ HB^ medium est pro- 
portionale [prop. XXI lemma], et AH^ = JT®, HB^ — KA, 
AHxHB — NA^ inter T®, KA medium proportio- 
nale est NA, itaque F® : NA = NA : KA, uerum 
r®:NA = rK:NM, NA:KA = NM:KM [YI, 1]. 
itaque rK:MN=MN:KM. quare FKxKM^MN^ 
[VI, 17] =JZM^ iam quoniam sunt duae rectae 
inaequales FM, MZ, et \MZ* aequale rectae FM 
adplicatum estrKxKM figura quadrata deficiens et 
eam in partes incommensurabiles diuidit, FM* excedit 
MZ^ quadrato rectae sibi incommensurabilis [prop. 
XVni]. et tota FM rationali propositae F^ com- 
mensurabilis est longitudine. itaque FZ apotome est 
quarta [deff. tert. 4]. 

Ergo quadratum minoris^ et quae sequuntur. 

CI. 

Quadratum rectae cum rationali totum medium 
efficientis rectae rationali adplicatum latitudinem efficit 
apotomen quintam. 

Sit AB recta cum rationali totum medium efficiens, 
Fz/ autem rationalis; et quadrato AB^ aequale rectae 
FA adplicetur FE latitudinem efficiens fZ. dico, FZ 
apotomen quintam esse. 

nam BH rectae AB congruens sit. itaque rectae 

10. Httl Tgl T^ Si FV. tov] m. 2 F. 12. r6] x& b. 14. 
avftftsT^ov Pb et y. sed corr. kcxiv] om. Yg». 16. ft^xet] 
l(frt y. 17. %al ta i^ijg] naqa ^xriv naQapaXXofiBvov nXdrog 
nout dnoto(/,riv tBtaQtTiv Theon (BFVb). 22. ^] (prius) 
om. V. 23. (fjtri — AB] mg. m. 1 P. t&\ e <iQtt.. ^, ^V, 
rJ] z/r F. rz] corr. ex TJ P. ^h. VV^ XT ^ ^w:.^ ^ 
jr tp. 26, ya(f] m, 2 F. 
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AH, HB fv&elat Svvii(i.ii, bIsIv ttfSv(i(i.erQOt «oioveat 
To filv evyxEtfiBvov ex Tmv da' ctinav TEt^ayiaveni 
fiiaov, TO di Slg VTt' avtiov pijToV. xal rm ii.hv uxo 
z^g AH teov itBQa rrjv FA naQa^e^X^a&ia to r&, 
6 r^ Si ano rijg HB teov to KA' oXov apa t6 FA 
tOov iarl Torg aito riav AH, HB, to 3h evyxs((ievov 
ix rtor aab riSv AH, HB «;*« {lieov iariv nieov 
ap« iaxl to FA. xal naQtc ^tjrrjv Ttjv FA mxQaxBtTai 
nXixTOs noiovv rijv FM' pijTjj «pa iarlv tj FM xa\ 

10 aav(i^erQog TfJ FA. xal inel okov ro FA feov ierl 
To^s dno twv AH, HB, mv to FE (eov ietl t« ano 
T^g AB, loinov aga to ZA tOov ietl za Slg tmo 
tiov AH, HB. rfTfnJeffoj ovv ^ ZM Stx« xara rb N, 
xal ^j;'*0) Sia toO N onoripa tav PjJ, MA naQttX- 

16 h]los 'J A'^' exdtBQOv aga tmv ZS, NA taov iail 
ra vna ri5i' AH, HB. xal inei rb Slg vab rmv AH, 
HB pjjrdv iari xaC [seriv~\ teov tm ZA, Qtjtbv aQn 
iatl r6 ZA. xal xaga pijT^i' r^v EZ TcaQaxEitai 
xkatog noiovv t^v ZM' ^jjtiJ «pa iariv ^ ZM xa\ 

ao ffyftftfTpos zft PA fi-^xsi. xai inet rb fiiv VA (iseov 
iariv, To S% ZA ^Titov, dav(ift.trQov aga ioti tb FA 
rp ZA. «s Sh To FA repfig to ZA, oCtdjs tj VM 
npbg T^w MZ- davii{ift^og apa ietiv ij FM ry MZ 
fi^xst. xai tlaiv dfiiporEQtti pijrat'" aC apa VM, MZ 

35 Q^rai eiat Svva^iet iiovov avii(iet(fof dnoto(iij «pa 
ietlv Ti rz. 

3. fiiv] om. V. 6. PoBt d( raa. 2 litt. V. HB} laai. 
in .^B m. 2 F, in raa. V. FA] A in raa. m. 1 P, coir. ex 
A B. 6. 10 Si — 7. &ito T.mv1 ttt Si ajro t^g V. 7. JffrA] 
^OT^r PB, comp. PVi ttvai V, Buprft scr. lari m. 1. 8. rA] 
mnt in AF m. 1 F. 9. TMl TH tp. enT?il ^il- om. 9, 
11. r£] BA B. 13. avv\ om. 'Vq). \\- *ol — TS\»s 
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AH, HB potentia incommensnrabiles sunt efficientes 
summam quadratorum mediam, duplum autem rectan- 
N K M 8^^^^ rationale [prop. LXXVII]. 
et rectae Fz/ adplicetur FS^AH^y 
KA = HBK itaque totum 
FA = AH^ + HBK 

I 1 1 uerum AH^ + HB^ medium est: 

itaque etiam FA medium est. et 
rationali FA adplicatum est latitudinem efficiens FM. 
itaque FM rationalis est et rectae FA incommensu- 
rabilis [prop. XXII]. et quoniam rA = AH^ + HB\ 
quorum rE = AB\ erit reliquum ZA = 2AHxHB 
[11, 7]. iam ZM in iV in duas partes aequales secetur, 
et per N utrique FA^ MA parallela ducatur NS* 
quare ZS^NA^AHxHB, et quoniam 2AHxHB 
rationale est, et 2AHxHB = ZA, ZA rationale est. 
et rationali EZ adplicatum est latitudinem efficiens 
ZM, itaque ZiVf rationalis est et rectae FA longi- 
tudine commensurabilis [prop. XX]. et quoniam FA 
medium est, ZA autem rationale, FA ei ZA incom- 
mensurabilia sunt. est autem FA : ZA = FM: MZ 
[VI, 1]. quare FM, MZ longitudine i»commensura- 
biles sunt [prop. XI]. et utraque rationalis est. itaque 
FM^ MZ rationales sunt potentia tantum commen- 
surabiles. ergo FZ apotome est [prop. LXXIII]. 



8cr. m. 1 P. 17. iativ] om. P. ZA] Z (uel S) corr. 
ex N V, item lin. 18. 18. EZ] e corr. m. 1 V. 19. ZMI 
(alt.) ZH b. 20. a0v(i(isTQog B, supra c ras. est in Y. rAj 
corr. ex FZ b; TZ V, Z eras. 21. iariv] iaxi PBFV, 

comp. b. 23. Ti}v] x6 V. iazCv'] iaxl yLuC Vqp. 24. FM^ 
MZ a^a V. 
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^ Aiym d^, ort xal asfiitTij. 

f 'Oftoicos yccQ Sti^o^Bv, oti t6 vab tav TKM taov 

I itSrl rp «n6 T^g NM, XQVtieTi Tp retapTto iiipsi ror 

a«o rijs ZM. xai iitil aevfi(i€T(f6v tOTi to ajio rijs 

6 AH Tt5 ano t^g HB, l'Oov Se ro (liv djib t^g AH 

Tto r&, To 8% uito rris HB Tta KA, dtfvfifiaTQOV apo: 

To r& rS KA. ag Sb ro r& Jt^ug to AT^, ovrais i; 

FJf jrpos T^v KM' davfifieTQos «pa ^ f"^ TJj JCM 

fiijXft. ^Kfi oui' 6vo EvQtlat, avieoi eCsiv af FM, MZ, 

10 xal Tt5 TirttpTp (idgtt toO kjtA t^s ZM tOov itKpa ri}v 

FM naQttpi^ltjTttt iXXeinov etdti terQaymvtt) xal tig 

davfifiETQa avriiv SiaiQet, rj tepo; FiW T^g MZ ftei^ov 

dwarai Tta anb affvfiftiTQOV iavTij. xat iottv r^ irpoO' 

o;pfAo£ovffK Ti ZM ovfifitTQOs TJj ixxetfiivij pijT^ r/} F^* 

16 ^ affR rZ djcoTOfitj iOTi nifinTrf onsQ idEi dci^ai. 



To 



tno T^g fif 



(iEdOTJ flfiffOl' TO oJloi' 

TaQttpaXl6}i8vov nXdros 



noiovarjs naQu ^ijt^ 
noidt daotofi.ijv extriv. 
20 "EeTci 17 ftfTa fiiaov fiiaov th oAoi' KotoOffre tj ^jB, 
Qrfrri Se if P-d, xal tw anb Tijs AB i'aov naQcc tijv 
r^ ntcffa^efiX^e&m t6 FE nXdros noiovv t^v fZ' 
Xiym, oTt rj FZ dnorofi'^ isriv exrij, 

"Earco yciQ r^ AB xpoaaQfio^ovaa rj BH' al apa 

25 j4H, HB dvvctfiei eialv aavftfietfot noiovaai t6 xs 

L avytiel^evav ix rmv dn' avrmv xeTQaydvav fiiaov xal 

L: 



4. ictt] 



1, J^l m. 8 F. 2. rX, KM FV. 
AH'] (alt.) A 6 corr. F. 6. rs] © ii . _ _ 

cni. P. KM] FM P et B in tas. &qa kczCv V9. 
rM F et ia ras. B. 9, tloi P, coti. tn. \. VJ. ■LM\M.4 
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lam dicOy eandem quintam esse. nam similiter 
demonstrabimus, esse FK X KM^ NM^ = \ZM^. et 
quoniam AH^y HB^ incommensurabilia sunt, et AW 
= rSy HB^ = KAy rs et KA incommensurabilia 
sunt. est autem r®:KA = FKiKM [VI, 1]. quare 
FKy KM longitudine incommensurabiles sunt [prop. 
XI]. iam quoniam sunt duae rectae inaequales TM, 
MZ, et \ZM^ aequkle rectae FM adplicatum est 
spatium figura quadrata deficiens et eam in partes 
incommensurabiles diuidit, FM^ excedit MZ^ quadrato 
rectae sibi incommensurabilis [prop. XVIII]. et con- 
gruens ZM rationali propositae FA commensura- 
bilis est. 

Ergo rz apotome est quinta [deff. tert. 5]; quod 
erat demonstrandum. 

CII. 

Quadratum rectae cum medio totum medium effi- 
cientis rectae rationali adplicatum latitudinem efficit 
apotomen sextam. 

Sit AB recta cum medio totum medium efficiens, 
FA autem rationalis, et quadrato AB^ aequale rectae 
FA adplicetur FE latitudinem efficiens JTZ. dico, 
rz apotomen sextam esse. 

nam BH rectae AB congruens sit. itaque AH^ 
HB potentia incommensurabiles sunt efficientes sum- 

P, et V (?), sed corr. m. 1. 13. ^avtfi fii^Tisi V. 14. ZM] 
MZ P. 16. onsQ JdsL SsC^ai] om. BFVb. In hac pag. 
et sequenti multi loci euan. in F. 21. TtaQoi] naqa (riri^v Yip. ^ 
t^v] supra scr. m. 1 V. 22. rriv] trj b. 24. aQfioiovaa^ J 
supra scr. nQOC m. 1, F. HB P. *i5, ^^«5^ "tt.^ ^"b&. ^ ^ 
litt. V. Supra rs scr. ft^v m. 1 \). 
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To dls VTcb Twv AH, HB (tceov xal tt0v[t[i£ZQOv nfl 
BKo rav AH, HB t(5 dlg vxo tmv AH, HB. napa- 
^c^i.ris%ta ovv naQCi tijv F^J rp {liv aao r^g AH 
teov ti r& jtAktos xoiovv t^v FK, za Sh drao r^s 
6 BH tb KA- oAov aga to VA iaov istl totq axo tiw 
AH, HB' fiieov aqtt [iffrl] xal lo FA. xal naffa 
pijT^v ttjv Tz/ irapaxftTcci jc^rtos aroiOtJv zviv JTM' 
^)jT]j K^K ^ffrlv ^ FM xal a9v(i.{iBtQog r^ fz/ ff^xei. 
ijcd ovv To FA fffov iflTl Tofs kjio tmv AH, HB, 

10 ov To PE laov Tp ajTo tijg AB, Aoi^rov «(lo! t6 ZA 
laov ietl ta dlg wtb tav AH, HB. xaC iozi to Slg 
vnb zmv AH, HB ^iaov xnl ro ZA apa (tiaov iexiv. 
xaX naga ^ijr^i' zijv ZE naQuxsizai nXdvog xoiovv 
Tt]v ZM' pijT^ «pa iatlv Tj ZM xal aevii[iEt(fos tij 

15 rA fi^xu. xttl iitd tK anb tvov AH, HB affvft^£T(ia 
ieti Tw dls vnb tav AH, HB, xai ieti tolg yHkv ano 
rmv AH, HB Heov ro FA, ra Sh dig vab tav AH, 
HB taov tb ZA, aav(i[iet(fov a^a [iatl] tb VA rp 
ZA. mg 6i ro FA jrpog to ZA, ovtfog ierlv -q FM 

20 arpos T^f MZ' aevjifiszQog aga ietlv tj FM t^ MZ 
ftijxsi. 3««' deiv ufiqiotiQai ^rjtai. af FM, MZ 
Qt}tai tiai dwttfiEi fiovof avyiyLetQoi' axotoy.ii 
ietlv rj rZ. 

Aeyro tf^, ort xal ixtij. 

25 'Eael yciff tb ZA teov ierl rjo Slg vno tmv A, 
HB, tEtfiiie&ta Si^tt i] ZM xata zb N, xal ijx^''' 
zov N r^ FA XttQiilXijXos ^ NS' ixdttQov Kpa teav 

1. ptoov] pijTDc F. HBd Mcl txi V, lii Sc BFb. dav^- 

littga BFVb. lo] ro P. 6. Poet K.i add. nlatog xoiouv 

T^v JiM mg-ni. 2 V. 6. leTC] Qm. P. 8, iativ] iatl *ai V. 

10. laov iatl ^tp. teo] td tp. 11. ^oii] yi^wfroi V. 8lt\ 

con. ex dt m. 3 P. 12. iott PBN , com-e. ^\j. V*. iiilit\ 



MZ 
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N K M ^^^ qnadratorum mediam et 



£ fii Ky J., 



2jiHxHB medium et AH^+HB% 
2 AHx HB incommensurabilia 
[prop. LXXVni]. iam rectae F^ 
^ B H adplicetur r®^AW latitu- 

dinem efficiens FK et KA =* BH^. itaque totum 
FA = AW + HB^. quare etiam FA medium est. 
et rationali Fd adplicatum est latitudinem efficiens 
FM, itaque FM rationalis est et rectae FJ longi- 
tudine incommensurabilis [prop. XXII]. iam quoniam 
FA = AW + HB^, quorum FE^AB^ erit reliquum 
ZA = 2AHX HB [II, 7]. et 2AHxHB medium 
est. quare etiam ZA medium est. et rationali ZE 
adplicatum est latitudinem efficiens ZM. quare ZM 
rationalis est et rectae F^ longitudine incommensu- 
rabilis [prop. XXII]. et quoniam AH^ + HB^, 
2AHxHB incommensurabilia sunt, et 

FA =^ AH^ + HB% ZA = 2 AHx HB, 
FA et ZA incommensurabilia sunt. est autem [YI, 1] 
rA:ZA = rM:MZ, quare FM, MZ longitudine 
incommensurabiles sunt [prop. XI]. et utraque ratio- 
nalis est. itaque FMy MZ rationales sunt potentia 
tantum commensurabiles. ergo JTZ apotome est [prop. 
LXXIII]. 

lam dico, eandem sextam esse. nam quoniam est 
ZA '^^AHXHB, recta ZM in iV in duas partes 
aequales secetur, et per N rectae r^d parallela du- 

Tc5 V. dno twv'] om. P. 17. FA — 18. taov ro] om. b. 

18. iat£] om. P. 19. to] (alt.) om. P. ZA\ ^wt. ^t^ 
ZJ? F. 20. f^v] om. P. MZ^mt^^,'^. TAT^^^^^ 
ex ZM V. 21. aga] om. Y. VI. %low^, Uw «.^«.^ 
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ZIS, NA taov iexl ta vno ztov AH, HB. xal ijisl 
aC AH, HB Svvdfitt daXv aOw^fifrpot, aev^fisxQov 
aga ioti ro ano t^g -^H r^ ano tijs HB. aXka xm 
^lv ccnb r^s AH taov iail t6 r&, ra $i ano 
6 Tijs HB taov iGrX xb KA' aavn^iXQOv aga iarl to 
r@ xa KA. ag di t6 F@ :irp6s t6 KA, outms ^otii' 
ij FK jrpos tijv KM' aavfifittgos kqu iativ ij rK 
rfi KM. xal ixsl xiov anb rciv AH, HB (liaov dva- 
Xoyov iari, t6 vitb rav A H, HB, xaC iori tto fiiv ««6 

10 TJ/g AH iaov 10 r&, ra Sl anb r^s HB iiSov xo KA, 
Tw di iijto xav AH, HB taov xb NA, xal rwv apa 
r&, KA (lieov avdloyov iart rb NA' ieriv uQa ats 
rb r& npbs tb NA, ovtms xb NA-tcqos tb KA. xaX 
dia xa avxa tj FM r^s ^Z [iBi^ov Svvatat tm anb 

16 «ffwfifi^Tpou tavrfj. xal ovdBxipa «rr^»' av[i(i.£tp6g 
iari rf ixxEiftiv^ ^tjtfj xfj FA- ij FZ aQa Kjroroftii 
ieriv ixrri' okbq iSei SiT^ai. 

Qy. 
'H rjj Kfforoftj] ftijxEi owfifistpos asioToft^ 
20 EffTt xal rfj td^ii jj avx}}. 

"Eata airoTOftf} 17 AB, xaX r^ AB [f>ixit CvfifierQOS 
iarco ii r.d- keya, ort xal tj r.J dnotoff^ iari «al 
TJj rd^Ei 17 «VT^ Tjj AB. 

'ExeI y^p «jrorofi^ ^ffrtv tj AB, iata avtfi jrpofl- 

S. liel av^^fXQoi b. 4. 10 ojto xrjs FB P. 5. ^oti'] 
om. T. 6. ira] corr, es id m. 2 P. 8. eno rto*] om. P; 
into tav supra scr. n m. 1 b; vtco xwv ioB, m. 2 F. 11. 1« 
Si ix6 — NA] mg. m. 2 V. rra] rc V. AH] H e corr. V. 
taov iail P. 12, NA] N b. 13. NA] (prius) A, BOpTS 
add. JV m. 2 , F. 14. tiI ai!T«"\ gqk. cx xKm« V. JBZJ 
t.'orr, ei Z.M V. 16. aovniAETQov^ "" 
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C3>i\ir NS. iteLqne ZS—NA = jiHxHB. etquoniam 
AH, HB potentia incommensurabiles sunt, jiW et 
HB^ incommensurabilia sunt. est autem r@ = AH^y 
KA = HB^, quare F®, KA incommensurabilia sunt. 
€st autem r®:KA = rK:KM [VI, 1]. itaque FK, 
KM incommensurabiles sunt [prop. XI]. et quoniam 
AHxHB medium est proportionale inter AH^ et 
HB^ [prop. XXI lemma], et F® = AH^, KA = HB\ 
JNA = AHxHBj eti^m NA medium est proportionale 
inter F®, KA. itaque F® : NA = NA :KA. et eadem 
de causa [cjfr. p. 326, 9 sq.] FM^ excedit MZ^ qua- 
drato rectae sibi incommensurabilis [prop. XVIII]. et 
neutra earum rationali propositae FA commensura- 
bilis est. 

Ergo rz apotome est sexta [deflf. tert. 6]; quod 
erat demonstrandum.^) 

CIII. 

Recta apotomae longitudine commensurabilis apo- 
tome est et ordine eadem. 

Sit AB apotome, et rectae AB longitudine com- 
mensurabilis sit FA. dico, FA quoque apotomen esse 
et ordine eandem ac AB, 

nam quoniam AB apotome est, BE ei congruens 



a ?__J 

1) In B figura haec est ' . deinde in mg. 



adiicitur nera addito iv aXXco. 



-I 1 



16. rji\ d in raa. m. 1 F. 17. onsq l^dst «%t^«.\\ ^ws^>^.^^ 
om. BPVb. 21. avfifistQog ?ctcD vMf\>itv 'ft'^^». ^ ^^. V^^- 
2 R S4. srpoaaQfio^ovacc Ictcd avz^ N. «i.\)-cifv t\^^^- 
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agfiotovea tj BE' at AE, EB ap« pijTat slst dvvd[iEt^ 
[lovov SvfifittQOt. xal TM iijs ^B Kpoff T^i' r^ Xoya 
b avTog ysyovBrci 6 r^g BE repog r^v ^Z" K«i «j 
'iv ttpa ffpos fi', JTavra [iOTl] jrpoj,' ndvza- iexiv aga 
5 3««i ciij o^ij ij AE jrpos oAijv t^v TZ, ovtag 13 ^B 
repog T^v r^. GvfifiBtQog dh rj AB ry FiJ (iijxsi- 
<sv!i(iSTQOs apa xal ij AE fiiv Tij FZ, ij dl BE ijj 
^Z. xttl at AE, EB pijiat si6i Svvdfisi (lovov ovfi- 
fisTQOi' xal ttt rZ, Zd ap« ^rixtti tiei Svvd[ifi (lovov 

10 aviifitt^oi [aitoTOiiri «Qtt iorlv rj Fd. ^_ 

JEya dij, oti xttl tjj ta^ti ^ avri) rjj AB]. fjM 

'Ensl ovv iativ d}g ij AE wpog t^v TZ, ovxeaB ^- 
BE npog r^v ^Z, dvakla^ ttpa iazlv mg r} AE XQog 
tijv EB, ovTwg 7j rZ jrpog r^v ZiJ. ^toi Sif i^ AE 

ts T^g EB ^il^ov dvvatat t^ airo evjifiitQOV iavzlj >j 
rra dxo davfifiBtQov. si (ilv ovv ^ AE t^g EB (ist^ov 
Svvttrai ta dxb avfifiitQov iavt^, xal ^ FZ t^; ZJ 
ftsttov Svv^astat ra dno evyiyiitQOV Euvtft. xal 11 
ftiv 6vii[ittQ6s iattv ^ A E Ty ixxsiftivy Qtjtij [i^xaif 

20 xttl ij rz, si Sl Ti BE, xal ^ JZ, sC Sa ovderef/a 
Ttov AE, EB, xal ovSstiffa tav FZ, ZJ. tt Sh ij 
AE [t^s EB\ [isiiov Svvtttai ta dno d6V[t[tit(fov 
ittVTtj, xttl ij rz t^g Zd [3.st%ov Svvijattai. ta dxo 
davftftitQov ittvt^. xttl ti fiiv avfifittgog iattv ^ j4E 

26 fij ixxttyivfi ^ijT^ [i^xti, xttl i] FZ, li Si ij BE, xal 

1. 1] BE] ttuii ri EB q;. AE\ om. cp, A B. 3. 0] (prinB) 
om. <p. Al'] ZJ B. 4. keti} om. P. ^Wf fipa] om. 
V^. 6. oAi) upa V. 7. aqa] oea ioxi V^ (del. V). %Ki] 
om. q?. fiif AK Vq) (post ^E hab. ^iv F). BE iJ( BFb. 
inl Bupra ser. V m. 1. 8. JZl ZJ BF. nul hH xn; 
(^a.p of V, «r flf B. f/oii 001. V. 10. anoiDfiii — 11. 

JS] om. P. 12. oiiv] 7«e '^beQT. tBFV^, ^El corr. ex 
^^ F, 13. Tii'f] om. B, m. 1 F. 1-4 "S. aiio.^ oni.-^. 
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sit. itaqne j^E^ EB rationales sunt potentia tantum 
j B E commensurabiles [prop. LXXni]. 

' '1 ' fiat BE\JZ = AB:rj [VI, 12]. 

r /i Z quare etiam ut unum ad unum, 

ita omnia ad omnia [V, 12]. itaque AE : FZ = AB iFA. 
uerum AB^ FA longitudine commensurabiles sunt. 
itaque etiam AE^ FZ et BE, AZ commensurabiles 
sunt [prop. XI]. uerum AE, EB rationales sunt po- 
tentia tantum commensurabiles. itaque etiam FZ, 
ZA rationales sunt potentia tantum commensurabiles 

[prop. xm]. 

lam quoniam est AE:rZ = BE:AZ, permutando 
[V, 16] est AE:EB = rZ:ZA. AE^ igitur EB^ ex- 
cedit quadrato rectae aut sibi commensurabilis aut 
incommensurabilis. iam si AE^ excedit EB^ quadrato 
rectae sibi commensurabilis, etiam FZ^ excedet ZA^ 
quadrato rectae sibi commensurabilis [prop. XIV]. et 
siue AE rationali propositae longitudine commensu- 
rabilis est, etiam FZ ei commensurabilis est [prop. 
XII], siue BEj etiam AZ [id.], siue neutra rectarum 
AE, EB^ etiam neutra rectarum TZ, ZA [prop. XIII]. 
sin AE^ excedit quadrato rectae sibi incommensura- 
bilis, etiam FZ^ excedet ZA^ quadrato rectae sibi 
incommensurabilis [prop. XIV]. et siue AE rationali 
propositae longitudine commensurabilis est, etiam FZ 

14. Sri] om. P, de BV. 16. rja] corr. ex tov m. 2 P. 16. 
Ante si ins. xa^ (?) m. 2 F. elj e corr. V. 17. davfiiiitQov 
B, corr. m. 2; a- snpra add. m. 2 P. trjg] r^t F. 18. 
davufietifov B, et P. sed corr. 19. JE] A& e corr. F. 20. 
rZl Zr P. 21. ovdeteaa] ovd^etiQotF, 2^. XTv<i¥*^\a5^.^« 
1 r. Svvataij supra add. ijoe m. ^ ¥, SvwV^'^'*^^ ^* '^"^^" 
fistQov P, corr, m. 1. 23. xfiQ^i cotx. ^x xx\^ . 
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i] zJZ, tl di ovdereQU tSv AE, EB, avdezdffa rmv 

rz, zj. 

'jinotoiiri af/a ioxlv ij F^ xal r^ za^ei jj avr^ ijj 
AB' onep edti dtt£,ai. 

6 p^'- 

'H tjj fiEdijs anoto(ifi avfiiiETQos (idaT]s 
rofi») iati xal rjj ta^ei, ^ uvtij. 

"Eeta (iia^^s asioroft^ ij AB, xal tfj AB 
(jyfififTpog iffrto )) r^" Xiyta, ori xal ij F^ fi^tf^ 
10 «jrorofiTJ ^urt x«i r^ ralet ^ aiV^ t^ ^B. 

&rfi yap (liffrjs «jiOTOfxjJ iGttv tj AB, ieta axn 
nQoeaQ(t6^ovaa ^ EB. aC AE, EB ItQa fiiaat 
dvvafiei /toVoi' av[i(iBT$oi. xal ysyovhto cos ij AM 
wpog Tijv rz/, ouitJs ij B£; xqos tijv -i^Z' Su/^fiET^ 
15 «pa [^ffrij jcai ^ ^£ t^ FZ, i) di EE tij JZ. 
AE, EB [idaai elal Svvd(i£i (lovov evjifiBtQOf xal ■ 
rZ, Z^ apa (liaai. dal SvvuyiBb (lavov ffvfifiGr^ 
(liaris aqa ttjroroftij iativ ij Fz/. 

Aiya Sri, oti, xal t^ tu^bi iazlv i) avti] Tjj Al^ 

!>o 'EhbI [yaQ\ ietiv as ij AE aQog tijv EB, ourn 

ij rz ngos t^v Z^ [dXk' ms ftlv ij AE n^hs i 

EB, ovTCJS ro aiio t^g AE nQoq ro vn6 xmv AE, eA 



l.oo*£«ea](alt.) ovSioiSiTisaBVh; o^tfi ra. 2 add. F, n 
ouan. 3. 13 ^B] om. F. 4. onie ^ast dK^ai] comp, Pb, om. B< 
6. ^Eff); BFVb. ^itirj BV, et F, corr. m. !. airoTafi^gi 
(ff Bnpra add. P m. 2). 7. iaziv P. 8. fi^OTj BPb, et f 

(o fuit add, m. 2, aed eras.). fiiJKfc] m. 2 B, om. FVb. 1 
It/iD tf^ V. fitaij B, et_F aupra add. a m. 2; in V add.J 
m. 2, sed erae. 10. toti P. \1. ntari B. ai^l ii 
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ei commensurabilis est^ siue BE, etiam jdZ [prop. XII]; 
siue neutra rectarum jiE^ EB^ neutra rectarum FZ, 
ZJ [prop. XIII]. 

Ergo rj apotome est [prop. LXXIII] et ordine 
eadem ?iQ AB [deflf. tert. 1 — 6]; quod erat demon- 
strandum. 

CIV. 

Becta mediae apotomae commensurabilis mediae 
apotome est et ordine eadem. 

^ Sit AB mediae apotome, et rectae AB 
longitudine commensurabilis sit Fd. dico^ 
etiam F^ mediae apotomen esse et ordine 
eandem ac AB, 

nam quoniam AB mediae apotome est^ 
sit EB ei congruens. itaque AE^ EB mediae 
'^ sunt potentia taatum commensurabiles [prop. 
LXXIV— LXXV]. et fiat [VI, 12] ABiTA^ BE: ^Z. 
itaque etiam AE, FZ et BE, jdZ commensurabiles 
sunt [V, 12; prop. XI]. uerum AE, EB mediae sunt 
potentia tantum commensurabiles. itaque etiam FZ 
Zjd mediae sunt [prop. XXTIT] potentia tantum com- 
mensurabiles [prop. XIII]. ergo FA mediae est apo- 
tome [prop. LXXIV — LXXV]. 

lam dico, eam ordine quoque eandem esse ac AB. 

14. ovT<og — JZlmg. m. 1 P. 7f\ corr. ex 6 m. 2 V. 16. 
iax^ om. P, ht^v B. AE] AE niv BPb. 16. %u£ — 17. 
avfifistifot] mg. m. 2 B. 17. FZ] Z e corr. V. 18. fiiati B. 

dnoto(ing V. 19. Xiyat] dsmtiov Theon (BFVb). dn\ 
corr. ex Sh oti m. 1 F ; di V. iax£v\ om. Ttitwsa. VJj^^^N^. 

20. yap] om. P. ovtatg iaxCv ¥• 'ikV. fix'*^ ^"^* ^^^' 

aW — p, 386, 2. Z^] om. P. 



STOIXEIfiN 1 



mg 6i tj FZ ngbs ziiv Z^, outos to ano r^g 
stQog To tmo trov fZ, Z^], ietiv apa xal mg to «jto 
TJJS ^E jrpog To iwo Ttoj' AE, EB, oiTog t6 dao 
r^g rZ repos t6 vzo tmv FZ, Z/i [xkI iva}.l.k% mg 
6 t6 «jro T^g ^fi JTpog ro «;t6 r^g FZ. ovrog ro xmu 
r<av AE, EB npog ro vito rav FZ, ZA]. avfifiETpov 
di To amo T^g AE rp anb t^s FZ' evfifiir^ov agu 
iarl xal rb vao rtov AE, EB ra vnb twi' FZ, Zd. 
thB ovv pjjTdv ^ffTt ro vxb tiBv AE, EB, §rjrbv laTui 
10 xttl t6 W3t6 rmv TZ, Z/l, eht (i^eov [ierl] to imo 
r<ov AE, EB, (ideov [iarl] xal rb vitb rmv VZ, ZA. 

Mioijg apa anoTOft^ iariv ii PA xal tjj ra^di 
avrij rij AB' onep ISsi Set^ai. 



1 



I 

M 



Ql . 

15 'H rfl iXaeoovi avfiitezQog ikassav isr^v. 
"Earfo yuQ ikaaoaiv ij AB nal rij AB evnfittfi 

7j FA' Xiya>, on xa\ rj r^ iXiieaav iatCv. 

rByoi-iTia yaQ tk avrd- xaX iittl aC AE, EB 
vd(iti Eiaiv devfifietQoi, xal ai FZ, Zz/ «pc i¥w(£) 

20 Bialv aev(i(iBrQoi. intl ovv ianv ag tj AE jrpog t^v 
EB, ovrtog tj VZ nQog r^v Z^, iari-v aga xal mg rb 
djtb Tijg AE irpog to djtb T^g EB, ovTcag t6 dno rijg 
rZ nQog rb d«i Ttjg ZA. evv9Bvti aQa eotIv ag xd 
dnh rav AE, EB itQog ro djtb rijg EB, ovriag td 

26 ««6 rtoi' rZ, ZA jrpos ro dnb r^g Z^ \xai ivakXa^' 

1. rZl {ftlt) Zr F. 2. me] om. qj. 4. v.al — 6. Z^l 

om, P. . 6. ™»] (alt) om. 1). 9. EBl B in ras. m. 1 P. 

fflra.] ^ffri Theoo (BPVb). 10. lazl] om, P U. W] 

oin. P. 12. (iffffi BVb. 13. ojiie Mei deiJaO comp. P, om. 

BFVb. J6. ijjj corr. iutiie m.^^P, tti<j\i. lVaaaavi\ ilmmM. 

F m. 1, diaaaovos b, F m. 3. Deiiiic ieV. y.Vt'-"^- '^^- l»*!. 
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quoniam est AEiEB = rZ:Z^ [V, 12; V, 16], erit 
etiam [prop. XXI lemma] 

AE'^ : AEXEB^ TZ^ : TZ X Z^. 
uerum AE'^^ TZ^ commensurabilia sunt. itaque etiam 
AEx EB, TZ X Zjd commensurabilia sunt [V, 16; 
prop. XI]. siue igitur AExEB rationale est, etiam 
TZxZA rationale est [def. 4], siue AExEB me- 
dium est^ etiam TZxZA medium est [prop. XXHI 
coroU.]. 

Ergo TA apotome est et ordine eadem ^c AB 
[prop. LXXIV — LXXV]; quod erat demonstrandum. 

CV. 

Recta minori commensurabilis minor est. 
Sit enim AB minor et rectae AB commensurabilis 
TA. dico, etiam F^ minorem esse. 

_„ nam fiant eadem. et quoniam AE^ EB po- 
tentia sunt incominensurabiles [prop. LXXVI]^ 
etiam TZ^ ZA potentia incommensurabiles 
sunt [prop. XIII]. iam quoniam est AE:EB 
^"^ =TZ:ZA [V, 12; V, 16], erit etiam 
AE^ : EB^ = TZ^:Z J^ [VI, 20 coroll.]. itaque 

—7 m 

etiam componendo [V, 18] est 
AE^ + EB^ :EB^ = TZ^ + Z^^ : ZA\ 



om. Theon (BFVb). 17. Fz/] (prius) r e corr. m. 1 F. 

iatl PBV, comp. Fb. 18. avra xOLg itQOtSQOv V. 19. 
rZ] Z e corr. m. 1 b. 20. tiJv] om. Bb. 21. r?}v] m. 2 F. 

23. ZJ]JZ B. iativ] supra scr. m. 1 V. ttx] corr. ex 
T<J m. 1 V. 24. tmv] trjg P. ovtm Bb. 26. Zd] (prius) 
supra scr. m. 2 F (Z incertum est). xal lvaU«.feJ\ ^ts^."^ «^ 
Dein del. mg to dno tijg BE WQog xb aitb jJt^^ Tj^., ^^jx^^'^ "^^ 
a^o rar AE, EB nqog tk dxco xoiv rZ, 7i a "^ . 

EnolideB, edd. Heiherg et Meage. HI. "^ 
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fSv^fietQOV Sd i6Tv xo ano r^ BE t^ ano r^s ^Z' 
6vfi^6tQ0v aQU xal to 6vyx£i(A£vov in tmv amo tmv 
AE^ EB tBtQayavcjv tp 6vyx8t(idvp ix tmv ano tAv 
rZ^ Z^ tBtQaycivcnv. ^tiftbv 8d i6tv ro 6vyxBCiuvov 
5 ix tmv dno tAv AE^ EB tstQaysivav' ^rjftbv aqa 
i6tl xal tb 6vyxBi(iBvov ix tmv caco tmv FZ, Z/l 
tBtQaycivfov. nakvv^ inBv i6tvv (og ro ano t^g AE 
nQog to vno tcov AE, EBy ovtcjg tb anb tijg FZ 
nQbg tb vnb tSv FZ^ Z^, 6v(i(iBtQov Sh tb catb ttjg 

10 AE tBtQciycDVov tm dnb trjg FZ tBtQaycivpj 6vfi' 
^BtQOv aQa i6tl xal tb vnb t&v AE, EB tp vnb rav 
rZy ZA. (id6ov Si tb vnb tcov AE^ EB' fid^ov 
aQa xal tb vnb tmv jTZ, ZA* al FZ, ZA aQa Sv- 
vdfiBv Bl6lv d6vfi^^Q0v novov6av tb ^hv 6vyxBviiBvov 

15 ix t(3v dn avtciv tBtQaycivcov QrjtoVj tb d' vn avt&v 
fid6ov, 

*Ekd66G)v aQa i6tlv fi FA' onBQ bSbv SBt^av. 

Q^\ 

^H t^ fiBtd ^f^tov iid6ov to olov novov6y 
20 6v(i(iBtQog (iBtd Qijtov (id6ov to oXov novov6d 
i6tvv. 

^E6toD liBtd ^ritov fid6ov tb oXov noiov6a rj AB 
xal tfj AB 6viLiLBtQog r] FA' kdycj, ort xal fj FA 
(iBtd Qrjtov ^d6ov tb okov novov6d i6tvv. 
26 ''E6tc3 yaQ trj AB nQ06aQ^6iov6a ij BE' at AEj 
EB aQa SvvdfiBv Bl6lv d6vfi^BtQ0v novov6av tb lihv 
6vyxBCiLBvov ix t&v dnb tmv AE^ EB tBtQaycivov 



1. iavvv P. x6] corr. ex t^ m. 1 F, ex ra (?) V. dZ] 
ZjJ P. 8. tSTQiyaivov Pb et com^. vaa. m. 1 v. 4. FJ, 
^Z h. 6. (rirai F, aed coir. ^. UxC\ %l«l^. ^, «^4^ 
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uerum BE^j /17} commensurabilia sunt. itaque etiam 
AE'^ + jB-B* et rz^ + ^-^' commensurabilia sunt 
[V, 16; prop. XI]. uerum AE^ -^- EB? rationale est 
[prop. LXXVI]. itaque etiam FZ^ + Z^* rationale 
est [def. 4]. rursus quoniam est 

AE^ lAExEB^ rZ^ iTZxZJ 
[prop. XXI lemma], et AE^, TZ? commensurabilia sunt, 
etiam AE X EB^ FZ XZA commensurabilia sunt. 
AExEB autem medium est [prop. LXXYI]. quare 
etiam TZxZA medium est [prop. XXIII corolL]. 
itaque FZ, ZA potentia incommensurabiles sunt effi- 
cientes summam quadratorum rationalem, rectangulum 
autem medium. 

Ergo TA minor est [prop. LXXVI]; quod erat 
demonstrandum. 

CVL 

Recta rectae cum rationali totum medium effici^nti 
commensurabilis recta est cum rationali totum medium 
efficiens. 

Sit AB recta cum rationali totum medium efficiens 
et rectae AB commensurabilis T^. dicO; etiam T^ 
rectam esse cum rationali totum medium efficientem. 

nam BE rectae AB congruens sit. itaque AE^ EB 
potentia incommensurabiles sunt efficientes -^JE^ + JSjB* 



om. V. 9. Post ZJ add. %a\ IvMMi BFb. 13. a^a lazl 
%ai BFb. Zi^] (alt.) Z in ras. m. 1 B. 17. om^ iSsi 
^firfai] comp. P, om. BFb. De additamento in V n. app. 
nr. 24. 19. noiovaii fifjttog F. 20, Ante fiatoi add. ucci^ 
«vtiq BPb, m. 2 V. noiovca xo oHo» \>. 'i'^. uw.wiw xo 
oXov V. 24. rd olov iiiaov b. ^b. BTS^ lE. ^ ^Tt, ^a.. V^ 
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liB0ov^ t6 d' vn avxAv ^iyroi/. koI xa avtic xate- 
^xsvdad^cj. o^oicjg dfi Sei^oiisv totg 7tQ6tBQOV, otv al 
rz, Z^ iv tp avt£ l6y(Q bIoX taZg AE^ EB^ xal 
OviiiistQov i6tL to 6vyxBiiisvov ix tmv dab t£v AE^ 
6 EB tstQayoivoDv tp 6vyxsiiiivm ix tmv ajeb t£v FZ^ 
ZA tstQaymvcav^ tb Sl vnb tmv AE, EB t^ vnb 
tmv rZ^ Z^' &6ts xal at FZ, ZA SwdfiSL al6\v 
d6v(i^BtQ0L noiov6ai, tb ^hv 6vy7CBifiBvov ix t&v djeb 
xAv rZj ZA tstQayoivav fii^ovj tb S^ vit avtav 
10 ^ritov. 

^H FA aQa (istd Qtitov (ii6ov tb oXov novov6d 
i6tLV' 07CSQ iSsi Ssti,ai, 

^H tfj (istd fii^ov iii6ov tb oAov xoLov^y 
15 6vfiiistQog xal avtii [istd ^i6ov ^i6ov tb oXov 
7Covov6d i6tiv. 

2E6t(o fistd iii6ov iii6ov tb oXov noLOv6a fi ABj 
xal ty AB i6t(o ^v^i^EtQog 17 FA' liym^ otv xal ^ 
FA iistd iiiaov iii6ov tb oXov 7COiov6d i6tiv. 
20 ''E6tca ydQ tij AB 7tQo6aQii6^ov6a ^ BE^ xal td 
avtd xats^xsvd^&G)' at AE, EB aQa SwdiiSL al6lv 
d6v^^BtQ0L 7t0L0v6aL t6 ts ^vyxsCiLBvov ix t&v di^ 
avt&v tstQayoivcDV iii6ov xal tb V7t avtmv fid6ov 
xal iti d6v(i^stQ0v ro 6vyxsi^Bvov ix tmv di^ avtmv 
25 tstQayoivmv tm vjr' avtmv. xai s16lv^ mg iSslxQ^^ 
at AEj EB 6viL^BtQ0L tatg FZ, ZA^ Tcal ro 6vyxBi- 
fisvov ix tmv d7ti tmv AE^ EB tstQaycivmv t^ 6try- 



3. rco] e corr. V. staiv B. 4. rd] ro (liv Bb, i/kiv 

sapra ecr, m. 2 F. 6. tc»i> VZ — ^. EB"i mff. m. 2 B (tmv 

y^E, EB etiam in texfcu STmt a m. IV ^. ^'^\i. vl. W^ 
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jA jF medium, AEx EB autem tationale [prop. 
LXXVn]. et eadem comparentur. similiter 
igitur atque antea [p. 336, 20 sq.] demon- 
strabimus , esse FZ :Zd — AE\ EB , et 
-E -^ AE'+EB^,rZ^+ZA^2icAExEB,rZxZ^ 
commeusurabilia esse. quare etiam FZ^ Zjd 
"^^ potentia incommensurabiles sunt efficientes 
rZ^-^-Z^^ medium, FZxZJ autem rationale. 

Ergo Fjd recta est cum rationali totum medium 
efficiens [prop. LXXVII]; quod erat demonidtrandum. 

cvn. 

Becta rectae cum medio totum medium efficienti 
commensurabilis et ipsa recta cum medio totum me- 
dium efficienp est. 

Sit AB recta cum medio totum medium efficiens, 
et rectae AB commensurabilis sit FA. dico, etiam 
FA rectam esse cum medio totum medium efficientem. 
-A -r nam BE rectae AB congruens sit, et 
eadem comparentur. itaque AE, EB potentia 
incommensurabiles sunt efficientes summam 
quadratorum mediam et rectangulum medium 
^'^ praetereaque summam quadratorum rectangulo 
incommensurabilem [prop. LXXVIII]. sunt 
"Z autem, ut demonstratum est [p. 334, 14 sq.], 
AE^ EB rectis FZ, ZA commensurabiles, et 
AE^ + EB\ rZ^ + Z^* ac AE X EB, TZ X ZA 



iSsi dsCiuij comp. P, om. BFb. De V n. a^^. Tst. '=L^. Vfc^. 
noiovan firj%Bi F. 18. IffTco] om. "B¥\i. 'i^.. a.^«."\^s^«^ 
enoD, F, 26, avxov F. 
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xttfispm ix rav aao rmv FZ, Z^J, zo Sa vno rmv 
AE, EB Ta vno rmv FZ, Z^- xal at TZ, Z^ uqk 
Svva^Bi ilalv a<Jvfi(t£t^oi sroiovffai z6 Ti avyxiifievov 
ix tmv ax avtmv ratQaycovav (idaov xal to vn' avtav 
6 fisOov xal sri aavfifiBrpov tb evyxcifisvov ix zav ««' 
avtmv [tEtgayiavav] ra vn avtmv. 

'H r^ aga fiexa fiiaov fitOov t6 oAoy xocovaa 
iattv' ZnB^ ISei dtt^at. 

10 'A%o ^rjtov fiiaov a(paiQov(i,ivov 7} to Koix&li' 
XmQiov SvvafidvTj fiia Svo akoyav ylvBXai rjroi 
anotofii] rj iXaaaav. 

'Ano yap ^tjtov rou Bf fiiaov ayj/pijffS^ra rb B^' 
^iym, oti rj ro Xoiabv Svvaftivrf tb EF (lia Svo 

16 dXoymv yivsrai ^rot axotofii] ij iXaaamv. 

'Exxsia&m yag pjjr^ tj ZH, xal rm fiiv BF teov 
saQa tifv ZH 5rapa(3£(5AijS#(0 oQ&oymviov xapafJLtjHo- 
yQaHltov tb H&, rm Sh AB taov a^prjQi^a&m tb HK' 
Xombv a^a rd EF laov iatl tm A&. iitsl ovv ^jjtbv 

20 (iiv iati tb Br, (liaov Sh rb BA, taov Sl to fthv BF 
rm i/®. t6 Sh Bd rp HK, ^ijroi' fi^v Spa iarl zh 
H&, (liaov Si tb HK. xa\ napa ^ijti^j' r^v ZH 
7iaQaKBi.tar prjri] (liv kqk ^ Z& xal av(i(iEZQos c^ 



1. 10 Se — 2. nari mg. m. 2 F. 3. i*] om. P. 6. t«- 

liioyiui'»»'] om. P. 8. oi«e tSei, Sii%ai\ comp. P, om. BPb, 

10. Poat ^ijroi; del. Kttf F. 11. ■^l-jvezai BFb. 12. llix- 

■zav PVb. t3. &V\ in ras. V. 14. io.no* jrapiov BPb. 

10 Er dwaiiivTi BFb, 15. Uya,y F, oorr. ». 2. yl- 

yvirD.1 BFb. flattav B. 17. Post JtapB^ffll^offoi del. id 

HB m. 1 P, laa. 4 litt. V. 18. JB] e oorr. V, B^ P. 19, 

-£■/7 /■.£ B. ^ei BA F. ^O, nt«"\ (,Vtiaa\ Qva. b. Sl. 

f%roV7 fafa b. 23, wtti;c<x(ivTaL BS. isn ttnU ?.^^i. 
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commensurabilia. quare etiam FZ, Z^ potentia in- 
commensurabiles sunt efficientes summam quadratorum 
mediam et rectaBgulum medium praetereaque summam 
quadratorum rectangulo incommensurabilem. 

Ei^o r^ recta est cum medio totum medium ef- 
ficiens [prop. LXXYIII]; quod erat demonstrandum. 

CVIII. 

Spatio medio a rationali ablato recta reliquo spatio 
aequalis quadrata alterutra rectarum irrationalium est 
aut apotome aut minor. 

nam a spatio rationali BF medium auferatur B^. 
dico^ rectam reliquo EF aequalem quadratam alter- 
utram rectarum irrationalium esse aut apoiomen aut 
minorem. 

ponatur enim raticmalis ZHj et spatio BF aequale 
rectae ZH adplicetur rectangulum H&j spatio autem 
jdB aequale auferatur HK. itaque reliquum Er=A&, 

iam quoniam BF ra- 



A 



E B 






tionale est^ B^ autem 
medium^ et 5F= HS, 
Bd — HK, H@ ratio- 
nale est^ HK autem 
medium. et rationali 
Z H adplicata sunt. 
itaque Z® rationalis 
est et rectae ZH lon- 
gitudine commensura- 
bilis [prop. XX], ZK autem rationalis et rectae ZH 
longitudine incommensurabilis [prop. "XXK^. ^^"^ 
Z&, ZK longitudine incommexiTOX^jQfAft^ «^QS>^» \?gt^"^ 
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ZH fiiqxfi, pijT^ di ij ZK xal ttavitfitTQog zij Zff 
H^xti' aavn(i£TpO£ apa iStIv ii Z& r^ ZK ftijxft. aC 
Z&, ZK aQtt Qijtai dai SvvafisL fiovov iTvftfifTpoc 
aJloTOfii] aga dOTlv 7] KS, ^poffapfio^ovaa S\ avz^ ij 
h KZ. ^rot tfi) ij ©Z r^s ZK fiti^oi' dvvoTai zp osro 
evnfiizQov rf ov. 

^vvae&a x(f6tsQov ip «reo evfifiiTQov. xat iaztv 
olm f] 0Z evfifietQog zij ixxeifidvrj ^rjTrj ftrjxti r/; ZH' 
anotofirj «pa jrptorij itfriv ^ K@, i6 tf' into ^rjT^S 

10 xol anoro^^s npoirijg ncptc;|;d^fvoi' i; dwafidvrj 
zofi^ ieziv. ^ apo; ro ^^0, Tovziart ro fjr, dwaj 
(iiroro/iij iaziv. 

Ei Se if &Z zijg ZK fxit^ov Svvazat rra (mto 
[liTQov iavTti, xtti isTiv oA»j ij Z® ou[1[Istqos tiJ 

16 xtifiivTi ^rjzj} fi^^xH zfj ZH, «jiorofi^ zsTaQzr] cffrlv 
Jir®. ro S' vizo ^Jjr^s xai «jrotoft^g rcr«'pr?jj jrcpt- 
cxo^fivov ij Svvafiivrj iXaeamv ietiv owcp ^rfct dEt^ai. 

'/ijro fiieov ^tjtov atpatQOVftivov aXXat 8v'fi 
BO «Aoyot yivovtai. ijrot ft^ffijs (i;roroft^ npnfrij ^ 
ftcra QtfTov fiieov to oXov rtoioijea. 

'Ano yag fiieov ToiJ BF pTjTov «(pjjptjoftd) to B^. 
Xiya, ort ^ t6 lotaov t6 EF Svvafiivrj fiia dvo aXoyav 



iijT^S 
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1. ZH} (priua) HZ F. 2. Post u^xg» (alt,) add. xa/ 

ffflti' o(iipor£eai eijio^ b. 3. Z0J #Z BF. t/oi» P. *. 
SiJ S' P. 6. ZK <p.^ tTii] P, Si BFb, et eapra Bcr. m. 2^V. 
@Z] Z3 b. 6. dov^/tETpov P. 1] on] lavT^ ^ tm (ix3 
([ovfifiiieou BFb. 7j — 7. orfifiiTpoti] mg. m. 1 P. 7, t^ 
eorr.es td m. 1 b, jn. reo. P. aovfjfi^iefw P. 8. SZl 

corr, ei Z& V, Z0 F. 9. Se BFb. 10. Tipi*idfifvov] 

0JJ7. BFb. 11. jj] inB. m. 1 B. toI (priufl) ine. m. B V; 
13. SZJ in ras. b, ZS F, 1^9^ t?|i t. oii^v"Sa-o "^ , lon. 
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XIII]. itaque Z®, ZK rationales sunt potentia tantum 
commensurabiles. quare K& apotome est [prop. 
LXXin], KZ autem ei congruens. iam SZ^ excedit 
ZK^ quadrato rectae aut commensurabilis aut incom- 
mensurabilis. 

Prius excedat quadrato commensurabilis. et tota 
@Z rationali propositae ZH longitudine commensu- 
rabilis est. quare K@ apotome est prima [deff. tert. 1]. 
recta autem spatio comprehenso recta rationali et 
apotome prima aequalis quadrata apotome est [prop. 
XCI]. ergo recta spatio A@, hoc est EFy aequalis 
quadrata apotome est. 

sin @Z* excedit ZK^ quadrato rectae sibi incom- 
jnensurabilis/ et tota Z® rationali propositae ZH 
longitudine commensurabilis est, KG apotome est 
quarta [deff. tert. 4]. recta autem spatio comprehenso 
recta rationali et apotome quarta aequalis quadrata 
minor est [prop. XCIV]; quod erat demonstrandum. 

CIX. 

Spatio rationali a medio ablato aliae duae rectae 
irrationales oriuntur aut mediae apotome prima aut 
recta cum rationali totum medium efficiens. 

A medio enim BF rationale auferatur B^d, dico, 
rectam spatio reliquo EF aequalem quadratam alter- 
utram rectarum irrationalium esse aut mediae apotomen 

m. 2. 14. QZ BF. 16. Zfl] corr. ex Z0 m. 1 F. dnO' 
TOjir) agoc BFb. 16. di B. 17. Post iativ add. 17 aQcc z6 
(om. b) A&j Tovxiati, to EF, dvvaiiivr} iXaaaonv iatlv BF, mg. 
m. 1 b. onhQ idBi 8siiai\ comp. P, om. BFb. 19. Post 
ano add. tov b, m. 2 F. 20. y^vovtai B. \kiai\ B. ^. 
awcJ] corr. ex vno V. and — Bjr\\A%\>, 'i'^. ^la\ <5rss^.^. 
Xoycov h. 
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yivhxai i\xq\. \i,iei\q dnoTOfiij repoirTj ij (lExa pijtov (leGov 
to oAoi' noiovaa. 

'Exxeie&a} ycc^ §H^V V Zi/, xal napafis^i^a&c} 
biioitag xa xmpta. «tfii 6r\ aaoXov&iaq ^ijtij ftW i\ Z® 

5 kk! aevn[iETeos T^ Zif ft^xa, pJjT^ fie i\ KZ xal Ov^- 
(tBTQog Tr\ ZH ^ijxfC af Z0, ZK aga gr\Tai eiSi 
Swd^H fiovQv avimtXQOf a%oxo^i\ aga sexlv tj K@, 
itQoOaiffioiovaa di TavTij ^ ZK. iJTOi dij 7\ @Z r^s 
ZK {itt^ov dvvarai ra dno avfmazQov iavrfj t] t^ 

aito aavfifitTQOV. 

Ei fiiv ovv f\ &Z T^s ZK (utlov Svvarat Tp ano 
OvfifieTQOV iavrfj, xai iextv ij 7tffo6a^(i6^ov3a jj ZK 

aV(l(UXQOS T^ ixX£lflEV7\ QTlTJj (l^XEt Xtj ZH, «OTOTOft^ 

8evTi{/a iUTlv ij K&. pijT^ S\ ij ZH- raffif i\ ro A&, 

5 TOfr/ert 10 Er, Svvafiiut^ (licv^g anoxoftii ngdrr^ iaxiv. 

Ei d\ ^ 0Z T^s ZK (iBtt,ov dvvaxai tto a%6 aavft- 

(iixQov, xai ioxtv r\ }tpoeaQ(i6^ovea ij ZK ev(t[i£Tpog 

rij ixxEi(iivr\ grjxtj fir^xet r/} ZH, R3ioT0(ii\ iti(t7ix7\ iaxlv 

r\ K&' mOxe r\ xo EP dvva(tivr\ ficxa pijToO (lioov 

x6 olov aotoved iaxiv owEp SSet SeX^at. 

^Ql'. 

'Ano (liaov (liaov dipatQov(iivov uavfi^i- 

1. yijvtzai Bb, ftfffij Bb. 4. ieriv P. Srj] corr. 

eiiim.2B, eiFh. B. nni'] om. qr, ZH] ZI h. ZKB. 

6. Z&] 8Z P. eioiv P. 8. avTi) BFb. rf^] *e B7. 

ez] in raa. m. 1 b. 10. evniihgov V, corr. m. 1. 11. 

ez] Ze V. 14. Post ZH a.M. lo S\ ixo prfc^t nal dm- 

tofirje dfvrfpBE rj ivvaiiivTi nioris anaTOfiij ian n^axrj b, P 

mg. m. a. 15. TOVTtattv P. ^iBjj BF. iirii iiemijjV. 

16. 0Z] inrfta. V, Z0 P. 17. Ka^] (atn^, nai BFb. 18. 

/<5'»f/J Dni. b. 19. KG] &K F. Poat ET deL za>pJ'n 

m. 1 P. 30. OKCQ iaet 8[i^oi"\ Gomv- ? , im.. BPb. 88. 

fteaovj (alt.) supra acr. ni. 1 P, heoi'" aw^ *' 
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primam ant rectam cnm rationali totum medium effi- 



ponatnr enim rationalis ZH, et spatia similiter 

adpliceBtnr. itoqne eodem modo [p. 343, 19 sq.] se- 

E z K e 9^t"r, Z® rationalem esse 

et rectae ZH loDgitudine in- 

commensurabilem, KZ autem 

ratienalem et reotae Zfi lon- 

gitndine conmensnrabilem, 

itaque Z9, ZK rationalea 

Bunt potentia tantum com- 

menBurabilee [prop. XIII]. 

ergo KB apotome est [prop. 

" " LXXTTl]. ei autem congruena 

ZK. iam @Z* excedit ZK* quadrato rectae aut sibi 

commensurabilis aut iucommensurabilis. 

iam %i BZ' excedit ZK' qnadrato rectae sibi com- 
mensnrabilis, et congmens ZK rationali propositae 
ZH loi^tudine commoisurabilis est, KB apotome eat 
secunda [defE. tert. 3]. ZH autem rationalis est. quare 
recta spatio A&, boc est Er, aequalis quadrata mediae 
apotome est prima [prop. XCII]. ain &Z* exeedit ZK* 
quadrato rectae inconuneuBnrabitis, et congmens ZK 
rationali propositae ZH loDgitudine commensurabilis 
est, K@ apotome est quinta [deff. teri 5]. quare recta 
spatio Er aequalis quadrata recta est cum rationali 
totum medium efflciens [prop. XCV]; quod erat de- 
monetraiidam, 

CX. 
Spatio medio a medio ablato totl i\\£.Q'[ui&.<e&'«<'>\'c«:^& 
Teiiqaae duae irrationa\eB otiQuJWK a.NA> ifiRSafc.^ '«^ 
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rpou Ta olm aC loinal dvo aJLoyot yivo 
^rot t^iSTig nworofi^ 6{VTi(fa ^ fiera (lieov 
fiseov t6 oAoi' Tcoioijea. 

'j4<priQ^0&a ynp rag inl rav iiQOxsi^ivtav xotk- 

5 yffutpav ano (liaov tou BF (ibSov t6 B^ «etJ^f^fTpoi' 

rro oA(0' kiya, oxi rj t6 fiT Svva^ivri ftia iarl Svo 

aXoytov ijTOt fiiirjq ttxOTOfiij Ssvjiga ^ (t£T« (liaov 

(iiaov ro oAov itoiovaa. 

'Eitsl yap [lieov iffilv ixdreQOV Tcav BP, B^, xal 

10 uavfifteTffov to BF ra Bd, iarai axoXov&as Q^ti] 
ixaziQa Tav Z®, ZK xa\ aavfifitTQos rij ZH ^ijx«. 
xal ijitl aaviiiittgov iati to BF ta B^d, TovtiaTi tb 
H& Tt5 HK, affvfi^Etpos xal ij @Z zfj ZK- aC Z0, 
ZK UQa Qtjtai bIci Svva^iBi (lovov avfifistQOf dsco- 

16 rofii; apa iarlv i} K® [jtgoaap[i6^ovaa Ss 17 ZK. ^roi 
dij ^ Z& TTJg ZK [ifi^ov SvvaTat rp areo avfifiizQov 
i) ta axo aav^fUtQov savTfi]. 

Ei filv Sti ii Z® T^s ZK fiei^ov SvvaTat ta axo 
avfifiitQov iavTtj, xal ov&STSffa tav Z©, ZK ovfi- 

20 (UTQog iOTi r^ ixxeiiiivrj e>jr;; (tifjtei r?j ZH, aTtotoftii 
tQlfq iOtlv ri K@. pJjr^ Si ^ KA, ro 6' vno piji^g 
xal ajtoTOfiiis rptrijg jtepiBxofisvov og&oyeiviov aXoyov 
ietiv, xal ij Svvaftsvrj avto aloyos ietiv, xaXettai Ss 



I. yiyvottat B. 2. fi^ir»; Bb. 5. B^] B e corr. V. 6. 
^ffiiV B. 7. fi^oj; Bb. fiiitt] ptio ro5 P. 12. feriv P. 
Deinde add, unoxFnai P, et V, sed del. 13. «ai] icti xai b 
lciiv Kai B. «1'] Ktti ij b. Z0] ez FV. 14.^ ZK 

0X P. 16. iativ\ om. Bb. meooapftdjouoa — 17. fanra 
om. P, mg. V. 16. Sfl *f BV. 18. 3^\ ovv BFb. ZS 
©Z B. ZJ?] Z pOBtea ine. V. 19. oiSfrega V. t»p' 

C07T. ex Tio m. 2 V. Z0] 0Z Bb et in las. V. 20. ^ori' 
om. Fb. ' 21. KA] eotr. ei KA m. 1 E, 8'"\ «i BFb. 33. 
/ari PBV, comp. Fb; item B,\t. 
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tome secunda aut recta cum medio totum medium 

efficiens. 

Auferatur enim ut in figuris iam propositis [p. 347] 

a medio BF spatium medium B^ toti incommensu- 

rabile. dico^ rectam spatio EF aequalem quadratam 

alterutram esse rectarum irrationalium aut mediae 

apotomen secundam aut rectam cum medio totum 

medium efficientem. 

nam quoniam utrumque BF, B^ medium est^ et 

BFj B^ incommensurabilia^); similiter concludemus 

[p. 342, 19 sq.]^ utramque Z0, ZK rationalem esse 

et rectae ZH longitudine incommensurabilem [prop. 

XXII]. et quoniam 5r, B^, hoc est H®, HK, in- 

commensurabilia sunt, etiam ®Zy ZK incommensura- 

biles sunt [VI, 1; prop. XI]. itaque Z®, ZK ratio- 

nales sunt potentia tantum commensurabiles. 'ergo 

K® apotome est [prop. LXXIII]. 

iam si Z®^ excedit ZK^ quadrato rectae sibi com- 

mensurabilis; et neutra rectarum Z®^ ZK rationali 

propositae ZH longitudine 

commensurabilis est, K® apo- 

tome est tertia [deflf. tert. 3]. 

uerum KA rationalis est, 

rectangulum autem recta ra- 

tionali et apotome tertia 

comprebensum irrationale est, 

et recta ei aequalis quadrata 

irrationalis est, uocatur autem mediae apotome se- 

1) Cuiii uerba nal davafiSTQov t6 BF toqI BJ lin. 9 — 10 
nihil faciant ad demonstrandam id, qnod seqoitur^ noiv vcccb^^sc^^ 
ab Augusto omittuntur. GregOTiua om%v\> 1gx«.\. "^. ^S^ — "^^ 
JB^ Jifl. 12, 



K G 




r H 
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Er, Sv\'«fiiv7\ fisanig «storojii; ieu SiVTS^a. 

Ei di 17 Z® r^s ZK fttt^ov dvvKtai ta axo atsvfi- 
fiitlfov iavt^ [(iiJxEt], xal ovd-tTipa tav &Z, ZK 
5 avfiiitt^os ioti ty ZH ^ijxei, aTtoto^'^ ixtrf eOrlv ^ 
K@. to 6' vnii Qi^ijg xal aTcotofi^g «frijs ^ dwa- 
fiivt] iatl fista fiiaov fidaov zo o^ov xoiovaa. fj tb 
A® apa, tovtiatL to EF, Svvafiivri fiata fuOov ftiaov 
ro o^or itoiovad iativ ojtfp iSti Sst^ai. 



H anotoftri ovx iativ if avTtf tij i» 
ovofiiitiov. 

"Eata djiotofiii ij AB' Xiya, ott i] AB ovx it 
ij avTTf ty ix Svo ovoftdtcov. 
& El yaQ Svvatov, iata>' xal ixxfia&a pijrij rf 

jco r^s AB taov itKQa tijv PA itaga^s ^K^a&c 



I 



OQ&oymvLov tb FE xldtos xoiovv ti]v A E. ricsl 
ovv ttTiOTOfttj iativ 7] AB, ajtoiojitj jrptutij iarlv rj ^E. 
iata> avtij nQoaaQfio^ovaa ij EZ' aC .AZ, ZE aQa 
20 §ijtai siai Svvdftsi fiovov aviiftiTQoi., xal ^ AZ t^g 
ZE ftsl^ov Svvatui ta ano evfiftdtQov savr^, xal ij 
AZ evftfistQog iati ty ixxsiitivij ^ijr^ fiiixet t^ jdP. 
Ttdkiv, sasl ix Svo ovoftdriov ietlv {/ AB, sx Svo UQa 
1. nKOTOfi;] fitoij B. monfg FV. 10] om. b. tovi- 
tflr.r B, r6\{i To Bb. 2. fifoij B. ietlv ojioiOfiii Fb. 

8. Z0J #Z Bb et ic rau. V. evfifihgov V, corr.ni. 1. 4. 
fi^nti] oia. PV. oiStiifa FV. B. ^«1] om. B\>q>. 6. 

dl Bb. 7. ^011] httv ^ BFb. ^] aatf I, BPb, et e corr. V. 

8. aga] del. V, om. BFb. rovziaziv PB. Ante 10 adJ. 
jj ni. 2 F; ij fifio F. 9. Sjife ?*n asijBi] oomp. P, om. & 

11. 13] Hupra flcr. m. 1 b. 13. ^ -IB] (a.lt.) om. 9» 16. 
^ r] in raa. m. 1 P. IG, vitijv njv BFb. In sequentibos 

mnlta renonata et euan. in ¥. 1%. aQa ic^mii b. 19. ovcn} 
a^fVff ^ b. 21. aarfifiiteoii B, aei a- eiaa, 1.^. 'a.^tt\ wji.^V 
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canda [prop. XGIII]. ergo recta spatio A@, hoc est 

EFj aequalis quadrata mediae apotome est secunda. 

sin Z6^ excedit ZK^ quadrato rectae sibi incom- 

mensorabilis, et neutra rectarum ®Zy ZK rectae ZH 

commensurabilis est longitudine^ KS sexta est apotome 

[deff. tert. 6]. recta autem spatio comprehenso recta 

rationali et apotome sexta aequalis quadrata recta 

est cum medio totum medium efficiens [prop. XGVI]. 

ergo recta spatio A6y hoc est EFy aequalis quadrata 

recta est cum medio totum medium efficiens; quod erat 

demonstrandum. 

GXL 

Apotome eadem noh est ac recta ex duobus no- 
minibus. 

Sit j^B apotome. dico, AB eandem non esse ac 
rectam ex duobus nominibus. 

nam^ si fieri potest, sit. et ponatur rationalis ztF 
et quadrato j^B^ aequale rectae F^ adplicetur rect- 
angulum FE latitudinem efficiens ^E. quoniam igitur 

^i i_g AB apotome est, ^^E a|)otome 

jj jg est prima [prop. XGVII]. sit 

-'Z EZ ei congruens. itaque ^Z, 
ZE rationales sunt . potentia 
tantum commensurabiles^ et ^Z^ 
excedit ZE^ quadrato rectae sibi 
commensurabilis, et ^Z rationali 
propositae ^F longitudine com- 
mensurabilis est [deff. tert. 1]. 
rursus quoniam AB ex duobus 
nominibus est^ ^E ex duobus nomm\W^ ^^ ^\s£a^ 
[prop. LX]. in H in nomiiia divu3L«ta5Lt, %\» A^ -ssisssss^ 
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ovoiiazcav HQtOTr] eSrlv Tj ^fE. SiijQ^a&ta sle 
fitttct XKta xo H, xal letca [iit^ov ovofia to ^JH- ai 
^H, HE «pa pijra^ eiVi dwajiti fiovov tfvfiftezQoi, 
xal 1} jdH tiis HE [lEi^ov Svvatai tm «jro Ov(i(iEtpov 
B iavtfj, xal to fiEt^ov ij ^H aviifiEztfos ieti t;j ijotft- 
(levji pjjT^ fiij'jc£t zfi ^r. xai ^ ^Z «pn t^ ^H Ovft- 
(iETQOs iozi fiTJxsr xttl XoiJTri aptt ^ HZ tivfifistpos 
iett zfi jJZ iii^xei. linsl ovv eviifiizgos ifftiv rj ^Z 
T^ HZ, ^tjzi] 8i iattv ij ^Z, pTjt^ «po; isx\ xaX i] 

10 HZ. inel ovv <}v[i[ieTp6g ietiv ij ^Z x^ HZ ftijxft] 
aOv^^szQos S^ ^ ^Z tfj EZ [f^xEf ttaviifiet^os apo: 
iatl xttl 71 ZH zfi EZ ff^xii. at HZ, ZE apa 
^Tjrai [siet] dvvayiEi (lovov avft[itzQOf anoto[i/ri ttQtt 
iatlv gj EH. aXXa xal pijr^" ojTfp ietlv uSvvatov, 

15 'H aptt ajiotofii ovx lativ ij awrij tij ix Svo oi 
[latav OTlEif eSei Sst^ai. 



l 



inogiefia]. 

'H ttnoto[t7i xal al fiet' avrijv aAoyo, 

zfl fide^ ovxe ttkX^^Xais eialv ttt avxai. 

20 To filv yuQ ttnb (liaris naga pijr^v irapa^uAilo- 

fiEvov aXdtos xoiet ^tjtjjv xai aevftfiEtpov ty, jtttQ' 

ijv nrapaxEirat, fi-qxei, zb S% axb anotoft^s Tftpa ^ijr^i' 

1. ovo^en,Dis a^a Bb. eari «i/iarii F?, vQiaTtj eapra ser. 

m, 2 Y. SiijQriufvTi b, mg, oi. 1; yg. Aij^^qa&ai. 4. HE] 

EH" F. Tm] TO q>. 5. to (iiitov] P, et V, anprs. scr. ^; 

ora, b, ^ jis/Ja»' B; otn. 9, aed pOBt ^H lacuna est 6 litt. 

7. Anti ft/inK del. ij ^MXEifi*'»;; efjTJ fi^'xft tp JT m. 1 b, 

loOTn aQa z^ BFV. HZl in raa. m. 1 b; ZH F, seq, ms, 

1 litt. 8. imi -cf/] ioTi» ^ BVb et aupra ecr, ^ (p. ^nf/ — 

10. JfZ fprina)] om. P, ing. V. 9. liZ] Z ante raa. 1 litt V, 

/arii'] om, V. Post ^titii m mg. ni. 1. add, {ii',Ke» tfaiSfi- 

fttTQOs m. 1 b, ^(Ti^* B, om. V. ■\'>. ^■»»1 — ^V-^v^'*' 
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nomen sit. itaque ^if, HE rationales sunt potentia 
tantum commensurabileS; et ^H^ excedit HE^ qua- 
drato rectae sibi commensurabilis, et maius nomen 
^H rationali propositae ^F longitudine commensu- 
rabile est [deiF. alt. 1]. itaque etiam ^Z rectae ^H 
longitudine commensufabilis est [prop. XII]. quare 
etiam reliqua HZ rectae ^Z longitudine commensu- 
rabilis est [prop. XV]. uerum ^Z, EZ longitudine 
incommensurabiles sunt. quare etiam ZH, EZ lon- 
gitudine incommensurabiles sunt [prop. XIII]. itaque 
HZ, ZE rationales simt potentia tantum commensu- 
rabiles. EH igitur apotome est [prop. LXXIII]. uerum 
eadem rationalis est; quod fieri non potest. 

Ergo apotome eadem non est ac recta ex duobus 
nominibus; quod erat demonstrandum. 



Apotome et irrationales eam sequentes neque mediae 
neque inter se eaedem sunt. nam quadratum mediae 
rectae rationali adplicatum latitudinem efficit ratio- 
nalem et rectae, cui adplicatum est, longitudine in- 
commensurabilem [prop. XXII], quadratum autem 
apotomes rationali adplicatum latitudinem efficit apo- 
tomen primam [prop. XC VII], quadratum autem mediae 
apotomes primae rationali adplicatum latitudinem efficit 
apotomen secundam [prop. XCVIII], quadratum autem 

PV. 11. EZ] mut. in ZE V.^ aga iati] 8i in ras. 4 

litt. qp. 12. ioT^v P. Post fii^iisL add. xa^ slai frixaC mg. 
m. 2 B. 13. dci'] om. PV. 14. EK] corr. ex HE V, HE 
F, EN (f. 16. 7j] (alt.) om. b. 16. oiceq i«%v ^%X\a.C\ ^^^^^^. 
P, om. BFb. 17. «OQWfia] om. P, ^jv^' ^^\i, ^v«: ^. "^^ 
rffj Ti b, 22. dno'] om. F. 

JEuclideB, edd. ITeiberg et Meuge. IIL. '^^ 
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7taQafiakk6(i€vov Ttkdrog noul axotofi^v XQcitriVy %6 

8\ ano (i60i^s dxotofiijg n:Qcittig TcaQa Qtitiiv xaQafiak- 

ko^vov TcXdtog noul dycotofir^ devtiQav, to dh aTcb 

\ii6rig dycoto(iijg SevtiQag jcaQa ^ritijv naQafiakko^vov 

5 Tckdtog Tcout djcotoiiiiv tQitriv^ to d% dno ikd66ovog 

TcaQa Qfitijv naQafiaXX6(i€Vov xkdtog nout dxotoniiv 

i€tdQtfiVy t6 8h dxo t^g (utd ^ijtov (ui6ov tb oXov 

Tcoiov^tjg naQa Qi^t^v naQapaXk6(i€vov TcXdtog noul 

dnotofiiiv ni(i7Ctriv, to dh dnb trjg (letd (lieov (ii6ov 

10 t6 oXov JCotov6i^g naQa ^i/r^i/ naQafiaXX6(k€V0v nXatog 

noL€l d7COtO(iiiv extrjv. inel ovv td €lQri(iiva nXdtri 

8taq)iQ€c rov t€, nQcivov xal dXXriXmv, tov (ihv nQcStov, 

ott QrjtT] i6ttVy dXXriXcDv 8\j inel tfj td^et ovx ei^lv 

al avtaiy 8ijXoVy d)g xal avtal al aXoyot 8taq>iQov6tv 

15 dXXriXiov. xal i%€l 8i8€txtat fj a^roroft^ ovx ov6a ^ 

avt^ tij ix 8vo ovo^idtov, notoi)6t 8\ nXdtrj jtaQa 

Qtitijv naQafiaXX6(i€vat al (letd tijv dnoto^i^^v dnoto(idg 

dxoXovd^og €xd6tri tij td^et tfi xad"^ avfqvj at 8\ 

(letd tijv ix 8vo 6vo(idta)v tdg ix 8vo ovo^idtcov xal 

20 avtal tij tdl^€t dxoXov^og, €t€Qat aQa €l6lv at (i€td 

tijv djcotO(irjv xal €t€Qat at (i€td tijv ix 8vo 6vo(Jtdtci)v, 

(og elvat tfl td^et nd6ag dXoyovg Ty^ 

Mi6riVy 

^Ex 8vo 6vo(idtG}v, 

25 ^Ex 8vo (li^cov nQcitriv, 

^Ex Mo (ii6c3V 8€vtiQav, 

Mei^ovay 

^Prjtbv xal (ii6ov 8wa(iivi]v^ 

1. t6 8i — 8. SsvtiQav] mg. m. 1 V. 5. ildttovog Bb, 
comp, F. 9. itBvi] om. F. 11. ovv] corr. ex ov m, 1 P. 
12. Tggdtov] ^rius) in xaa. 'V. \^. lutl^ W B, 17. 
^crpafiaZXo/ASPa F, corr. m. 2. ^\ om.^^ «a\ft^ ^^x.th.V^^ 



ELEMENTORUM LIBER X. 355 

mediae apotomes secundae rationali adplicatum lati- 
tudinem efficit apotomen tertiam [prop. XCIX], qua- 
dratum autem minoris rationali adplicatum latitudinem 
efficit apotomen quartam [prop. C], quadratum autem 
rectae cum rationali totum medium efficientis rationali 
adplicatum latitudinem efficit apotomen quintam [prop. 
CI], quadratum autem rectae cum medio totum medium 
efficientis rationali adplicatum latitudinem efficit apo- 
tomen sextam [prop. CII]. iam quoniam latitudines, 
quas diximus, et a prima et inter se dififerunt, a prima, 
quia rationalis est, inter se autem, quia ordine eaedem 
non sunt, adparet^ ipsas quoque irrationales inter se 
differre. Et quoniam demonstrauimus, apotomen eandem 
non esse ac rectam ex duobus nominibus [prop. CXI], 
et rationali adplicatae rectae irrationales apotomen 
sequentes latitudines efficiunt apotomas secundum suum 
quaeque ordinem, irrationales autem rectam ex duobus 
nominibus sequentes rectas ex duobus nominibus et 
ipsae secundum suum quaeque ordinem, aliae sunt 
irrationales apotomen sequentes , aliae irrationales 
rectam ex duobus nominibus sequentes, ita ut omnes 
XIII irrationales ordine' hae sint: 

1. Media. 

2. Recta ex duobus nominibus. 
^ 3. Ex duabas mediis prima. 

4. Ex duabus mediis secunda. 
r-5. Maior. 
6. Recta spatio rationali et medio aequalis quadrata. 

fiiv B, at iih b, (liv supra add. m. 2 F. \^. x«.<i W ^^i^ * 
ovoiiaTmv] om, V. 20. avriq \). «lcw tt^^o. "^ . '^^- ^^ 
om. F. f&sta] natd P. 
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» 

^Anoxo^riVj 

M60rjg ajtoroiirjv TtQcitriv, 
Md^rjg anotofiriv SsvtSQav, 
5 ^Ekdaeova, 

Msra ^i]TOv (ie6ov xb okov notovhav, 
Msxa fideov 1160OV x6 oAoi/ %oiov6av* 

To ano Qrjxrjg naQa xrjv ix Svo 6vofidx(ov 

10 TtaQa^akkoyiBvov nXdxog xocst dxoxoiii^v, ^g 

xa ovofiaxa 6vii(i6XQd iaxt xoZg xrjg ix Svo 6i/o- 

(idxav ov6\ia6L xal ixv iv rcS avx^ koycn, xal 

ixi fj yivofiivrj dxoxoiirj xrjv avxrjv e^et xd^tv 

xy ix Svo 6vofidxov, 

15 "E0X(o ^rjxri ^hv ^ A, ix Svo 6voyLdxmv S\ ij BF, 

rjg ^6t^ov ovofia iaxm rj ^F^ xal xp dno xfjg A l6ov 

l6x(o xo vno xmv BFj EZ' kiy<Oy oxt r EZ dytoxofii^ 

ioxLV^ rjg xd 6v6fiaxa 6v(i(i6XQd i6xt xotg FA^ AB^ 

xal iv x& avx£ k6ycij xal ixt fj EZ xrjv avxrjv 6%6t 

20 xd^tv xy Br, 

"E6X(o yccQ ndXtv xa dxo xrjg A i'6ov x6 vtco xwv 
BA^ H, i%6l ovv x6 V7t6 xciv BF, EZ t6ov i6xl xm 
V7t6 xmv BAy H, i6xtv aQa (bg rj FB nQ6g xrjv BA^ 

De his 13 irrationalibus cfr. Martianus Capella YI, 720. 



6. iXdTTOva BFb. 8. Qi§'] om. b, giaF, ql6'*BY, 11. 

Tfi iatL F. 12. ovofiaaLv PBF. 15. dl ovofidxoav V. 16. 

Jr] rj F. 17. BF] FB F. 18. iau] iaxiv P. V^] V 

e corr. V. JB] J supra scr. m. 2 V. 19. td^iv ?|et V. 

sgeil ix^i BFb, in B supra scr. J m. 2. 22. BJ] J e 

corr. V, JB F. to] t© P^ . xca\ m\A.. yq. x^ m. 1 P^ to V. 

23. Poat xmv ras. 1 litt. P. TB^Br^. 
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7. Recta duobus spatiis mediis aequalis quadrata. 

8. Apotome. 

9. Mediae apotome prima. 

10. Mediae apotome secunda. 

11. Minor. 

12. Recta cum rationali totum medium efficiens. 

13. Recta cum medio totum medium efficiens. 

CXILO 

Quadratum rectae rationalis rectae ex duobus no- 
minibus adplicatum latitudinem efficit apotomen^ cuius 
nomina nominibus rectae ex duobus nominibus com- 
mensurabilia sunt praetereaque in eadem proportione, 
et praeterea apotome ita orta eundem ordinem habebit 
ac recta ex duobus nominibus. 

Sit A rationaliS; BF autem ex duobus nominibus^ 
cuius maius nomen sit ^r, et sit BTx EZ = ji^, 
dico^ EZ apotomen esse^ cuius nomina rectis Fz/, ^JB 
commensurabilia et in eadem proportione sint, et prae- 
terea rectam EZ eundem ordinem habere ac -Br. 

nam rursus sit B^xH=A^. iam quoniara est 
BrxEZ = B^XH, eTitrB:BA = H:EZ[YI,16]. 

A\ 1 

B\ — I \r H\ 1 



E Z 

K\ ■ 1 ^i 10 



uerum rB>BJ. itaque etiam H>EZ [V, 16; V, 14]. 



1) Dubito, an haec propoBitio et ^^o^^wAfc^ ^-a^^-sj^ ^^sa. 
smt Bed de bac re alibi*maeTim\xa. 
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ovtcog ^ H TtQog xriv EZ. (leiiaiv 8h ^ FB rijg B^' 
liei^CDv aQa i6tl xal rj H tijg EZ. €0t(o tij H teti 
^ E0' e6tt,v aqa (og fj FB TtQog r^v 5^, ovrag fj 
0E JtQog triv EZ* Sukovti aqa i6tlv (og ^ F^ XQog 
6 trjv B^j ovt<og ^ ®Z nQog trjv ZE, , yeyovevG} <bg 
il 0Z TCQog triv ZE, ovtcjg rj ZK JCQog trjv KE' Tcal 
okrj ccQa r} 0K TCQog okriv tijv KZ iattv, mg ri ZK 
TCQog KE' d)g yccQ ev tmv rjyovfievcDv TCQog ?i/ tav 
exoiievcov^ oijtog anavta ta rjyovfieva TCQog anavta 

10 ta eno^eva. 6g dh fj ZK. TCQbg KE^ ovtcag i6xlv rj 
rzl TCQog trjv ^B' xal cog ccQa r^ GK XQog KZy ovtcag ^ 
r^ TCQog trjv ^B. 6v^fietQov dl ro UTcd tijg F^ rp 
«jro f^g ^B' 6v^iietQ0v ccQa i6tl xal to, ajcb tijg ®K 
to ccTCo trjg KZ. xaC i6tLv mg to a%o trjg ®K nQog 

16 ro a%o tijg KZ^ ovtcog fj &K JCQog trjv KE^ ijtel al 
tQetg at 0Kj KZ^ KE avcckoyov el6vv. 6v(ifietQog 
aQa ij @K ty KE iii^xei' &6te xal fj @E tij EK 
6viifietQ6g i6tL fii^xet. xal iitel to aTtb trjg A l6ov 
i6tl ta VTcb t<5v E0y B^d^ Qrjtbv Si i6ti tb anb trjg 

20 Aj Qrjtbv aQa i6tl xal tb VTcb ,tciv E®^ B/^. xal 
TCaQa Qtjtriv trjv BA TCaQaxevtat' ^rjtri ccQa i6tlv fj 
E0 xal 6vfifietQog tij Bzt in^xet' &6xe xal f] ^vfi' 
^etQog avtfj fj EK Qrjxq i6tv xal 6v^^etQog tij BA 
^T^xei. iicel ovv i6tiv Sg fj FA XQbg AB, ovtcog fj 

26 ZK TCQog KEj at Sl FA, AB Svvdfiet (lovov el6l 



1. fieCimv — 2. Iffri»] in ras. V. 1. rB]Br P. 2. 
iazL] om. V. 3. FB] BT PV. 4. ttjv] om. Bb. 6. r^v] 
om. Bb. JB PVb. tijv] om. BPb. . ysyovitai — 6. 
ZEl om. b. 6. xnv] om. BP. ZK] KZ B. rijv] om. 
BPb. 7. nQog] bis q>. 8. triv KE PV. mg yap] om. P, 
snpra acr. V. x&v] om. P. Ti^yo-uvi.^voi» ^» \ft. xv^ KE V. 
11. ^B] Bd F. t^v KZ ^¥\i. VI. /1^\ ^ ^wt.^^ 
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sit E@ = H. itaque rB:BZl = @E:EZ. quare diri- 
raendo [V,17] rj:Bzl=@Z:ZE. &2ii&Z:ZE=ZK:kE. 
quare etiam 0K:KZ = ZK:KE'y nam ut unum prae- 
cedentium ad unum sequentiuffl; ita omnia praecedentia 
ad omnia sequentia [V, 12]. est autem ZK:KE = 
rJ:ztB. quare etiam &K:KZ = rzl:ZlB. uerum 
r^^y JB^ commensurabilia %unt [prop. XXXVI]. 
itaque etiam &K\ KZ^ commensurabilia sunt [VI, 20 
corolL; prop. XI]. est autem &K^:KZ^ = &K:KE^ 
quoniam tres rectae &Ky KZ^ KE proportionales sunt 
[V def. 9]. itaque &Kj KE longitudine commensura- 
biles sunt [prop. XI]. quare etiam ® jB, EK longi- 
tudine commensuvabiles sunt [prop. XV]. et quoniam 
A^ = E&xBJy et A^ rationale est, etiam E&xBA 
rationale est. et rationali BJ adplicatum esi itaque 
E& rationalis est et rectae Bzi longitudine commen- 
surabilis [prop. XX]. quare etiam EK, quae ei com- 
mensurabilis est, rationalis est [def. 3] et rectae BA 
longitudine commensurabilis [prop. XH]. iam quoniam 
est rA:AB = ZK:KE, et FA, AB potentia tantum 
9ommensurabiles sunt, etiam^ZiC, KE potentia tantum 

BJ F. 13. ex] rj (p. ^ 14. KZ] ZA in ras^ V. ^ 16. 
Post KZ add. idsix^ Y^Q ^S V rj nQog JB^ ovtoag ri ZK 
ngog KS. dXXa xal mg ^ FJ nQog JB, ovxtog 7] GK nQog 
KE. TQStg ovv sv^siaC slaiv avaXoyov nQcatri filv ri SK, dsv- 
xsQa 8\ 7j JTZ, TQitrj ^ KE. iativ ovv mg ro ano xfig nQoixrig 
nQog to dno trig SsvtSQag stSogf ovtmg rj nQtozri nQog triv zQCtriv, 
tovtsativ dig tb dno 0K nQog to dno KZ h. . triv'] om. b. 

16. slai BVb, comp. F. 17. aQa iatCv BFb. 9K] K 
e corr. V. Post fki^KSi add. %al SisX6vti b, m. 2 F. mats] 
'ts e corr. V. EK] E9 h. 19. E0] 9E V. iativ L. 

20. iatCv L. JB LBFb, e corr. V. 21. JB BF. 22. 
Post mats ras. 1 litt. V. 23. iattv L. JB F. ^4. 4^ 
om. L, supra scr. m. 2 B. ^h. ZK\ ^iort. ^T.Taia. ts^.''^^ 

^s] m. 2 F. rJ] dVY. eIqIv \i. 
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OviiltEtQoi , xal al ZK, KE dwaftti (lovov siol Suft- 
jKTQOi.. pi;t^ di iext-v ij KE' pijnj «por iorl xal jj 
ZK. ai ZK, KE aga ^rcei. dvvdfnt m'vov stol Ovfir- 
tiszQoi' ttaoTOfi.il ^Q" iorlv rj EZ. 

5 "Htoi. dl ij r^ i^s ^B fiet^ov Svvatat t£ dxo 
ovfifiiz^ov iavTij ij ta ano devftftitgov. 

Ei fiiv ovv 7j Fd *^s ^B fiti^ov dvvatai t^ aao 
Ovftfiitpov [savtrj], xal ri ZK rijs KE ^tt^ov Svvij- 
ecrat T^ o:;co GVfi^itQOv lavt^. xal eI fiev evfjt^ZQOS 

10 iativ ii T/J Tj) ixxHfidvy pJjt^ fii^xti, xal i} ZK' el 
i% ij Bjd, xal ^ KE- ti Sl ovdetiga rmv r^, j^B, 
xal ovdstEQa tmv ZK, KE. 

Ei Sl i} Fi^ T^s .dB fttitov dvvatai rto axb devft- 
ftirpov iavz^, xal ^ ZK t^g KE fitt^ov dvv^attai 

15 rm ano aevftftitQOv iavty. xal si ftlv tj JL^ evii- 
fiETpdg i^ti tfi ixxei.fiivrj pjjT^ fiijxct, xal ^ ZK' tl 
6h ii B^, x«i ii KE- ti Si ovSttiga rav F^, ^B, 
xaX ovStriQU tav ZK, KE' aatt aitorofnj dartv ij 
ZE, ?)s ta ovoiiata to: ZK, KE evfiftttQa ieri toig 

20 T^s ix Sxo ovoftdtav ovdftKOt Tofg f^. dB xal iv 
ta Kur^ ^oym, xal trjv avtijv td^Lv £%et trj BV' oncQ 
iStt Stt^ai. 

pty'. 
To dno pTjT^s napa «noTOft^i' naQa^akko- 

26 [itvov nldrog noitt tijv ix 6vo ovoftdttav, t]g 

1. KE apa LBF. 2. Post KE add. kbI eviittfcfos iB B.d 
finxn LBFb. iauv a^tt V. iat{p LPB. 3, ZK] (prioB) 
KZ BFb (de L uon liquet). Deinde add. xal avnneTeot ti 
r.d fimict LBFli. ^i^n^ f^tfw L, eijioi f&t BFb. F^iii'] 
om. LBFb. *. EZl ZE in ras. V. 6. t»]^ aupra acr. m. 
. rec. Y. aviiiiftQov V, eed corr. 8. davfijtitiiav L, et V, 
sed a- eraa. lavtf] om. P. ZK] KZ B. 11. S.J] mot 
io .dB F, .t/B b. o^9Hte« ?■ ^"^- ■"'' — ^*- ^^\ «ng- 
m. 2 F. 12. oiffrfweB P. KE^ ¥. m x»a. ^. V -? . -o. 
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commensnrabiles sunt [prop. XI]. uerum KE rationalis 
est; itaque etiam ZK rationalis est. itaque ZK^ KE 
rationales sunt potentia tantum commensurabiles. ergo 
EZ apotome est [prop. LXXIII]. 

lam r^^ excedit ^B^ quadrato rectae aut sibi 
commensurabilis aut incommensurabilis. 

si igitur Fjd^ excedit ^B^ quadrato rectae com- 
mensurabilis^ etiam ZK^ excedit KE^ quadrato rectae 
sibi commensurabilis [prop. XIV]. et siue Fzl rationali 
propositae longitudine commensurabilis est^ etiam ZK 
ei commensurabilis est [prop. XI, XII], siue B^d^ 
etiam KE [prop. XII], siue neutra rectarum ri^, ^B, 
neutra rectarum ZK, KE. sin F^'^ excedit JB^ qua- 

drato rectae sibi incommensurabilis, etiam ZK^ ex- 

• 

cedit KE^ quadrato rectae sibi incommensurabilis 
[prop. XIV]. et siue F/^ rationali propositae longi- 
tudine comQiensurabilis est, etiam ZK ei commensu- 
rabilis est, siue £^, etiam KEy siue neutra rectarum 
Fz/, ^Bj neutra rectarum ZK^ KE. ergo ZE apotome 
est, cuius nomina ZKj KE nominibus F^, ^B rectae 
ex duobus nominibus commensurabilia sunt et in eadem 
proportione, et eundem ordinem habet ac 5r [deff. 
alt. et tert.]; quod erat demonstrandum. 

cxm. 

Quadratum rectae rationalis apotomae adplicatum 
latitudinem efficit rectam ex duobus nominibus, cuius 

JB] BJ? L. U. xa^ — 16. lavx^] om. P, mg. m. 2 V. 
16. iativ L. Ante ZK eras. H V. ' 17. ovd-stiQa V. 18. 
ovd^stsqa PVqp (non F). mats] -s in raa. V. 19. ta] (alt.) 
om. P, m. 2 V. iativ L. 20. i%] i% x£v Y. ^■vii^u.^v» 
L^BF. 21. ^z^i td^iv LBF\). BPA B^^. '^^^ ^>KA 
JPL, Qifi' F, Qtd' b, qiB' BV. ^4. TtaQtt^ tt^oi \^. 
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T« dvotiara oujifiErpK iUTi Tots i^S dxozofi^^^ 
6v6{iaei. xal iv rp avtip loyat, Sri dl 17 yivo- 
fiivT} EK dvo 6vo(idTDiv Tijv avtijv td^iv 1%^^ 
t]7 ajroroftij. 
5 "Eexa QtitTj (i\v ri A, axotofiij de 17 B^, xal ra 
ajtb T^g ji l'6ov iezca t'o vno tmv B ^, K8, coete t6 
uTCo T^s A piJi^S KKpK T^v Btd KJTOTOfi^v Jiaffa^aX- 
XoiiEVOV nXdtos XoisV tfiv K&' Xiym, oti ix dvo 6vo- 
(iKtiav iatlv r} K&, ijs ta 6v6(iaTa avmiETpd iati 

10 roEg r^s B^ 6v6[iaai xal iv rra avt^ Aoyra, x«i eti 
57 K& tr^v avrijv sxEi Td^iv tfj B^. 

"Euta ycp tfi Bd aQO6aQ^6^ov0« ij i^tF' at BF, 
r^ ttpa QtitaC eCiSi Svvdnei. (iovov ov(i(ittQOi: xal ico 
d%b ttg A iaov iata xal tb iab rmv BF, H. Qrjtbv 

15 ^i 10 «JTO T^s .^' ^JJTOV «pa xal to vwo tioi' BF, H. 
xa\ naga Qtjtijv Ttjv BF xaga^i^XtjTaf piji^ apa iarlv 
il H xal avfiiiETQOs Tij BF ftijx«. etieI ovv t6 vao 
Ttov BT, H i'eov iatl ta vm tav BA, K&, dvdXoyov 
npK ietlv ag ij FB hqos B^, ovrojs ^ K& npbg H. 

20 {lEi^av Si ij BT T]]j Bi^i' jiEi^mv ap« xal ij K& t^s H. 
xEie^a Tjj H itfij ij JC£' ev(i(iEtQoq apa ietlv j/ K£ 
TTJ Br" (iYjXEi. xttl iitEt iattv mg i] PB 31965 B^, 
orrtos ^ &K xgbg KE, dvaeTgi^avti afia ietlv as i} 
Br Jtpofi rijv r^, ovtag ■^ K@ Jtpos &E. ytyovita' 

25 as »/ K& mp6s ®jE, ovrrag 57 0Z Jtpos Z£" x«l ^our^ 

1. iaiiv L. 2. 6v6[i,uaiv PLBF, ■yiyvop.evTj LBb. yt- 

votiivT} PYtp. 3. Ixii] aupra add. J m, 2 B. 6. -*] ^B b. 

moHl -* in raB. V. 7. B Jl ,dB qi. 8. «oiffv LFb, e 

corr. m. 1 B. oril 3« koi PV. 9, ioril ^arij' L, 10. ' ' 

fi^ny FIBF. fiilSriLBFb. 11, f'J« LB. IZ. tle 

14. xail ora. LBPVb, IB. H"\ vn. ■! ^. 18, ^ot/v PV, 
om. LBFh. 19. rB] BrP"V, ^». itvs^ (s^vi'^ ■".*>* >i. 
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QommEi nominibua apotomes commenBurabilia aunt et 
in eadem proportione, et praeterea recta ez duobus 
uominibus ita orta eundem ordinem habet atque apotome. 
Sit A rationalis, R/i autem apo- 
tome, et ait RA x JC© = A*, ita ut 
quadratum rectae ratioualia A apotomae 
ti RA adplicatum latitudinem efficiat KB. 
dico, K® ex duobus nominibus ease, 
'_ cuius nomina nominibus rectae EA 
commenaurabilia sint et in eadem pro- 
portione, et praeterea K& eundem or- 
dinem babere ac BJ. 
nam AF rectae B^ congmens sit. itaque BF, FA 
rationales aunt potentia tantum commensnrabiles [prop. 
LXXnij. BitetiB.mBrxH = A'. uerum >rf* rationale 
eat. itaque etiam BTxH rationale eat. et rationali 
Br adplicatum est. itaque H rationalis eat et rectae 
Br longitudine commensurabilis [prop. XX]. iam 
quoniam est BrxH=BAxK9, erit [VI, 16] 
rB-.aA — K&.H. est autem Sr>B^. itaque 
etiam K®>H [V, 16; V, 14]. ponatur KE^H. 
itaque KE, BF longitndine commenaurabiles aunt et 
quoniam est rB:S^-=®X^:X£:, conuertendo [V, 19 
coroll.]estBr:r^ — X@:0E. &&tK&:&E='&Z:ZK 
itaque etiam KZ:Z@ = K&:&E = Br-. FJ [V, 19]. 
uerum ST, FJ potentia tantum commensurabiles sunt. 
itaque etiam KZ, Z& potentia tantum commensura- 



&tia i<ni BFb. 21. KE] e corr. V, EJt P. 22. 1.5» BJ 
BPb. 28. T^* KE BPb. 26. XSi wiix. «».. TLB- iii.n."^- 
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apce ij KZ jrpog Z@ iaziv, etg ij K& ng6s &E, rout^ 
ietiv [ras] 17 BT jrpoff FJ. a£ di BF, V/i Svva^ei 
^ovov \ilal\ tJvfifisTQoi.- xal (tl KZ, Z® apa dwaiiEt 
jiovov sial ffwftftitpot. xal iitsi iaztv 015 tj K@ repos 
5 ®E, i] KZ npog Z&, aXV (Ug ^ ff® jipos^fi, 17 @Z 
repog ZE, xal mg ap« »; KZ irpog Z&, ^ @Z apog 
ZE" (oBre xal rog ^ nQtax^ Jtpog r^v tq(zi}v, t6 awd 
T^S n;pwt)js jrpoff To aab Ttjg SBVVBqa^- xal mg aga ri 
KZ Ttpog ZE, ourojs x6 ano r^g XZ Jtpog to «rei r^g 

10 Z®. SvfiiieTQov dt iOTi to anb xijs KZ x<5 aitb xijs 
Z@' at yuQ KZ, Z& SvvaiiEt eiel nwftfitrpoc tfu(t- 
fiBTQog «pK iazl xal ^ KZ xri ZB fijJxEf (3ore t/ ffZ 
x«i T^ /CE BtJfifiirpdg [itStt'] (i-^XBi. ^jjr^ 5* iexiv ij 
K£ xai ffiJ.ufHTpos xfj BV ff^sf pTjT^ apa xal ^ 

IG KZ xal ffvfiftixpos x^ BP fiTjXBi. xal iaei iartv ag 
ij BF jrpog F-d, ot^Tcjg ij KZ jrpog Z®, ^vctAAal rag 
ij BF reeog KZ, o^Ttt)g ^ ^r" irpog Z@. ev/tiiBrQos 
Si Tf BF t;} KZ- avfifierQog afftt xal ^ Z® r^ jn,4 
fi^XEt. ttf BF, r^ di Qfjtai slei dwdfiBt ftovov ev(t- 

20 fiBXQOi' xal a[ KZ, Z® «pa QtixaC Biat Svva^BL fiovov 
evfiiiBXQoi' ix 3vo ovofiatmv iazlv ap« tj K®. 

El iiiv ovv 1} BF r^s F^ fist^ov dvvaxat xm iJjti 
avfifiixQOv iavXTj, xal ij KZ x^g Z® [ist^ov Svv^aEtai 
tm anb avftfiixQov iavx^. xal ei iiev evftiiexQos doxtv 

25 Ti BF Tfi ixxBtfiivi) pijTJj ftijxEi, xal ^ KZ, ei iJi ij 

1. Ze] ez P et in raa. V. eE\ corr. ei ZE V. to«- 
eoiiv — 2. «eiis] io raa. V. S. mq~\ om. P, tnpra aor. V. 

Je] om. BF. r^J] r^, JE BF. 3. ifo^] oni. PV. ov^. 
jieteoi — 4. tleC~\ njg. m, 2 B. 3, JfZ] ZJS: P. 5. ZS] 
ez itt raa. V. 0Z] in ras, ni. rec. B. 6. Z®] io raa. m. 
rec. B, "ez b. ovxtoi q B. ez] 'Z@ h. 7. ZE] EZ F. 
atrtf] -e in ras. V. kis"\ m. ^ ¥. wtnis li aEti. 8, 
«eeitjjs] erae. F. «eos — 8sTJxt9as\ m^.-m.^'?. %, XE»^ 
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biles sunt [prop.XI]. et quoniam esi K®:®E = KZ:Z®^ 

K®:®E^®Z:ZE^ erit etiam 

KZ:Z® = eZ: ZE. 

quare etiam ut primum ad tertium, ita quadratum 

primi ad quadratum secundi [Y def. 9]. itaque etiam 

KZ:ZE = KZ^:Z&. uerum XZ% Z^ commensu- 

rabilia sunt; nam KZ^ Z% potentia commensurabiles 

sunt. itaque etiam KZ^ ZE longitudine commensu- 

rabiles sunt [prop. XI]. quare etiam KZ^ KE longi- 

tudine commensurabiles sunt [prop. XV]. KE autem 

rationalis est et rectae BF longitudine commensura- 

bilis. itaque etiam KZ rationalis est et rectae BT 

longitudine commensurabilis [prop. XII]. et quoniam 

est BT^TA = KZ:Z®^ permutando [V, 16] est 

Br:KZ = ^T: Z®. uerum BT, KZ commensura- 

biles sunt. itaque etiam Z&j jdF longitudine com- 

mensurabiles sunt [prop. XI]. jBF, FJ autem ratio- 

nales sunt potentia tantum commensurabiles. itaque 

etiam KZ^ Z& rationales sunt [def. 3] potentia tantum 

commensurabiles [prop. XIII]. ergo K& ex duobus 
nominibus est [prop. XXXVI]. 

lam si BF^ excedit F^^ quadrato rectae sibi com- 

mensurabilis, etiam KZ^ excedit Z&^ quadrato rectae 

sibi commensurabilis [prop. XIV]. et siue BF rationali 

propositae longitudine commensurabilis est^ etiam KZ 

corr. ex Z0 P. 11. ya^] aqa B. 12. t^] r^g Vb. coffTf] 
'S in ras. V, mats %aC b. 13. iati\ om. rV. 14. davfi- 
fiSTQog b. 16. TtQog] (prius) bis b. 17. ovtoig — 18. KZ] 
bis F. 17. Jr] rj P. 18. Z@] in ras. V, ©Z P. FJ] 
in ras. V, JTF, 19. at] at di V. di] om. FV, z^JE Bb. 
20. xat — 21. K@] mg. m. 1 V. 20. KZ\ K% B. ^V. 
dvo aga BFb. aQa] om. BFb. ^^. VA\ ^S^^y "^^ 
eras. V. 28. davfifjLSTQOv F, aed coxx, "^^. a.<s'o^>^^'^^'^'^ ^ 
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Fjd evfifietQog i6ri rfj ixxsLfievrj ^r^ fn^xsi^ xal ij 

Z0, el Sh ovSerega rcov BF^ F^, ovSstega xAv 

KZ, Z®. 

Ei S\ ij BF riig Fjd [let^ov Svvarac rdl dnb 

6 d^vfifierQOv iavrij^ xal fj KZ rrjg Z® fiet^ov dvi/ij- 

6erat rm aTto davfifierQOv eavrrj. xal el (iev 6v[ifi€tQ6g 

ifSriv ri BF rf^ ixsfeLfievrj Qrirfj fiiixeiy xal ij KZ, el 

Sh fi r^, xal ri Z®, ei Sh ovSersQa rc5v JBF, T^, 

ovSereQa rav KZ^ Z®. 

10 ^Ex Svo aQa ovofidrov ifSrlv rj K&y rjg rd ovofiara 

rd KJZ^ Z@ avfifierQa [iarL] rotg rrjg dycotofiijg ovo- 

fia6i rotg BF^ Fjd xal iv rm avrm koym^ xal irt ^ 

K@ rij BF rr^v avrrjv e^ei rd^iv oxeQ iSet Set^ai. 

QlS\ 

16 'Edv %(oqCov TteQcexrirat v%o dxorofiijg xal 
rr^g ix Svo ovofidrcov^ rjg rd ovofiara evfi- 
fierQd ri i6rt rotg rijg dxorofifjg 6v6fia6L xal 
iv rc5 avrS X6yfp^ fj ro %g}qCov Svvafievrj Qrjri] 
i6riv' 

20 Ile^iexi^d^af yaQ %aiQCov ro vno rmv ABj F^ vno 
dTCorofiijg rijg AB xal rijg ix Svo ovo fidrcov rijg Fjd, 
rjg fiet^ov ovofia i6rGk ro FE^ xal iarco rd 6v6fiata 
rfjg ix Svo 6vofidrcov rd FE^ EA 6vfifierQd te totg 
rijg djcorofiijg 6v6fia6L rotg AZ^ ZB xal iv rp avrci 

1. rj] Jr B et e corr. V. 2. JBT — tmv'] postea add. 

m. 1 P. Post rj add. %ai b, m. 2 F. 4. dvvrixai Bb. 

6. avfifiitQov V, sed. corr. KZ] Z e corr. V, KJ P. Z©] 

0Z in ras. V. 6. avfi(iitQov V, sed corr. 7. iativ] m. 

2 P. 8. Z0] ez F. rj %ai b. 11. avfifista B. iati] 

om. P, BttprsL scr. V. ovof/Laatv B. 18. BF] BJ PPb. 

o^sp ^dsi dsiiai,] om. B¥\). VAt. qv%* \i ^\» ^ Q.Qrt. F, 

e^sr" BV. 17. ra] om. B^^V. oi»o\miov» ^^^, V^.Wv 
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ei commensurabilis est [prop. XII], siue FJ rationali 
propositae longitudine commensurabilis est, etiam ZS 
ei commensurabilis est [id.], siue neutra rectarum BF, 
Fjd^ etiam neutra rectarum KZ^ Z® [prop. XIII]. 
sin BF^ excedit Fjd^ quadrato rectae sibi incommen- 
surabilis, etiam KZ^ excedit Z®^ quadrato rectae sibi 
incommensurabilis [prop. XIV]. et siue BF rationali 
propositae longitudine commensurabilis est, etiam KZ 
ei commensurabilis est, siue F^, etiam Z® [prop. XII], 
siue neutra rectarum 5F, F^, neutra rectarum KZj Z®. 
Ergo KS ex duobus nominibus est, cuius nomina 
JCZ, ZG nominibus apotomes 5F, F^ commensura- 
bilia sunt et in eadem proportione, et praeterea K® 
eundem ordinem babet ac 5F [cfr. deflF. alt. et tert.]j 
quod erat demonstrandum. 

CXIV. 

Si spatium comprehenditur apotome et recta ex 
duobus nominibus, cuius nomina nominibus apotomes 
et commensurabilia sunt et in eadem proportione, 

recta spatio aequalis quadrata ratio- 

A S 2i 1*1 

I 1 — I nahs est. 



2 ^ Spatium enim AB X F^ com- 



^, , prebendatur apotome jiB ei recta ex 

0, , duobus nominibus F^, cuius nomen 

K A M iJ^aius sit FE, et F£, Ejd nomina 

I I I rectae ex duobus nominibus nominibus 

apotomes AZ, ZB et commensurabilia sint et in eadem 

B, comp. FVb. 20. yaq] corr. ex zo m. 1 Y. ^. W^ 

(prius) lart Bfb. 23. EJ] J e coit, m. \ \i. x^m.^^. 
24. ovoftaaiv B. 
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Xoyc), xal i6r(o rj ro imb xmv AB, Fjd dwaiutnj ^ H' 
kiyiOj otL ^fiti^ ifStiv fj H. 

'ExKsie^m yag ^rjtti fj S, xal t^ iito tijg & tfSov 
naga triv Fjd jtaQafispkrj^^o} nXatog %oi,ovv t^ KA' 

5 a7Coto[iri aga iatlv ^ KA, ^g ta 6v6(ujcta i6ta ta 
KMj MA 6vfi(ietQa totg tijg ix. Svo ovopbdtayv 6v6- 
Ha6i totg FE, Ejd xal iv tm avtp X6ya. aXXa xal 
at FEy E^ 6v^(i6tQoi ti sl6L tatg AZy ZB xal iv 
tip avtm Xoya' s6tLV aga mg ri AZ itQog triv ZBj 

10 ovtcog ri KM JtQog MA. ivaXXa^ aga i6tlv mg 4^ AZ 
XQog trjv KM, ovtog rj BZ Ttgog trjv AM' xal Xomri 
aQa fj AB Jtgog Xovnrjv tijv KA i6tLv mg tj AZ 
TtQog KM. 6v(ifistQog Ss rj AZ tij KM' 6v(i(istQog 
aga i6tl ocal rj AB tij KA, xaC i6tvv wg fj AB TCQog 

15 KA^ ovtog ro vno tciv FA^ AB nQog to %mo tav FA^ 
KA' 6v[i[istQov aQa i6tl Tcal ro wro ri5v FAj AB 
to v%o tmv Fjd^ KA. t6ov S% ro vno tav FA^ KA 
rp axo tfjg @' 6vfifistQov aQa i6tl ro vTtb tc5v FA^ 
AB ta aito tijg 0. rp Ss vno tmv FA^ AB t6ov i6tl ro 

20 ccTto tijs H' 6VfifistQov ccQa i6tl ro aito trjg H t& 
aitb tijg ®. Qrjtbv Sh tb dnb t^g 0' ^rjtbv ccQa i6tl 
xal tb ditb tijg H' ^rjtrj aQa i6tlv fj H. xal Svvatac 
ro vTtb rc5v FAj AB. 

'Edv aQa xoqIov n:sQtixrjtaL vnb dTtotofiijg xal tijg 

25 ix Svo 6vo(idtGiVy rjg td 6v6(iava 6v[i(istQd i6tt totg 
tijg aTtotofiijg 6v6(ia6t xal iv rra avta X6ya), fj tb 
%coqIov Svva(iivrj ^rjtrj i6tvv. 

1. ri\ om. BFb. ^l e corr. V. H] HA b. 3. 9] 

(prius) JB0 F. 4. zriv\ (prius) m. 2 F. 6. r^g ^x] 1% 

T&v V. 7. dXld — • 9. Aoyco] mg. m. 1 F. 8. xoiq b. 9. 

^Z] corr. ex JFY. 11. BZ^ ZB ^. Vi. A\ (priua) post 

ras. 1 litt. F. 13. wqos — Al^ om. ^ . xiv» K.^ ^^\., 
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proportione, et sit H^ = AB X FJ. dico, H ratio- 
nalem esse. 

ponatur eniiu rationalis 0, et spatium quadrato 
0^ aequale rectae FJ adplicetur latitudinem efficiens 
KJ, itaque KA apotome est, cuius nomina sint 
KMf MA commensurabilia FE, EJ nominibus rectae 
€x duobus nominibus et in eadem proportione [prop. 
XCII]. uerum FE^ EJ etiam rectis AZ^ZB et com- 
mensurabilia sunt et in eadem proportione. itaque 
AZiZB=^ KM: MA. quare permutando [V, 16] 
AZ:KM=BZ:AM. itaque etiam AB:KA = AZ:KM 
[V, 19]. uerum AZ^ KM commensurabiles sunt [prop. 
XII]. itaque etiam AB^ KA commensurabiles sunt 
[prop. XI] . est autem AB:KA = rJxAB:rAx KA 
[VI, 1]. itaque etiam rAxAB et FAxKA com- 
mcnsurabilia sunt [prop. IX]. uerum FA X KA = 0^. 
itaque FjA X AB et 0^ commensurabilia sunt. est 
autem H^ = FAxAB, qaare ff^, 0^ commensura- 
bilia sunt. uerum 0^ rationale est. itaque etiam W 
rationale est-, quare H rationalis est; et spatio 
FAxAB aequalis est quadrata. 

£rgo si spatium Qomprehenditur apotome et recta 
ex duobus nominibus, cuius nominanominibus apotomes 
et commensurabilia sunt et in eadem proportione, 
recta spatio aequaiis quadrata rationalis eet. 

14. kaxCv B. ^Bj KM avfnisxQog ttga iatl xal fi JB q) 
(et F?). 16. ri^v KA BFb. ovroo B. FJ] ante lacunam 
2 litt. F, Jr h, AB] JB b. nQog to] om. 9. 16. rd] 
m. 2 V. 17. toov] (prius) ora. P. 18. G] 0Z B, sed corr. 

19. dno] corr. ex vno m. 2 F. tm] corr. ex to m. 1 F. 

to] corr. ex rco m. 1 F. 20. to] nal to BFb. 22, 4tvxy\\ 
corr. ex qiqtov V". 26. iativ P. ^^. ovo\kQLQW "^^. ^ 
iari BV, cotnp. Fh. Deinde add. o«eq I5%v S%t\a.v^. 

Enolidew, edd. Helberg et Menge. TH. ^^ 
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Kal yiyovav rifitv xal 8va rovxov ^avsQOVy oxt 
Svvaxov i6xv Qrjxov %(oqCov vtco dkoycDv evd^sccSv TCtQv- 
i%ee^ai, otibq idsv detifici» 

6 Qie\ 

^Atco fii6i^g aneiQOL aXoyov yivovrav, xal 
ovda^va ovSsfiva xidv tcqoxsqov 17 avxi]. 

"EaxG) ^iarj fj A' Xiyio^ oxv ano r^g A aiesvQov 
aXoyov yCvovxav^ xal ovSs^Ca ovS6[iva xciv xqozsqov 

10 fi avxYi. 

^ExxeC^d^co Qtixii 17 B^ xal xp vno xAv Bj A v6ov 
e6xG) tb dito xrjg F' dkoyog aQa i6xlv rj F' x6 yccQ 
VTCo dkoyov xal Qrjxrjg aXoyov i6xvv. xal ovSsfiva xciv 
JtQoxeQov rj avxiq' xo yaQ dit ovSe[ivag xmv jeQQXSQOv 

15 JiaQcc QT^xrjv naQafiaXXoinevov nkdxog novst fii^rjv. ndkvv 
Sr] rc5 vno xciv 5, F t6ov i6xc3 x6 djco xrjg A' aXoyov 
ccQa i6xl xo dnb x^g A. «Aoyog aQa i6xlv fj A' xal 
ovSsfiva x&v JCQOXSQOV Tj avxrj' xo yccQ dn ovSsfiidg 
x(ov TtQOxsQOv TtaQcc Qrjxijv TtaQapaXkofisvov nXdxog 

20 Ttovst xrjv r. 6[ioCcjg Sfj xrjg xovavxrig xdi,S(og in ansvQov 
nQoPavvov6i^g (pavsQov^ oxv dnb xrjg [li^rjg &7Csiqov 
akoyov yCvovxav^ xal ovSsfiCa ovSs[iva xAv TtQoxsQov 
fj avxiq' ojtsQ iSsv Sjst^av], 

1. noQiancc] ing. PV, om. BFb. 4. onsQ iSsi Ssi^ai] 

om. BFb. B. qis'] om. V, gig' b et corr. ex qvS' F, 91J' B. 

6. yCyvovxtti B, y supra add. m. 1 P. 7. ovdsybla'] om. 

PFVb. Post nqozsQOv add. Ss%axQi&v dXoyfov m. rec. F. 

9. yCyvovtaiVFB. ovdsi^Ca] om. PF Vb. 10. fi] iaviv fj BF. 

11. Ante B ras. 1 litt. B. B, A] A, B F. 12. fatm] m. 2 F. 

rd] (prius) tc5 F. 13. iarC PB, comp. FVb. 14. dno B. 

16. aXoyov —17. J (prius)! om. F V. 17. iatCv P. z6 — iatCv] 

oni. P. aXoyog — IS. avxi\\ itk x«j&. is\. \ Y. 1B. ano B. 
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Corollarium. 

Et hinc quoque nobis adparuit, fieri posse, ut 
spatium rationale rectis irrationalibus comprehen- 
datur. — quod erat demonstrandum, 

cxv. 

A media irrationales infinitae multitudinis oriuntur; 
et nulla eadem est atque ulla priorum. 

Sit A media. dico, ab A irrationales infinitae 
multitudinis oriri et nuUam eandem esse atque uUam 
priorum. 

ponatur rationalis B^ et sit r^ = BxA. itaque 
r irrationalis est [def. 4]; nam spatium recta irratio- 

^ ' ' nali et rationali comprehensum 

B I » irrationale est [prop. XX]. nec 

^i • eadem est atque uUa priorum; 

^, 1 neque enim uUius priorum qua- 

dratum rectae rationali adplicatum latitudinem efficit 
mediam. rursus sit ^^ = 5 X n itaque Al^ irrationale 
est [prop. XX]. quare jd irrationalis est [def. 4]. nec 
eadem est atque uUa priorum; neque enim uUius priorum 
quadratum rectae rationali adplicatum latitudinem ef- 
ficit r, iam hac ordinatione similiter in infinitum 
progrediente adparet, a media irrationales infinitae 
multitudinis oriri; et nuUam eandem esse atque uUam 
priorum; quod erat demonstrandum. 

20. xfiq TOiavrT^g] xotq t^g avtijg q>. 21. nqoQalvovaai B, corr. 
m. 2. 22. yiyvovtai B. ovdB^ia'] om. PF Vb. 23. otibq ^dsi 
dst^ai] om. BFb, comp. P. Seq. additamenta quaedam, u. app. 
In fine libri EvnXsidov atoi%sl<av T P, tsXog tov T tav EvTiXsidov 
<itoi%tC<ov m. 2 B, tsXog tov T t&v Evv.XsC8qv <sx<i\.ijt<w« xx\^ 
Qsiovog i%d6asa>g F, EvyiXsldov 1670$ T xti\^ ©^a^-vci^W^^^^w^^ 
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1. 

Ad libr. X prop. 1. 
"Akkcog ro a' d^sdQtjiia. 

*Exx€i0d^(o dvo fisysd^rj avo6a ta AB^ F' xal inel 
ekaoaov iatc tb F, xoXka7t^a6ia^6fisvov l6tai Tcoth roi) 
AB fjbsysd^oVg fist^ov, ysyovsta mg tb ZM Tcal d^g- 
6 piJtf-O^o) slg [ta] t6a tp T, xal sat(o ta M@, ® Jf, HZ^ 
xal ccTtb tov jiB dqyijQi^a^G} [ist^ov ^ tb fjiicav ro 
BEj xal aTtb rotr EA fist^ov { ro fjfiiav tb E^, xal 
toiko asl yivia^oa^ soag at iv tm ZM SvaLQsasig taai 
yivmvtaL tatg iv rc5 AB doaoQiasaiv. ysyovitcoaav 

10 c»g at BE^ EA^ AA^ xal rp AA sxaatov tav KA^ 
AN^ NS iatoD taov^ xal rovro yiviad^o, scog at dvai- 
Qiasvg tov KS taai yivoivtav tatg tov ZM. 

Kal ijtsl tb BE fist^ov 7} tb rifiLav iatv rotJ BA^ 
tb BE (ist^6v iatL rot; EA' noXXp aQa ^st^ov iati 

16 rov jdA. aXXa tb AA taov iatl rc5 SN' ti BE uQa 
fist^bv iati roi; NS» ^dXvv^ iitsl tb EA ^st^ov ^ ro 
r^l/Lvav iatv tov EA^ fist^6v iatv tov /lA, dXka tb 
AA iatvv taov rc5 N A' tb EA aQa ^st^6v iatv rov 

1. Po8t d(paLQovfisva p. 6, 10 habent BFVb, mg. m. 1 
postea add. P. 



. 1. to a %%fOQT\yi>a\ om, V, zo ccvto BFb (mg. a B). 2. 
xs/a^io V, • S. ^ZaTTov ¥. 5. zd\ (prius) om. P. F] corr. 
ex A B. %al iatm^ om. E\\>. HX^ IX "S. ^. Tv^m. 
2 P. 7. BE] in ras. V. Hai — E ^^ m^. m. 'L ^ . -E^A^ 



1. 

Ad libr. X prop. 1. 
Aliter primum theorema. 

Ponantur duae magnitudines inaequales j4B^ F. 
et quoniam est r<iABy multiplicata aliquando F 
A A 'R B r ^^io^ ®rit magnitudine AB, fiat 

I— I — I 1 I 1 ZiW et in partes magnitudini F 

j^ § J 2 aequales diuidatur, et sint M®, 

,_, , , &Hy HZ^ et ab ^2 auferatur 

KAN^ BJS; maior dimidia et ab EA 

maior dimidia EA^ et hoe semper deinceps fiat, donec 
diuisiones rectae ZM diuisionibus rectae AB numero 
aequales sint. sint BE^ EA^ ^A, et sit 

KA = AN=NS= ^A, 
et hoc fiat, donec diuisiones magnitudinis KS diui- 
sionibus rectae ZM numero aequales sint. 

et quoniam BE^^BA^ erit BE>EA. itaque 
multo magis BE^^A. uerum AA = SN. itaque 
BE>NtSl. rursus quoniam EA>^EA, erit EA>AA. 
uerum AA = NA, itaque EA > NA. itaque tota 

AE F, 8. dsl] om. BFVb. yiyvia&m P. 9. diaiQSGSOL 
BFVb. 10. Tc5j corr. ex TO m. 2 V. 11. yiyvia&m q>, ?a)g] 
^oag av Vqp. «n om. qp. 12. yivovxai Pqp. tatg^ stg 

tdg qp, • 13. BA] corr. ex AB m. 2 V. 14. to] tb Si B, 
tov qp. icti] (prius) om. F. 16. tov — \ii%tt;5yv\ wsv,^. 

17. Tov JA — 18. tcov] t6 Ei4 — ^fcsi^ov Si Uxv x^ ^^ A ^ 

18. tffov i6ti y b. E J]. in xa». X . 
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NA, oAoi/ uQa x6 jdB fist^ov iotv roi5 SA. Ceov 
8% xb ^A rc5 AK, oAov aQU xo BA ^et^ov i^ri 
rot; SK» aXXa rov BA ^st^ov i6xi ro MZ' noXX^ 
aQa rd MZ fLst^ov icn rov SK. Tcal insl ra SN^ 
6 NA^ AK toa aAAijAotg ifSrCv^ l6ri 8h xal ra M0, ©ff, 
HZ l'6a aXkrj^oig^ Ttal iervv l'6ov ro TcXijd^og rmv iv 
r^ MZ rc5 TtXi^d^ev rAv iv r^ SK, iarcv aga (bg ro 
KA TtQog ro ZH^ ovrag ro KS XQog ro ZM. fist^ov 
dh ro ZM rov KS' fist^ov aQa xal ro HZ rov AK. 
10 xai icri ro iisv ZH l'6ov rc3 F, ro Sl KA z^ A^' 
ro r aQa [ist^ov iori rov Azl' onsQ idsv Sst^aL. 

2. 

Ad libr. X prop. 6. 
^'AX^og rb s\ 

Avo yccQ fisys&rj ra A, B TtQog aXXriXa koyov ixsroy 
ov aQL&^og b F TtQog aQLd^fiov rbv A' Xsyo, or* avyL- 

16 lisrQa iorL ra fisysd^rj. 

^Oaav yaQ sicvv iv rc5 F fiovddsg, slg roCavra t6a 
SvyQrfi^^o ro A, Ttal svl avrov i6ov iero ro E' S^rvv 
aQa og 17 [lovag TtQog rbv F dQcd^iioVy ro E XQog ro A. 
iorv Ss xal og 6 F TtQbg rbv A, rb A TtQbg rS B' 

20 Sl* t6ov . aQa icrlv og ij fiovdg TtQbg rbv ^, ro E 
TtQbg ro B. fisrQst Sh xal 17 ^ovdg rbv A' [isrQst 
aQa xal ro E ro B, (isrQst Sh xal ro E ro Aj insl 
xal fi fiovdg rbv F' rb E aQa sxdrsQOv r&v A, B 

2. Post Sstiat p. 22, 2 BFVb, mg. m. 1 P. 



1, JB] BJ F. 2. To] (prius) t^ B. tm] tov b. 3. 
roj corr. ex tov m. 1 F. 4. yLstiov icti to MZ b. 6. AK] 
XA in raa. V. 6. HZl ZH ¥. x&v Iv x& MX\tsDL. 2 V. 
7. rcSJ (alt) taov taS PBE\). ^K^^ \x^ x^. ^ . '^. x^\ 
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zl B> tSA. est autem J A = AK. itaque' tota 
BA> SK, uerum MZ^BA, itaque multo magis 
MZ > SK. et quoniam SN = NA = AK, et 
M0 = &H=HZj et numerus partium rectae MZ 
numero partium rectae SK aequalis est, erit 

KA:ZH=KS:ZM 
[V, 15]. est autem ZM>KS' itaque etiam HZ>AK 
[Y, 14]. et ZH=r, KA = Azl. ergo r>AJ] 
quod erat demonstrandum. 

2. 

Ad libr. X prop. 6. 
Aliter propositio VI. 

Duae enim magnitudines A, B rationem inter se 
habeant; quam numerus F ad numerum J. dico^ 
magnitudines commensurabiles esse. 

___^__ nam quot sunt in F uni- 

tates^ in totidem partes ae- 
quales diuidatur A, et uni 
r\ I j\ I earum aequalis sit E. itaque 

1 : r = E:A [V, 15]. uerum etiam F: J = A:B, 
itaque ex aequo est [V, 22] 1 : J = E : B, unitas 
autem J metitur. itaque etiam E magnitudinem B 
metitur. uerum etiam magnitudinem A metitur E, 
quoniam unitas numerum F metitur. itaque E utramque 
A, B metitur. ergo A, B commensurabiles sunt, et 

(primum) om. F. K^] corr. ex SIK m. 2 V. 10. JJ]AY 
e corr. 12. toI t6 avto F. 15. sCai F. 18. rov A VB. 

19. tov] to FV, om. b. A] B tp. to] tov B. B] A F. 

21. tov B B. yicti] om. F Vb. d\ m. 1 ¥, ^'^^- W^^^V^-* 
corr. ex dpi^fidg. 22. (ibtqei 6e — IiieC\ ^m, ^^ ^ \>^^-^^^^ 
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fistQst' rd Ay B aQa ev^^stQcc i^uv^ ocai i6xiv avt&v 
HOLvbv fiitQov tb E' otcsq ISbo Set^ai, 

3. 

Ad libr. X prop. 9. 

^'AX^cag ro d^\ 

'Exel yccQ avfi^stQog i6tiv r} A tfj B, koyov i%Bi^ 

6 ov aQL^^hg %Qog dQid^nov, i%it(*}^ ov 6 F TtQog xov 

jd, xal 6 r aavtbv ^hv %oXXa%Xa6ia6ag tbv E TCouCtG}^ 

Sh r tbv A TtoXXanka^iaiSag tbv Z Jtoositca, 6 Ss 

A iavtbv %okXa7tXa6ia6ag tbv H %0Lelt(o, iitsl ovv 

6 r iavtbv fihv %okXa%ka(Sid(Sag tbv E TtenoCi^xsv^ 

10 roi' Sh dd 7tokka7tXa0vd6ag tbv Z TteTtoirjxev^ i6tLv aQa 
G)g 6 r TtQbg tbv ^, tovtietiv c)g fi A TtQbg tfjv B, 
[ovtcng] 6 E TtQog tbv Z. aAA' (hg fj A TtQbg triv 5, 
ovtG}g tb ditb r^g A TtQog -tb imb tciv A,, B' i6tiv 
ccQa (og tb ditb tijg A TtQbg tb vTtb tciv Aj B, ovxcng 

16 b E TtQog tbv Z. Ttdhv^ iitsl 6 A iavtbv nokka- 
7tka6id6ag tbv H TtSTtOLtixsv , 6 Sh F tbv ^ JtoJLka- 
7tXa6id6ag tbv Z TtSTtoirjxsv ^ i6tvv aQa (og b F TtQbg 
tbv A, tovti6tiv d)g rj A JtQbg trjv B, ovtog 6 Z 
TtQbg tbv H. aAA' (hg fi A TtQbg xrjv 5, ovt(og tb 

20 vTtb rcDi/ A^ B JtQbg tb aTtb tijg B' i6tvv aQa mg to 
vitb t(5v Aj B TtQbg to ditb trjg B, ovtcsg 6 Z itQog 
tbv H, aAA' (og ro djtb tijg A TtQbg tb vTtb rc3v A, B, 
ovt cog rjv E JtQbg tbv Z' Sv' t6ov aQa G)g ro djtb 
trg A TtQbg ro dnb trjg 5, ovtag 6 E TtQbg xbv H. 

26 i'6tv Sh ixdtsQog tSv E^ H tstQdycovog' 6 fisv yaQ E 



3. Post d(fi^ii6v p. 32, 3 BFVb, mg. m. 1 P. 

J. iavcv'] (prius) itfri BY, comp. ¥\i, *i. wii%^ l^%v ^£t4< 
comp, F?f om, B Vb. 8. ro ^'\ om. "B. t>. r ii^^i^i xw 



•t^^^ XW 4l\ 
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communis earum mensura est E; quod erat demon- 
strandum. 

3. 

Ad libr. X prop. 9. 
Aliter propositio IX. 

Nam quoniam Jy B commensurabiles sunt, rationem 
habent, quam numerus ad numerum [prop. VI]. sit 

j4: B = F: Jj et F se ipsum 
multiplicans efficiat £, F autem 
numerum z/ multiplicans Z, z/ 
autem se ipsum multiplicans H, 
iam quoniam est F X F = E, 
^ ' ^ ' rxJ = Z, erit r:/J = E:Z 

^ ' ' ' [VII, 17], hoc est E : Z = ^ : B. 

uerum A : B = A^ : Ax B. itaque 
A^ : AX B = E :Z. rursus quoniam est AxA = H, 
rxd = Zj erit F: A = Z:H [VII, 17], hoc est 
A : B = Z: H uerum A : B = A X B : B^. itaque 
AXB:B^ = Z:H. erat autem A^:AxB = E:Z. 
itaque ex aequo [V, 22] A^:B^ = E: H uerum uterque 



TQ^a TtQog xov J tsaauQoc F, sed corr. m. 1. 1. 6 Sl F rov] 
Tov di BFVb. noishm] om. BFb. 9. nsnotrjyts b. 10. 
tov] (prius) corr. ex Sv m. 1 V. 12. ovtcag] om. P. ovt(os 
— trjv B] om. B. 20. ^(Stiv aQOt ag t6 vno tmv A^ B nQog 
to dnb t^g B mg. b. 22. dno tijg A nQog to] m. 2 V (xov pro 
T^ff). B", A F. Deinde del. m. 2 nQog to dno trjg B V. 
23. Z] mut. in H F. Post &Qot add. iativ b, m. 2 F. 26. 
l'<rTfcy B. 
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«jro rov r ietvvy 6 di H aito tov z/* ro axo r^g A " 
ccQa TCQog ro dyco tijg B koyov i%Bv^ ov tstQaycin/og 
aQtd^fiog TtQog tstQayGivov aQid^yLOv, otcsq iSst dst^ai, 
^Akka Sri ixitGi tb aTtb t7\g A x^bg tb a%b t^g B 

5 Aoyoi/, oV tstQayGivog aQu^^bg 6 E TtQbg tstQaycnvov 

aQtd^iibv tbv H' liycj, ort aviiiistQog ictvv ri A ty B, 

"Ect(o yccQ TotJ iihv E TtXsvQa 6 F, tov Sh H 6 z/, 

xal 6 r tbv A xoXXaTtXaacdaag tbv Z nocsitco' ot E, 

Z, H aQa s^rjg sl0cv dvdXoyov iv rc3 rov F XQbg tbv 

10 A Xoyp, xal ijtsl t&v djtb tSv A^ B (licov dvakoyov 
ictc tb vjtb tSv Ay B, t(DV Sh E^ H 6 Z, l6tcv aQa 
(hg tb dnb tijg A TtQbg tb vnb tiSv A^ 5, ovtog 6 
E itQbg tbv Z. (og Sh ro vnb tcov A, B %Qbg tb dnh 
trig By ovtc^g 6 Z JtQbg tbv Hy dXT^ (Dg tb d%b tijg A 

15 ^Qbg tb vjtb tcov A, B^ ovtcjg ^ A XQog tr^v B, al 
A^ B ccQa 6vii^stQ0c sl6cv' koyov yaQ i%ov6cv^ ov 
dQcd^libg 6 E TtQbg dQcd^^bv tbv Z, tovti6tcv ov 6 F 
TtQbg tbv A' (og yaQ 6 F JtQbg tbv d^ b E %Qbg tbv Z' 
6 yaQ r iavtbv (liv 7toXXan:Xa6cd6a$ tbv E 7tsn:o£rjxsVy 

20 rov Sh jd 7toXXa7tXa6cd6ag tbv Z nsitolriKSv' E6tcv aQa 
(hg 6 r TtQbg tbv ^^ 6 E XQog tbv Z. 

4. 

Ad libr. X prop. 10. 

Tfj aQa TtQOtsd^si^rj sv^slcc ty ^^r^, d(p' fjg S^aiiiv 

td ^itQa Xaiifidvs^d^ac, olov tfj A, 7tQ06svQritac Sv- 

vdfisc fihv 6vfi^stQog r^ jdy tovti6tc ^rjtrj Svvdiisc (lovov 

4. Post Tj E p. 34, 6 PBFb; mg. m. 1 V, add. ks^iisvov. 



3. aQid^fjLogl comp. corr. ex comp. nQog m. 1 F. 6. Poat 

£ add. fi^xsi V, m. 2 B. 1. ^iv\ om. b. o] (priua) ^ 

corr. ex 6, supra scr. 6 ¥•, ti \). V^. t&iJX viQrt. «. x4 ^. 
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E, H numerus quadratus est; est enim E=r^, H=d^. 
ergo J^iB^ rationem habet, quam numerus quadratus 
ad numerum quadratum; quod erat demonstrandum. 

lam uero J^iB^ rationem habeat, quam numerus 
quadratus E ad numerum quadratum H, dico, A et B 
commensurabiles esse. 

sit enim F latus numeri E^ ^ autem numeri H. 
et sit rx-^«=Z. itaque E, Z, H deinceps pro- 
portionales sunt in ratione F : J [VIII, 11]. et 
quoniam esi A^ : AX B = j4x B: B^ et S: Z «= Z : if, 
erit A^:jixB = E:Z. est autem ^X 5: J5^ = Z:if 
eiA^:AxB = A:B. ergo A^ B commensurabiles sunt ; 
rationem enim habent, quam numerus E ad numerum Z 
[prop. VI], hoc est F:^. nam r:^ = E:Z'^ est 
enim TX r= E, F X ^ = Z [VII, 17] 5 quare 
r:^ = E:Z^) 

4. 
Ad libr. X prop. 10. 

£rgo ad rectam propositam rationalem, unde diximus 
mensuras sumi [cfr. p. 2, 10 not. crit.], uelut A^ in- 
uenta est z/ potentia commensurabilis, hoc .est ra*- 
tionalis potentia tantum commensurabilis, irrationalis 

1) Hae amba^es, wg 9s lin. 13 — H lin. 14 et mg yuQ 
lin. 18 — Tow Z lin. 21, a Gregorio in codd. deesse dicnntnr; 
in meis tamen omnibns leguntur. 

11. iffti] slaiv P. 16. slai V, comp. Fb. ydq\ m. 2 F. 17. 
ov'] om. F. 18. Z] e corr. m. 1 b. 19. Post F ras. ^l litt. F. 

nsnoirjxs V. 21. ovtoDg 6 E Y. Post Z add. oneg ^dsi. 
dsi^aL FV. 22. nqoiSTe&siaji PV. ^i?^^] QV eras., deinde 
mg. m. rec. %s£fisvov, nqoosvQr^vtui. p. 34, 3 — 17 £ p. 34, 5 B 
addito onsQ ^8si Ssi^ai et deleta reliqua parte propositionis. 

23. otovsi BVb, yq. olov iauv ^ A mg. Fb. Tt^^QTv^»^"!^^^^' 
BFb. 24. fisv] fiovov B, iklv ii ¥. 
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aviiiistQog j aloyos Sl 17 E. «Adyov^ yccQ xad^oXov 
xaXet rag xal ^'qxsc xal dwdfisv aavfifiitQOvs tij ^^tg. 

5. 
Uulgo X, 13. 

Eig, ro ty' krj^iia ix rijg sCg axonov d^ayc^yrjg, 

^Edv y Svo ^sysd"^^ xal ro iiiv (5vfi[iBtQ0v y tc5 
6 avtfp^ to 8\ stSQov dav^fistQOv ^ d^vfi^stQa iatac td 
[isysd^ri, 

"E6to yaQ Svo ^sysd^rj td A^ By akko 8s tb F, 
xal t6 ftii; A t^ r 6v(i(istQ0v s6t(o^ to Sh B tp F 
dcvnnstQov, ksyoa^ ott xal to A t^ B dcvfi^stQov 
10 iotiv. 

El ydQ i6ti avfi^stQOv to A rp B, S6tL 81 xal 
to r tp Aj xal To r aQa tS B Cv^fistQov ietiv 
onsQ ov% vnoxsitai. 

6. 
Ad libr. X prop. 18. 

^Prjtdg ydQ xakst tdg tfj ixxscfisvrj ^i]tfj ^ro^ fii^xsL 
16 xal Svvd^sv 6vfi^stQovg i] ^xal SvvdfiSL ftovov. si6l 
Si xal dkkai svd^stai^ aT iii^xsi fihv d6v^fiEtQoi si6v tr^ 
ixxst^ivrj ^rjtrj^ Svvdiist 81 [lovov 6vfifistQ0iy xal 8id 
tovto Tcdkiv kiyovtai ^rjtal xal 6vniistQ0i ^pCQog aA- 
Ai^Aag, xad'' ^rjtai^ dXkd 6viiiistQ0t yCQdg dkki^lag 

6. Post Sei^cct jp. 38, 6 BFVb, mg. m. 2 P. 6. Post 
avtitiSTQog p. 68, 3 PBFVb. 

1. avfifiSTQog] om. V, m. rec. P. dil yccQ F. 2. Post ^ijrg 

eras. ovtmg P. 3. slg to ty'] om. F Vb. slg — dnaYtoyrig] 

™&- ^i ty' in ras. B, mg. iv ccXXo) Xi}fifioi] in F numerus eras. 

4. dvo iksyi^rj ^ F. tc5 avtm] postea add. F m. 1. 6. 

d' BFh. 8. r] (prinB) 7011111(1 ¥. 11. GL<sv{i^stQov F, sed 

^- eraa. 12. r] (priuB) cott. ex A N . a\ viOTt. ^^ r V. 
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autem E; irratiouales enim omDino uocat rectas i^ationali 
iucommensurabiles et longitudiue et potentia. 

5. 
Uulgo X, 13. 

Ad prop. XIII lemma ex reductione in absurdum. 
Si duae magnitudines sunt^ et altera commensura- 
bilis^ altera incommensurabilis eidem magnitudini est^ 
magnitudines incommensurabiles erunt. 

sint enim A^ B duae magnitudines^ 
alia autem JT, et ^, F commensurabiles 
-B ^ sint, J5, r autem incommensurabiles. dico, 
-A etiam ^, B incommensurabiles esse. 

uam si j4, B commensurabiles sunt^ et etiam JT, ^ 
commensurabiles sunt, etiam F, B commensurabiles 
sunt [prop. XII]; quod contra hypothesin est. 

6. 
Ad libr. X prop. 18. 

Eationales enim uocat rectas rationali propositae 
commensurabiles aut longitudine et potentia aut po- 
tentia tantuQi. sunt autem aliae^) quoque rectae, 
quae rationali propositae longitudine incommensura- 
biles sunt, potentia autem tantum commensurabiles ; 
quare rursus uocantur rationales et inter se commen- 
surabiles^ quatenus rationales sunt, commensurabiles 
autem inter se aut longitudiue et potentia aut po- 



1) Hoc quid sibi uelit, non intellego. 



B] A? F. davnfistQOv F, sed corr. \b« •».«.C\ V^>) <^\s\.>^ 
16. elfftr aavfifietQOi F. hlciv B. 
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TjTOL fii^xst Sriladri xal dvvdiut ^ Swd^et iiovov. xal 
sl ^iv iii^xscy kiyovtai xal avtal ^ral iirpcst Hv^- 
lietQot i^axovo[i£vov^ oxl xal dvvd^SL' al S\ Svvd^i 
fiovov TtQOS dkki]Xas slol avfi^stQOiy ksyovtai xal 
6 avtal ovtcog Qi]tal Swdiisv fiovov 0viifistQOL, or^ Sl 
at ^rital ^v^iistQoc sIolv^ ivtsv^sv Srikov insl yaQ 
Qrjtat slavv at tfj ixxsc[isvy ^ritfj 6vii^stQ0L^ ta Sh rc5 
avtS 0v^iistQa Tcal dkXiqXois iiStl avfi^stQa^ al aQa 
Qrjtal Cvin^stQoC sIcslv, 

7. 
Ad libr. X prop. 20. 
10 Arj^fia. 

^H Svva^ivrj dkoyov xodqCov aXoyog i^tiv, 
/lvvd6%^(0 yaQ rj A aXoyov %(oqCov^ tovtictv to 
dno trjg A tstQdyavov l'6ov i^tio dkoya) xcoqCc}, kiym^ 
oti fj A aloyog i6tLV, 
16 El yaQ iataL ^rjtrj ^ A, Qrjtov ietaL xal tb diC 
avtr\g tstQdyoovov* ovtog ydQ [ictiv] iv totg oQOLg, 
ovx i0tL Si' akoyog aQa idtlv rj A* onsQ iSsL Sst^aL, 

8. 
Ad libr. X prop. 23 coroUariijm. 

Elel S^k TtdkLV xal dXkaL svd^staL^ al" fii^xsL fihv 



7. Post I^TJg p. 60, 13 PBFVb. 8. Post aviifistQoi 

p. 68, 22 PV, mg. m 2 B. 

l.^xa^l (alt.) om. b. 2. Qi^taC] om. V. 3. si] om. b. 

6. ovtons] om. BFVb. Post avfifistQoi del. slaiv m. 1 P. 

oti — 6. sloLv] mg. m. 1 P. 6. ivtsvd^sv] iv- in ras. m. 

1 P. driXov ivtsvd^sv F. insC] oxt b, mg. m. 1 yp. insl 

yocQ dLot to §l' tov i\ 9. slaiv'] slai b, slaiv onsQ ^Ssi 

dsi^ai V. 11. *if] om. V, add. num. fl'. iati BV, comp. 

Fb, 13. taov iatai\ snpxa acx. m. % \\ om. BFb. dXdy^ 

Z€o^/ip] corr, exaloyov ^ctco V, alio^ov lot«o^\i^ W^a aV^k^^ov.F. 
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tentia tantum. et si longitudine commensurabiles sunt^ 
et ipsae rationales longitudine commensurabiles uo- 
cantur^ subaudito^ eas potentia quoque commensura- 
biles esse; sin potentia tantum inter se commensu- 
rabiles sunt^ et ipsae sic rationales potentia tantum 
commensurabiles uocantur. rationales autem commen- 
surabiles esse^ hinc manifestum est: quoniam enim 
rationales sunt^ quae rationali propositae commensu- 
rabiles sunt^ et quae eidem commensurabilia sunt, 
etiam inter se commensurabilia sunt [prop. XII], 
rectae rationales commensurabiles sunt. 

m 

7. 

Ad libr. X prop. 20. 

Lemma. 

Recta spatio irrationali aequalis quadrata irratio- 
nalis est. 

nam J^ spatio irrationali sit aequale. dico, A ir- 
rationalem esse. 

j\ 1 nam si A rationalis est, etiam A^ 

B\ 1 rationale erit; ita enim in definitio- 

r\ 1 nibus est [def. 4]. at non est. ergo 

A irrationalis est; quod erat demonstrandum. 

8. 
Ad libr. X prop. 23 coroU. 

Sunt autem rursus aliae^) quoque rectae, quae 



1) Sc. praeter rationales, de quibus u. app. nr. 6. 

16. ^azai\ iatt V. 16. iattvji om. BFVb. 17. ^ativ B. 

aga] m. 2 F. ii A iativ BFVb. oitEq €«%v ^^Ctyo.v^ 

om. B. 18. bIcCv P. %la\ H — p. ^%^,1. S-o-wav-^v V^gDM^ 
pnnctia del V (cfr. p. 69 not. cxit.V 

BttolideBf edd. Heiberg et Menge. TCL. ^ 



386 APPENDIX. 

CC6V(lll6rQ0i sifSL Xfl llB6fJy dvvdll6L Sh IIOVOV 6Vflfl6tQ0t^ 

xal Xsyovtav TtdXcv ^s6ai Sca ro 0vfiiistQOL slvac Sv- 

vdiiSL ty ^s6r] xal ^vfiiistQOL itQog dlXi^kag^ xad^o 

^sdaL^ dXla 6viiiistQ0L ^Qog dkXi^Xag ijtOL ^i^^xsl SriXaSri 

5 xal Svvd^sL rj Svvd^SL fiovov, xal si ^ihv ^t^xslj ki- 

yovtaL xal avtaL iis6aL ^i^xsl avfiiistQOL iTCOfidvov tov^ 

otL xal Swd^SL' si Sh Swd^SL (lovov sial 6vfiiiSTQ0L^ 

XsyovtaL xal ovtcjg ^s6aL Swd^SL ^ovov 6v(iii6tQ0L, 

X>tL Sh al iis6aL 6vfi^stQoi si6LVy ovtog SsLXtiov. 

10 insl al fii6aL iii6rj tLvl 6vii^stQoi si6LV^ td Sh tp 

avtS 6v^^stQa xal dXXi^XoLg s6tl 6v^^stQa^ at uQa 

fii6aL 6v^[istQoi si6Lv, 

9. 
Ad libr. X prop. 27. 

Ariiniiia, 

/Ivo dQLd^iKDV Sod-ivtCDv iv Xoym hTtOLGiovv xal 
15 akkov tLvbg Siov ycoLrJ6aL (og tov dQLd^^ov TCQog thv 
dQLd^fibv ovtcog tovtov iCQog dkXov tivd, 

^E6tc36av of Sod^ivtsg Svo dQL^fiol oC AB^ JTz/ 
Xoyov i%ovtsg TCQbg dXXi^Xovg bnoLOvovv^ aXXog Si tLg 
FE. Sst 7C0L^6aL tb XQOxsi^svov. 
20 ^AvaysyQdq^d^c^ yaQ vTcb tciv ^F^ FE TcaQaXXriXo- 
yQa^^ov CQd^oydvLOv tb jdE, xal tp AE l'6ov xagd 
tbv AB TCccQa^sfiXrl^d^Gi TCaQaXXrjXoyQaiifiov ro BZ 
TCXdtog TCOLOvv trjv AZ, ijcsl ovv t6ov i6tl tb ^E 



9. PoBt 8htiai p. 78, 13 V. 



1, slaiv P. 9. oTi — l^. eUiv'^ ed«.m. in mg. sup. m. 
ree. B. lO. sIgl B V. la Vr{^^^ m .^ ^ . 
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mediae lougitudine incommensurabiles sunt^ potentia 
autem tantum commensurabiles^ et rursus mediae uo- 
cantur^ quia mediae commensurabiles sunt potentia^ 
et inter se commensurabiles^ quatenus mediae sunt^ 
commensurabiles autem inter se aut longitudine et 
potentia aut potentia tantum. et si longitudine com- 
mensurabiles sunt^ et ipsae mediae longitudine com- 
mensurabiles uocantur^ cum per se sequatur^ eas 
potentia quoque commensurabiles esse; sin potentia 
tantum commensurabiles sunt, sic quoque mediae 
uocantur potentia tantum commensurabiles. 

Medias autem commensurabiles esse, sic demon- 
strandum: quoniam mediae alicui mediae commensu- 
rabiles sunt, et quae eidem commensurabilia sunt, 
inter se quoque commensurabilia sunt [prop. XII], 
mediae sunt commensurabiles. 

9. 

Ad libr. X prop. 27. 

Lemma. 

Datis duobus numeris in quauis ratione et alio 
quodam numero oportet efficere, ut sit, ut numerus 
ad numerum, ita hic ad alium quendam. 

Sint j4By Fjd numeri dati rationem quamuis inter 
se habentes, alius autem aliquis FE. oportet efficere, 

quod propositum est. 

describatur enim parallelogram- 
^ mum rectangulum jdE=^rx FEy 
et spatio jdE aequale rectae AB 
adplicetur parallelogr&miiSLX^xs^ ^T. 
latitudinem ^iS^cveiii^ AX. ^a»^ 



E 
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TcaQaXXi^loyQa^liov rm BZ ycaQakXrjkoyQdiiiiGiy §6xi 8a 
avtS xal leoyoivLOv^ xAv 8% tocnv xal l^oyavCiov 
TtaQakXrikoyQdfiiiov avxntenovd^a^vv at nksvQal at Ttsgl 
tag t6ag ycavCag^ dvdXoyov aga iaxlv d)g b AB ngog 
6 tov r^5 ovtGig 6 FE ^Qog tbv AZ' otcsq i86i ^st^at. 

10. 

Ad libr. X prop. 29. 

Aij^^a sig tb xd^\ 

jdvo aQt^^Sv ^od^dvtcov Tcal svd^sCag 8sov TtOLtjeaL 
d)g tbv aQcd^iibv TtQbg tbv aQLd^^ov^ ovtoig tb dnb t^g 
svd^sCag tstQaycovov nQog ro a;r' aklrjg tivog. 

10 ^EotcoOav ot ^od^svtsg 8vo dQt^^ol ot A^ J5, svd^sta 
8h rj r^ xal 8iov s6tl itotii^av tb TtQOXsCfisvov, ns- 
xoLT^^d^G) yaQ d}g A TtQbg tbv 5, ^ JT svd^sta ngbg 
aXXrjv tvvd trjv z/, xal siki^q^d^G) t&v F, z/ ftetfi^ 
dvdkoyov fj E. insl ovv ictLV d)g b A TtQbg tbv Bj 

16 f^ r svd^sta TtQbg tr^v z/, aAA' d)g fj F XQog trjv z/, 
tb dTtb trjg F nQbg ro djtb trjg E^ d>g aQa 6 A TtQbg 
tbv By ro dnb trjg F XQbg tb dnb fqg E tstQdyovov. 

11. 

Ad libr. X prop. 31. 

Afj^lia sig tb ka. 

^Edv a)0L 8vo svd^stai iv koyc) tLvC^ i^tav d)s fi 
20 svd^sta n^bg tr^v svd^stav, ovtiog tb vnb t&v 8vo n^bg 
tb dnb tijg iXaxC^tr^g, 

''E6to6av 8fi 8vo svd^stav aC AB^ BF iv Xoyp tivC' 
ksyoy otL i6tlv d)g f^ AB n^bg tfjv BF, oOt G)g tb 

10. Post prop. XXIX p. 88, 18 V. 11. Post prop. XXXI 
p- 92, 24 V. 

4. jiB] e eorr. V. 
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quoniam jdE == BZ, et eadem aequiangula sunt^ et 
parallelogrammorum aequalium et aequiangulorum 
latera angulos aequales comprehendentia in contraria 
proportione sunt [VI, 14], erit ABiFjd = TEi^Z', 
quod erat demonstrandum. 

10. 
Ad libr. X prop. 29. 

Lemma ad prop. XXIX. 

Datis duobus numeris et recta oportet efficere, ut 
sit, ut numerus ad numerum, ita quadratum rectae 
ad quadratum alius alicuius rectae. 

Sint duo numeri dati j4, B, recta 

A l— — — I __ 

autem F; et oportet efficere, quod 
propositum est. fiat enim jiiB^F:^ 
[prop. VI coroU.], et rectarum F, ^ 
media proportionalis sumatur E [VI, 13]. 
iam quoniam est j4 : B = F : J^ 
r:^ = r^:E^ [V def. 9], erit A:B = r^:E^, 

11. 
Ad libr. X prop. 31. 

Lemma ad prop. XXXI. 

Si duae rectae in ratione aliqua sunt, erit ut recta 
ad rectam, ita rectangulum duarum rectarum ad qua- 
dratum minimae. 

Duae igitur rectae AB^ BF in ratione aliqua sint. 
dico, esse AB : BF = AB X BF : BT^, describatur 
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vjro Tcov AS, BF nQOg to axo r^g BP. avayeyQdfp^m 
yaQ axo r^g Bf TEXQuyiavov to BJEF, xal ev^- 
HETtXtjQotO&ca To j4jil jrapo:ii?;Adypafi.f(oii. tpavBQov dij, 
on iffTli' tog tj AB nphs trjv BF, ovrtog ro ^^ 
6 :taQaXkrjk6yQa(i(iov ngog to BE naQalXTjloyQajiiiov. 
xtti iari ro yi\v A/i t6 tiwo Tmv AB, BF' fffjj yag 
6 Br rfj Bd' To Se BE to ano t^g BF" rog «^o; ^ 
^B irpog r^v Br, ovztaq ro vko Trai" ^B, BF repog 
To awo T^s BF' oJtaQ i'dsi 5£r|at. .^^ 

Ad libr. X prop. 32. ^ 

10 ATJii[ia sig To A^'. 

'£■«!/ rafft Tpsr? evQ^iiai iv /dyp riv^, Effrftt ag ij 
irpoiri? apog t^v tqCttjv, ovzaig to wiro T^g ngmTijg xal 
[iBatig nQog ro w;ro rijg [liGijg xkI iXaxiOTTjs. 

"EffTtoffav TQstg sv&ttai iv loyp Tivl al AB, BFj 
15 r^' kiyoi, OTi IgtXv mg ij AB irpos t^v T"-^, ovtaq 
t6 vna Tmv AB, BF itQog t6 u^jio xav BF, Fd. 

Hx^03 yaQ axo tov A tsi^fiEiov t^ AB jrpog op^^cis 

7j AE, xal xsia&m rfj BF lari rj AE, xaX Htcc roi) 

E e^[ieiov T^ A^ ev&eia ffapaAAijAog rjx^'^ V EK, 

20 rfta ^fi T(Bv B, r, A OfiHEicyv rfj A E TtaQaXXrjloi r^x- 

d-coaav aC ZB, F®, JK. v.aX iitei iSTiv ag ii AB 

jrpog Tr]v Br, ovtcog to AZ naQaXf.rjX6yQuii[iov rtpog 

ro B& 7taQaXkfiX6yQafi[iov, mg di % BF TtQog t^v FA, 

ovrrag t6 B& nQog ti PK, St' taov aqa aig ^ AB 

25 wpos rrjv FA, ovrcag z6 AZ naQallijXoyQanfiOV ngog 

12. Poat prop. XXXH p. 96, 8 V, mg. m. rec. B. 



3. FoBi A^ IQB. r m. 1 V , I-.. k£\k cifta. '^ 
m rag, V. BT] T e eow. V, VI. la T)Tta\"B 
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B 



enim in BF quadratum BjdEF^ et 
expleatur parallelogrammum A J, 
manifestum igitur est, esse 

AB:Br=AJ:BE [VI, 1]. 

et est AJ = j4BxBr (nam BF^BJ), BE=B]y. 

itaque erit AB : BT = ABx BF: BI^-^ quod erat 

demonstrandum. 







/1 


f £ 



12. 
Ad libr. X prop. 32. 

Lemma ad prop. XXXII. 

Si tres rectae in ratione aliqua sunt, erit ut prima 
ad tertiam, ita rectangulum primae ac mediae ad 
rectangulum mediae ac minimae. 

Tres rectae AB^ BF^ F^ in ratione aliqua sint. 
dico, esse 

AB:rj = ABX BF : BFx FJ. 
ducatur enim ab A puncto ad AB perpendicularis 
AEy et ponatur AE^BFy et per E punctum rectae 

AA parallela ducatur EK, per 
puncta autem J5, F, jd rectae AE 
parallelae ducantur Z5, FS^ AK. 
et quoniam est AB:Br = AZ:BS 
[VI, 1], et Br:rj = B®:rK [VI, 1], ex aequo erit 



B r 



E 



z 



K 
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ro FK ^aQakkrikoyQafiiiov. xai i6tL to ^ihv AZ th 

vnb tAv AB^ BT' t6ri yccQ 17 AE tfj BF tb dh FK 

ro intb tmv BF, Fd' t6ri yccQ '^ BF tfj FS, 

^Eav aQa tQstg m6iv av^^Blai iv koytp tivl^ ietccv 

6 (os fi XQcitri JtQOs tr^v tQitrjv, ovtmg tb v%b rijg nQfotrig 

xal ^i^r^g JtQbg ro VTcb trjg [li^rjg xal tQLtrjg' otcsq 

iSsL SBt^aL, 

13. 

Ad libr. X prop. 32 lemma. 

'IfiT xal otL^ idv dvayQatlJGifiev ro EF OQd^oycivLov 
TCaQaklrjXoyQa^^ov xal ^viiTtXi^Qci^cDiiBv tb AZy l'0ov 
10 ictaL tb EF tp AZ' ixdtsQOv yaQ avtAv SL^XdCLOv 
i6tL tov ABF tQLydvov. xai i6ti tb ^hv EF tb vnb 
tciv BF, A^y tb Sh AZ tb V7tb tciv BA, AF. tb 
aQa vnb tfSv BF^ Ad t6ov i6tl rc5 V7tb t&v BA^ AF, 

14. 
Ad libr. X prop. 33. 
Arj[ina slg tb ky\ 
15 ^Eav evd^eta yQaiifi^ '^M^V ^^S avi6a^ i6taL mg r] 
svd^eta nQbg tr^v svd^etav^ ovtcsg ro vjtb trjg oXrig xal 
trjg ^si^ovog JtQbg tb vnb trjg oki]g xal trjg iXdttovog. 
Evd^sta ydQ tLg r^ AB tst[ni6diD sig avL6a xatd 
ro E' Xsyc3y otL d>g fi AE TtQbg tr^v EB^ ovrojg ro 
20 vTcb t(Sv BA^ AE JtQbg tb vTcb t&v AB^ BE, 

^AvaysyQdq^d^a) yccQ dnb trjg AB tstQdyavov tb 
AFAB^ xal Slcc tov E 6ri^siov o%otSQa t&v AF, B^ 

13. Inter AV ei oxsq p. 98, 15 PBPVb. 14. Post 

prop. XXXIII p. 102, 4 V, mg. m. rec. B. 

3. rj] J in ras. V. 6. TCQog — 7. dst^at] xal i^rjg B. 

S, ^J om. FY, xa^] xal rjxrat b. 9. GVfiTtlriqmaofisv P, 

corr, m. 2, 10. %o\ corr. ex. xw N . W. ^r\ ^ <iQTr, V. 
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jiB:r^ = AZ:rK[Yy22]. et AZ = ABxBr{na,m 

AE = Br\ rK = Brxrj (nam Br = r@). ergo 

si tres rectae in ratione aliqua sunt^ erit ut prima 

ad tertiam^ ita rectangulum primae ac mediae ad 

rectangulum mediae ac tertiae; quod erat demon- 

strandum.^) 

13. 

Ad libr. X prop. 32 lemma. 

Uel etiam quod, si rectangulum EF descripserimus, 
et AZ expleuerimus [u. fig. p. 97], erit EF = AZ; 
namutrumque =2ABr [1,41]. et Er=BrxAJ^ 
AZ = BA X AF. ergo est 

BFXAJ = BAX Ar. 

14. 

Ad libr. X prop. 33. 

Lemma ad prop. XXXIII. 

8i recta in partes inaequales secatur, erit ut recta 
ad rectam, ita rectangulum totius ac maioris ad rect- 
angulum totius ac minoris. 

Recta enim AB in E in partes inaequales secetur. 
dico, esse 

AE : EB = BA X AE : AB X BE. 

describatur enim in AB quadratum AFABj et 

per punctum E alterutri rectarum AFy BA paral- 

1) In B in pag. seq. fignra est nostrae similis, nisi quod 
litterae A, E omissae sunt, et pro B est 0; adduntur numeri 
quidam et cxijfia tov Xi^fifAaTog tov nqoyqaq>ivtog., omnia m. rec. 
in textu prop. 32 (ad nal insi p. 94, 11) signo quodam ad 
hoc lemma reuocamur. 

To] To5 b. 12. tmv] (prius) om. P. ro] (sec.) tm b. 14. 
slg To iy'l TtQo tov 18' postea add. B. 16. 4'Gxa.v\^sjk.x'!ss^.^ 
18. tig r)] e corr. V m. 2. 
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TtaQdXXfiXog iJx^CD ^ EZ, (pavBQov ovv, oxl (ds fj AE 
XQog tijv EB^ ovtcag to AZ TCaQakkrjkoyQafifiov TtQog 
to ZB xaQaHtikoyQafiiiov, xat i6ti to fihv AZ to 
vno tmv BAj AE' teri yccQ rj AF tij AB' to 81 ZB 
6 ro V7C0 tSv ABj BE' t6ri yccQ rj B^ tfj AB, a>g &Qa 
ri AE TtQog tr]v EBj ovt cog tb vno tmv BA^ AE 
TCQog t6 vtco tSv AB^ BE' otcsq idsL dsi^ai. 

15. 
Ad libr. X prop. 34. 

Arjfiiia, 

^Eccv o6i Svo sv&stac avi6oi^ tiirid^fj Ss ri iXaxL6tri 

10 avtmv slg t^a^ to vtco tSv Svo svd^smv 8mXa6iov 

S6tai tov trjg fist^ovog xal tr^g r^iiL^siag t^g ikaxi6trjg, 

^E6t(o6av Svo svd^stai avi6oi al AB^ BF, cov ^si^ov 

i6to fj ABj xal TfrftiJcyO-CD fi BF SC%a xatcc tb ^' 

kdyo^ oti ro vTcb tciv AB^ BP SvTcXd^vov i6ti xov 

15 VTcb tciv ABj Bjd. 

^Hx^(o yccQ aTcb tov B 6riiiSL0v ty BF nQbg OQd^dg 
fj BEj xal xsC^d^c^ ty BA t6ri fj BE^ xal xata- 
ysyQdq)&c3 tb (^x^f^a. i^sl ovv i6tiv (og fj ^B TCQog 
trjv ^Fj ovtcag tb BZ TCQbg tb jdHy 6w^ivti &Qa 

20 (hg fi BF nQbg trjv z/r, ofnog tb BH XQog tb AH' 
Sijcla6{c3v Ss i6xLV fi BF trjg jdF' Scjckd^LOv &Qa 
i6tl xal tb BH tov /JH xaC i6ti to (ihv BH tb 
vTcb tov ABy BF' t6ri yaQ fj AB tfj BE' tb Sh 
jdH ro vnb tov ABj BA' t6r] yccQ ty ^^v Bjd fj jdF^ 

26 tfj SVAB fi jdZ' ojcsQ ISsL Sst^aL. 

16. PoBt prop. XXXIV p. 104, 9 V, mg. m, rec. B (uix 
legi potest). 

4, ZB] BZ B. B. x&v\ om. V. ABl (prius) e corr. V. 
S, X^fifia 7rgoyQag)6nBvov B. l^. xi\v\ om. N . Vi. /ir\rd B. 
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lela ducatur EZ. manifestum igitur est, 
esse AE:EB = AZ:ZB [VI, 1]. et 
AZ = BAx AE (nam AT = AB), 
ZB=ABxBE (nam ^B = AB). itaque 
erit AE:EB = BAxAEiABxBE; 
quod erat demonstrandum. 



B J r 



15. 
Ad libr. X prop. 34. 

Lemma. 

Si sunt duae rectae inaequales, et minor in partes 
aequales secatur^ rectangulum duarum rectarum duplo 
maius erit rectangulo maioris et dimidiae minoris. 

Sint duae rectae inaequales ABj 

-BJT, quarum maior sit AB, et BF 

in duas partes aequales secetur in A. 

dico,eB8e ABxBr=2ABxBA. 
ducatur enim a puncto B ad 

BF perpendicularis BE, et ponatur 
BE = BAf et describatur figura. iam quoniam est 
dB:^r=BZ:^H [VI, 1], componendo [V, 18] 
erit BF: Ar= BH: AH. uerum Br=2^r. itaque 
etiam BH = 2 JH. et BH = ABxBT (nam 
AB = BE), AH = ABXBA (nam BA=Ar, 
AB = ^Z)] quod erat demonstrandum. 



E Z H 
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16. 
Ad libr. X prop. 36. 

^ExdX€6€ dh ainriv ix dvo ovoitdtav Sid ro ix 
dvo ^fitmv avtf^v 6vy%€Us^ai, xvQurv ovoiia xaXSv 
tb ^ritov, Tcad'' o ^tftov. 

17. 
Ad libr. X prop. 37. 

^ExdX€6€ dh aiftriv ix dvo ^ii^an/ %Qmtriv 8id to 
5 QTitov n€Qii%€iv xal yeQOt€Q€tv ro ^tov. 

18. 
Ad libr. X prop. 38. 

^ExdX€6€ 8h avtriv ix 8vo iii^av 8€vtiQav 8id to 
fii6ov X€qU%€lv ro vn avtav Tcal fi^ ^ijroi/, S^v- 
t€Q€V€iv 8% to iii6ov rov Qritov. otc Sh ro vjro Qrjtrjg 
xal dkoyov 7C€qi€%6il€vov aXoyov i6tiv^ Si^kov. €l ydQ 
10 i6tac ^ritov Tcal TtaQa^i^kritai TtaQd ^rjf^v, €tri dv xal 
ri itiQa avtov JtkevQd Qrjti^. dkkd xal akoyog* on€Q 
dtonov, ro aQa vno Qrit^g xal dkoyov akoyov i6tiv, 

19. 
Ad libr. X prop. 39. 

^Exdk€6€ Sh avtriv ^ei^ova Sid ro td dnb rc3i/ AB^ 

Br ^ritd iL€liova elvai tov Slg vno t(Bv AB^ BF 

16 ^i60Vj xal Siov ^lvai dnb trjg tciv QrjtSv olx^LOtr^tog 

16. Inter ovoiidrtov et onsQ p. 108, 16 PBPb. 17. Inter 
TtQtotri et 071SQ p. 110, 8 PBFb. 18. Inter SsvtsQa et onsQ 
p. 114, 2 PBPb, pro scholio V m. 1. 19. Inter iisiiatv et 
OTtsQ p. 114, 22 PBFb, mg. V. 

i. ixdXsasv PBF. 2. ^'rixoav'^ ovo^locxqsv F. cvyyisic^tti] 
xaZsicd^ai F (sed corr. mg.). 4. ln.a'k%o%v "^"^^ . ^. u^ci- 
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16. 
Ad libr. X prop. 36. 

Uocauit autem eam ex duobus nominibus, quia ex 
duabus rationalibus composita est^ proprie rationale, 
quatenus rationale est, nomen uocans. 

17. 
Ad libr. X prop. 37. 

Uocauit autem eam ex duabus mediis primam, 
quia spatium rationale comprehendunt, et rationale 
principatum habet. 

18. 
Ad libr. X prop. 38. 

Uocauit autem eam ex duabus mediis secundam, 
quia medium comprehendunt rectangulum, et medium 
rationali postponitur. 

Spatium autem rectis rationali et irrationali com- 
prehensum irrationale esse, adparet. nam si rationale 
est et rectae rationali adplicatum est, etiam alterum 
eius latus rationale est [prop. XX]. at idem irratio- 
nale est*, ^uod absurdum est. ergo spatium rectis 
rationali et irrationali comprehensum irrationale est. 

19. 
Ad libr. X prop. 39. 

Uocauit autem eam maiorem; quia rationalia 
jiB^ + BI^ maiora sunt medio ^jiBxBF^ et 

TSQSVBiv P. 6. i%dXBasv PBP. ro] to ro PV. 8. dil 
(prius) om. V. 9. iati BV, comp. Pb. V\, itV.^-o^Qi woxwi'^ 
13. indXsesv TB¥. 16. ft^ocov P^Y\>. 
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T^v ovoiiaoiav taxxeed^ai, oxl 8h iisC^ovd iOTL xa ano 

xmv AB^ BFxov Slg vno xAv AB^ BF^ ovxoog SsiTtxdov. 

QavaQov ^hv ovvj oxi aviCoC bIolv at AB^ BF. 

sl yaQ fiOav t6ai^ t6a av fiv xal xa ano x&v AB^ BF 

6 xip 8lg vTtb xmv ABj BF^ xal lyv av xal xo vtco rc3v 

ABj Br ^rixov otcsq ovx v^oxsLxaL' avi60L aQa al^lv 

av AB, Br. vjtoKeL6d^(o iisl^cov rj AB, xal KBLad^o 

xij Br t6r) 7] BA' xd aQa aTto xmv AB^ BA t6a i6xl 

rc5 xa 8lg vTcb xAv AB^ B^ xal r» dno xrjg ^A. 

10 t6ri 8h fi /JB xfj BF' xd aQa djto xmv ABy BF t6a 

i^xl xS xa Slg vno xSv AB^ BF xal xp dno xrjg 

AA' &6xa xd dno xSv AB^ BF ^ai^ova slvaL xov 

Slg vnb x&v AB, BF xp dnb AA. 

20. 
Ad libr. X prop. 40. 

^Prjxov Sh xal iib6ov Svvaiisvri xakatxaL avxrj SLa 

ib tb 8vva6^aL Svo^ X^9f^9 ''^^ f*^^ ^rjxbv, xb Sh ^b6ov' 

xal SLa xrjv xov qtjxov nQOvnaQ^Lv nQcixov ixdkaoav. 

21. 
Ad libr. X prop. 41. 

KaXat S\ avtr^v Svo [lioa Strvaiiivriv Slu xo Sv- 
va6^aL avxr^v Svo iii6a x^Q^^ '^^ '^^ 6vy7ca£[iBvov ix 
xciv dnb x&v AB^ BF xal xb Slg vnb xmv ABj BF. 



20. Inter dvvafiivri et Subq p. 116, 13 PBFb, mg. V. 
21. Inter dvvafiivri et onsQ p. 118, 17 PBPVb. 



1. di] dh %ulV. and] corr. ex vno m. 2 F. 2. ovto) 

BVb. 3, ovv] ovv lcxiv F. 8. dno] vno V. BJ] corr. 

ex Br V. 9. dno\ vnd Y. x\i\ x&v '^, ^m. ^V^. /iA] 
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oportet nomen a proprietate rationalium dari. esse 
Biutem AB^ -{- Br^>2 JBxBFj sic demonstrandum est. 

, , I , iam manifestum est, u4Bj BF 

A J B r inaequales esse. nam si aequales 
essent, esset etiam AB^ + BT^ = 2AB X BT, et 
jdB X BF et ipsum rationale esset; quod contra hypo- 
thesin est. supponatur AB>Br, et ponatur B^=Br, 
itaque AB^ + BJ^ = 2 ABx BJ + ^A^ [H, 7]. 
uerum ^ B = BF. itaque 

AB^ + Br^ = 2ABxBr+ AJ\ 
ergo AB^ + Br^ excedit 2ABxBr quadrato AA'^. 

20. 
Ad libr. X prop. 40. 

Spatio autem rationali ac medio aequalis quadrata 
uocatur haec, quia quadrata duobus spatiis aequalis 
est, alteri rationali, alteri medio, et propter princi- 
patum rationalis primum hoc nominauit. 

21. 
Ad libr. X prop. 41. 

Uocat autem eam duobus spatiis mediis aequalem 
quadratam, quia duobus spatiis mediis quadrata est 
aequalis, AB^ + BF^ et 2ABxBr [u. fig. p. 119]. 

^z/ P. 10. dno] vno F. l^aa — 12. AJ) m. 2 V. 11. 
a«o] corr. ex VTPO m. 2 F. 12. ra] t6 F. slvai] iaxLBFYh. 

13. a«o] corr. ex vno m. 2 F. JA] Trjg dA b et corr, 

ex x&v /iA F. 14. ^tjtov — avTri] naXsitai dl avri^? V. 

dvvctaivriv BFb, et P, corr. m. 2. itaXsttat avfq] avxhv 
Y,aXst BFb. 16. rijr] t6v V. Post nqmtov add. %o q7[tov 
BFb, m. rec. P. ixaXeae V. 17. Y.«.l.%i; — ^m'v«l>5.W«t;»\ 

om. V. 19. dno trnv] om. Y. xo\ xo\> ^5. 
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22. 
Ad libr. X deflf. alt. 

'lE| ovv 0V6&V xAv ovtcog xatakaiifiavoiidvayv ev- 
d^SLfDV tdtTei TCQcitag trj td^si tQetg^ iq)^ mv ^ ^€£^odv 
tijg iXd66ovog iiet^ov Svvatai rc5 «jro oviifiitQov iavtrj^ 
devtiQag Sh tij td^et tdg XoLTtdg tQetg^ iq)^ mv t(p djto 
6 d^vn^itQov^ Sid t6 TCQOteQetv t6 6v^iietQov tov d6v(i- 
fiitQOV xal iti TCQcittiv ^iv^ i(p* rig t6 fiet^ov ovo^a 
^viifietQov i6ti tfj ixxeLiiivrj ^rjtfj^ SevtiQav Si^ itp* 
rjg ro iXa66ov^ Svd to Tcdkiv TCQOteQetv t6 ^iet^ov rov 
ikd66ovog r« i(i7ceQUxstv to ika660Vy tQitrjv Sij itp^ 
10 c5v ^tjSitSQOv tAv ovoiidtcDv 6viiiietQ6v i6tL rij ix- 
xeiiiivy ^^r^. xal ijcl tSv £|i}g tQt£v o^oicag trjv 
TCQcitriv trjg elQrj^ivrjg SevtiQag td^ecag tetdQtrjv xakciv 
xal trjv SevtiQav 7ci(i7Ctrjv xal trjv tQCtr^v extrjv. 

23. 
Ad libr. X prop. 90. 

*'E6tt Se xal ^wto^iciteQov Set^aL trjv evQe6iv tcov 
16 elQri(iivcDv ?5 «^oroftcSv. xal Srj i6tco evQetv trjv 
nQcitrjv. ixxeC6^(0 rj ix Svo ovo^idtcDv TCQdtrj ri AF^ 
rjg (let^ov ovo^ia r] AB, xal tfj BF t6ri xeC6^co rj BA. 
a[ AB^ BF «pa, tovti6tiv al AB^ -Bz/, ^r^taC el6i 
Svvd^ieL fiovov 6vii(ietQ0L^ xal rj AB r^g BF^ rovr- 
20 i6tL trjg B A^ [let^ov Svvatai tp dno ^v^i^iitQOv iavty^ 

22. Post ^HXTi p. 136, 19 PBFb; mg. V, sed add. TiBCfisvov, 
23. Post dst^ai p. 274, 16 PBFVb. 



1. ovv] m. 2 F. ovTco BFb. 8. Ante avfiiisTQov ras. 

1 litt. B. 4. Tc5] mut. in ro m. rec. P, corr. ex rd F, rd b. 

6. davfLiiitQov'] uavfiitixQov savtjj Y. davitfAitQov'] avitfiitQov V . 

6. nQtotri ^t sfid corr. m. 1. T. ^zvxtqov P, corr. m. rec. 8. 

iXaTvov B b, comp. F. 9. Ilaxxovos "B\i, <iom^.'^ , xS\^ ^ort. Y , 
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22. 

Ad libr. X deflf. alt. 

Gum igitur rectae ita inuentae sex sint, ordine 
primas tres ponit, in quibus maior quadrata minorem 
excedit quadrato rectae sibi commensurabilis, secundas 
autem ordine tres reliquas, in quibus quadrato rectae 
sibi incommensurabilis excedit, quia commensurabile 
antecedit incommensurabile; et praeterea primam^ in 
qua maius nomen rationali propositae commensu- 
rabile est^ secundam autem, in qua minus, quia rursus 
maius antecedit minus, quia minus comprehendit; 
tertiam autem, in qua neutrum nomen rationali pro- 
positae commensurabile est. et in sequentibus tribus 
similiter^ primam secundae classis, quam nominauimuS; 
quartam uocans, secundam quintam^ tertiam sextam. 

23. 
Ad libr. X prop. 90. 

Licet autem breuius quoque inuentionem sex apo- 
tomarum, quas diximus, demonstrare. sit enim pro- 

, , , , positum primam inuenire. ponatur AF 

A d B r ygcija ex duobus nominibus prima, cuius 
maius nomen sit AB^ et ponatur B^ = Br. itaque 
jiBy BFy hoc est AB, BJy rationales sunt potentia 
tantum commensurabiles [prop. XXXVI], et AB^ 
excedit -BF^, hoc est BA^j quadrato rectae sibi com- 
mensurabilis, ti AB rationali propositae commensu- 

10. hxi avfifisxQov BFb. 11. inn corr. ex imi "^ , v*k. 
qa' BVb. iatip B. bv^giv ¥N*i Vb. '^.^ ot:.. ^^. 

16. 4] (prinB) om, PV. 17. IuueCo&w N. V^- %Uv« ^. 
JSuclidea, edd. Ceiberg et Menge. 131. *^^ 
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xal ii AB av^^etQos ioti ty ixxeLiievri Qtitfj (iiixsi,' 
ajroroft^ aQa TCQoirri ioxlv 7] Ajd, oiioicog S^ xal rag 
koLTCag aTCoto^g evgrjCOfiev ixd^iiievoL tag lcaQi%^yLovg 
ix 8vo ovo^dtcov otcsq ISec Set^at. 

24. 
Ad libr. X prop. 115. 
6 'AXkcDg, 

"Eotoi ^e0rj ti AF' kiyo)^ oti ajco ti]g AF aTCecQoc 
akoyoi ylyvovtai^ xal ovSefiia ovSeiiia tAv TCQoteQOv 
tl avtri, 

'jH^'9'O tfj AF TCQog OQd^ag fj AB^ xal iotcD ^rjtri 

10 rj ABy xal Ov^TceTckrjQcied^cD ro BF' aXoyov aQa i6tl 
tb -BJT, xal ri Svva^ivrj avto akoyog ictiv. Svvdad^ci} 
avto ri Fz/' akoyog aQa i6tlv ^ FA. xal ovSeyna 
t(Dv TCQCteQov fj avtrj' ro yccQ di^ ovSeyi,iag tAv jcqo- 
teQOv TcaQcc ^ritrjv xaQa^akkoiievov TcXdtog xotet iie0riv, 

15 TcdXiv ^vfiTceTckriQciod^co tb E^d* akoyov aQa i6tl ro 
EA^ xal fi Swai/iivri avtb akoyog i6tiv. Svvd^d^cD 
avtb fj AZ' aXoyog aQa i6tlv fi AZ, xal ovSe^Lia t&v 
TCQOteQov fi avtri' tb yccQ dic^ ovSeyndg tciv TCQotegov 
TcaQcc ^ritfjv TCaQafiakXo^evov icXdtog xoiet trjv F^, 

20 ^ATcb iii6rig ccQa aneiQoi aXoyov yCvovtat^ xal ov- 
Se^ia ovSe^ta tfSv TCQOteQOv fj avtr^ i6tiv' ojceQ iSei 
Seti,ai. 



24. Post dBticci p. 370, 23 PBPVb. 



3, ix&sasvoi] v e corr. P. tdq] om. V. siaagid^iiovg B. 

4, omQ iSsi ds£iaC\ om. B¥N^\i, eom^. P. 7. ylvovtni V. 

ovdsfiia] om. PPv. ^. 'h'\ ^^'^^'^ ^^- ^^- S.Un<kvl in 

rsLa. <p. SXoyov — 11. Br^m^. m. 1^^. WW^Y»^., 
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rabilis est [deflf. alt. 1]. ergo A^di apotome est prima. 
similiter igitur reliquas quoque apotomas inueniemus 
expositis rectis ex duobus nominibus eiusdem numeri; 
quod erat demonstrandum. 

24. 

Ad libr. X prop. 115. 

Aliter. 

Sit AF media. dico, ab AF irrationales infinitas 
numero oriri, et nuUam uUi priorum similem esse. 

Ducatur AB ad AF perpendicularis, et rationalis 
sit AB^ et expleatur BF. itaque BT irrationale est 
[prop. XX] ^ et recta ei aequalis quadrata irrationalis 
A T ^ Z est. sit Fz/^ = 5r. itaque TA 

irrationalis est. nec uUi priorum si- 
milis est. neque enim ulliuspriorum 
quadratum rectae rationali ad- 
plicatum latitudinem efficit mediam. rursus expleatur 
EA. itaque KA irrationale est [prop. XX], et recta 
ei aequalis quadrata irrationalis est. sit JZ^=^E^. 
itaque AZ irrationalis est. nec uUi priorum similis est. 
neque enim uUius priorum quadratum rationali ad- 
plicatum latitudinem efficit TA, 

Ergo a media irrationales numero infinitae oriuntur, 
et nulla uUi priorum similis est; quod erat demon- 
strandum. 

comp. Pb. 16. htiv] comp. Pb, ^ort PBV. 20. ano r^g 
Bb, tfiq add. m. 2 P. yCyvovxoLi B. ov$Bii,la\ om. PF^^V^, 
21. ovdsfAiav cp, iaxiv 07t8Q ?6ei 8Et\ttC\ wxi,"^'^^^. 




'H tfj fiETK pjjTciii fiieav t6 3J.oi 
6v[i[iEz^os nETa Qi}Tov fiieov to SXo 

"Eara fitra ^ijtotJ fiiaov to oAor JtoiovOa ■!} Af% 

6 0v(instQos Si ttvrfj VI B' Xiyai, oti t] B (tsTtt pijToi? 

fidaov id oAov TtoiovOu i<Sxiv. 

'ExxEiad-ca pj^T»; i/ J^-^i "«!■ t0 (itv aab zijg A Xeov A 
iiaffa r^i' Tz/ xuQa^B^Xija&io to f £ jiAatos : 
Tiji' rZ' ftJTOTOft* «0« fffrl nifiJtTri r/ -TZ, tc5 di r;t6 >1 
10 T^s 5 /ffoi' JTKpa T^i' ZE 3rap«^E/3Aij(S9'D) t6 Z/f jt/ctos J 
stotouv Tijw Z@. iad ovv OvfifitTQOs iffzi.v ij A t^ B, 
evfifiETQOV iert xal t6 aitb T^g A ra ajtb rrjg B. aU.tt 
Tjo [jiv a%b T^g A itSov to fE, rp 61 dnb r^s -B i 

fffOl' t6 Zlf' avilllETQOV «p« Efftl TO FE TC5 ZH"^ 

16 aviiiiErQog aga xal r} FZ r^ Z& ft^xfc. aaoro^ij S)A 
xifiittTj Tj rZ' ajtoTOfiii apa iarl sifiTttii xal t} Z&M 
pjjT^ di 7) ZE' iav 6h ;(iap['oi/ nsQiiyTiTtti vno ^i^^gT 
xal KKoTo^^s Jtifimrjg, ^ to x^-^Q^^^ Svvaf^ivt) ftEt&j 
^ijTotJ [liaov lo oAov aoiowffa iativ. SvvttTtti Se i 

20 ZH Tj B'7} B uQa ij fiEra prjTov fiiaov rb o^ov nroM9 
oviTa ^dTtv' oRcp ^det 6'Er|ac. 



1 b, 1 



1. «UoiK 10 et' V,, euj' Fb, et»' B. ^ — s. ^ott»'] 

om. V,. 2. Ante fteiK add, xal ««nj m. 2 F, kuI ttvtii ij b, 

l^jFO) — e, Eaziv] mg, Vj. 5. rj B] atipra aor. jn. 1 F. 

9. lariv P. 5iE/i3itij icT(V F. 12. B] BJ q,. 13. TE] 

oojr. ei Z£ V, ZE b. 16. v.aC\ inxl ■Ktii Y.. Z®] corr. ei 




(rprii Si r| ZB.\ om. ■^v 



A B 
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26. 

Becta rectae cum rationali totum medium efficienti 
commensurabilis cum rationali totum medium effi- 
ciens est. 

Sit A recta cum rationali totum medium efficienS; 
ei autem commensurabilis B. dico, B rectam esse cum 
rationali totum medium efficientem. 

ponatur rationalis Fz/, et quadrato A^ aequale 
rectae Fjd adplicetur FE latitudinem efficiens FZ. 

^ itaque FZ apotome est quinta 
[prop. CI]. quadrato autem B^ 
aequale rectae Z^ adplicetur ZH 
latitudinem efficiens Z®. iam 
quoniam A^ B commensurabiles 
sunt; etiam A^, B^ commensurabilia sunt. est autem 
FE = A^j ZH= B\ itaque FEy ZH commensura- 
bilia sunt. quare etiam FZ^ Z® longitudine commen- 
surabiles sunt [VI, 1 ; prop. XI]. FZ autem apotome 
est quinta. itaque etiam Z® apotome est quinta 
[prop. CIII]*, ZE autem rationalis est. sin spatium 
recta rationali et apotome quinta comprehenditur, recta 
spatio aequalis quadrata recta est cum rationali totum 
medium efficiens [prop. XCV]. est autem B^ = ZH. 
ergo B recta est cum rationali totum medium efficiens; 
quoderat demonstrandum. 

comp. BF. 88] om. V. * 20. tj] (tert.) PVVj, om. BPb. 
21. iaTLv] Bupra sor. V,. onsQ idsi ^£tSat] comp. P, om. 
BFbV,. In b add. m. 1: dtaccvtaig xal tovtov tov d^soDQi^fiatog 
^ nQOtaaig ^ avtrj iatt ty tov Qi\ ov fi^^v ^ natayQaq}'^ xal 
t6 ajmgia iin.Blvat xa avtd slatv. ^ati 81 iv itiqqt xal Qi7i\ 8i6^ 
%al rjfiiv TcaQayiyQantai. slta to ^v8w ^^ iv W^lv^ ^^tX ^^' 
xtxl si^ff ta lomd. 
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27. 

IlQOXsi^^a 'ifilv dell^ai, oti inl rav rstQa- 
ymvav 6%ri^armv a^vfifierQog i6riv ^ SidiiS' 
rQog T§ mXsvqS iiiqxsi. 

"Eara} rBtQoymvov ro ABFdy iuiiisrQog ds avrov 

6 fi AF' IsyOy ori ^ FA a^vimLsrQog i6ri rj AB ii^qTcst. 

El yccQ SvvccroVj i6ra 6viiiisrQog* Idyay ori 6vii- 

fiiq6srai rov avrov aQi^iiov aQriov slvai xal nsQi666v. 

q^avsQOv ith/ ow, ort iro am rtjg AF SmXa6iov tot; 

axo rrlg AB, xal hcsl ^viiiisrQog i6rtv ^ FA rj AB^ 

10 fi FA oQa TiQog riffv AB Xoyov i%SL^ ov aQi^iiog sCQog 
aQi^liov. i%irai^ ov 6 EZ XQog ff, xal i6ra6av ol 
EZ^ H ild%i6roi rmv rbv avrov Xoyov i%6vrmv avrotg' 
ovx aQa lAOvag i6rlv 6 EZ. sl yicQ i6rai novag 6 
EZ^ i%st Ss Xoyov XQog rbv H, ov i%si ti AF XQog 

15 rriv AB, ocal lui^oiv ^ AF rrjg ABj luito^v aQa xal 
ri EZ rov H ccQid^iiov' oxsq aroxov. ovx aQa iiovdg 
i6riv b EZ' aQid^iwg aQa. xal ixsC i6riv ag fj FA 
XQbg rriv AB, ovrag 6 EZ XQbg rbv Hj xal mg aQa 
ro dxb r^g FA XQog ro dxb r^g AB, ovrag b dxb 

20 Tov EZ XQog rbv dxb rov H. SixXd6vov S\ rb dxb 
rr^g FA roi; dxb r^^g AB' SixXa^lmv aQa xal 6 dxb 
rov EZ rov dxb roi; H' aQiriog aQa i6rlv 6 dxb rov 
EZ' &6rs xal avrbg 6 EZ aQribg i6riv. sl yaQ f^v 
xsQi666gj Tcal 6 dx^ avrov rsrQayavog xsQi66bg r^v^ 

Post. nr. 26 PBFVb. 



Qii' b, ^' B; Qii' corr. in gi&' m. 2 F. 1. on] m. 2 B. 

2. avfifiSTQog F, corr. m. 2. 5. FJ] AF FY. avnfUixQog 

F, corr. m. 2. 7. nsQitxov Y. 8. iati vov Bb, im add. 

m. 2 F. 9. tr^d corr. ex. xov m. V \i. rJL{ AT F. 10. 

H^] m TM. y, Ar F. ^^fi\ om. ^ . W. w^Vdl ^^. ^, 
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27. 

Propositum sit nobis demonstrare; in figuris qua- 
dratis diametrum latusque longitudine incommensura- 
bilia esse. 

Sit ABFJ quadratum, diametrus autem eius AF. 
dieO; FA^ AB longitudine incommensurabiles esse. 

nam si fieri potest^ commensurabiles sint. dicO; 
forC; ut idem numerus et par et impar sit. manifestum 
igitur, esse AF^ = 2AB^ [I, 47]. et quoniam FA^ 
AB commensurabiles sunt, FA : AB rationem habet, 

Z- quam numerus ad numerum 

[prop. VI]. sit 

H\ 1 rA : AB = EZ: H, 

et EZj H minimi sint eorum, 
qui eandem rationem habent 
[cfr. VII, 33]. itaque EZ unitas non est. si enim 
est unitas, et EZ:H= ATiAB^ et Ar> AB, erit 
etiam EZ>H, unitas numero [V, 14]; quod absurdum 
est. quare EZ unitas non est. ergo numerus est. 
et quoniam est FA : AB = EZ: H, erit etiam 
rA^:AB^ = EZ^:W [VI, 20 coroU.; VHI, 11]. 
uerum FA^ = 2 AB^. itaque etiam EZ^ =?= 2 H^ quare 
EZ^ par est. itaque etiam ipse EZ par est. nam 
si impar esset, etiam quadratum eius impar esset, 

EZ] E in ras. m. 1 P. xov H BFb. 12. H] om. b. 

14. i%Bi, Sb'\ xal i%Bi, BFb. nq6q\ (prius) comp. corr. ex 
comp. %a£ m. 1 F. 16. Post EZ add. ^i,ovaq Bb, m. rec. V. 

17. hxiv'] (priufl) m. 2 P. FA^ AF B. 18. x6v'\ o in 
ras. B. 19. FAl F in ras. V. -^B] ^ i^ "^as. m. 1 P. 21. 
r^s] xov PFV. ano r^ff] m. rec. v. tf^q\ xov P» ^v- 
nXdaiov F, dinXaaiog V. 6] x6 E\i. ^^.^x^V^ V^gwssos^ 
T^ff F. 23, acxe] -s e corr. ^. '^^. V\ «•'• ^**^ ^ ' 
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ijCBlSr^nSQ^ icCV 7CBQi66ol aQLd^flol OTtO^OLOVV ^VVtBd^S^lVy 

tb dh TtXijd^og avrcav jcbqi66ov ^, 6 oXog UBQv066g i6xiv' 
6 EZ ccQa aQXiog icxvv. XBxii^^d^cD 8l%a xaxa xo ®, 
xal iTtBl oC EZ, H iXa%iiSxoC bC6l x(Sv xov avxov Koyov 
5 ixovxcov \avxolg\^ TtQmxov TCQog aXXi^Xovg bI^Iv. Kal 
EZ aQXLog' 7tBQi6iSog aQa i6xlv 6 H. bI yccQ i^v 
aQXLog^ xovg EZ, H Svag ifiixQBr Ttag yaQ aQXiog 
SxBi fiBQog 7]fiL6v' TtQcixovg ovxag itQog aX^i^kovg* OTtBQ 
i6xlv advvaxov, ovk aQa aQXiog i6xLv 6 H' UBQv66og 

10 aQa. xal i^tBl Siuka^iog 6 EZ xov E®, xBXQa7tld6iog 
aQa 6 aTtb EZ xov anb E®. SmXa^iog 8% b aitb xov 
EZ xov ccTtb xov H' SLitXd^iog ccQa 6 ditb xov H xov 
dnb E@' aQXLog aQa i6xlv 6 dytb xov H, ccQXLog aQa 
dLcc xa BlQriiiiva 6 H' dlXd xal 7tBQL666g' OTtBQ i6xlv 

16 dSvvaxov, ovK ccQa 6vii[iBXQ6g i6xiv ^ FA xrj AB 

(ll^XBL' OJtBQ ISbL SBtl^aL. 

^AXXc^g. 

[Jblxxbov xal ixiQcng^ oxv d^vfjL^BXQ^g i6XLv ij xov 
XBXQaydvov SLa^BXQog xy TtkBVQo]. 

20 "E6XCD dvxl fihv xrjg SLafiixQov fi A^ dvxl Sh xrjg 
TtkBVQccg ij B' XiycD, oxl d6v^iiBXQ6g i6XLV i^ A xfj B 
fii^xBL. bI yccQ Swax6vy i6xcD [6vfi(iBXQog' xal yByovixa)] 
TtdlLv cDg fi A TtQbg xrjv jB, ovxcog 6 EZ dQLd^gibg TtQbg 
xbv Hy xal l6xcD6av iXd%L6xoL x£v xbv avxbv X6yov 

25 ix^vxcDv auxotg ot EZ, H' ot EZ^ H aQa jtQcixoL TtQbg 



1. cvvzsd-oiat, PFV. 2. 6] om. B, xal 6 FV. 8. iativ] 

comp. Fb, iati. PBV. 0] e corr. B. 4. H aQL^fioC BFb. 

d. avTOig] om. P. aW PVb, comp. F. xa/] xa/ iativ 

BFh. 7. fistoBtY^ corr. m. ^\ av I^i4xq%i Ni«i«k ^dd. 10. 

^inrZaffioff] diTtXaaiog iaxiv F, dtTtXactcov loxU 'BVi» W. «.u^ 
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quoniam, si numeri impares componuntur, et multitudo 
eorum impar est, totus impar est [IX, 23]. ergo EZ 
par est. in @ in duas partes aequales secetur. et 
quoniam EZ, H minimi sunt eorum, qui eandem ra- 
tionem habent, inter se primi sunt [VII, 21]. et EZ 
par est. itaque H impar est. nam si par esset, binas 
numeros EZ^ H metiretur (omnis enim numerus par 
partem dimidiam habet [VII def. 6]), qui inter se 
primi sunt; quod fieri non potest ergo H par non 
est. impar igitur est. et quoniam EZ = 2 E®, erit 
[VIII, 11] EZ^^4EeK est autem EZ^ = 2H\ 
itaque H^ = 2ES'^. quare H^ par est. itaque propter 
ea, quae diximus [p. 408, 23 sq.], H par est at idem 
impar est; quod fieri non potest. ergo FA^ AB lon- 
gitudine commensurabiles non sunt; quod erat demon- 
strandum. 

Aliter. 

Sit pro diametro A^ pro latere autem B. dico, 
^ et ^ longitudine incommensurabiles esse. nam si 
fieri potest, sit rursus ut A : jB, ita numerus EZ ad H 
[cfr. prop. VI], et EZ^ H minimi sint eorum, qui 
eandem rationem habent [cfr. VII, 33]. itaque £Z, H 
primi sunt inter se [VTI, 21]. primum dico, H unitatem 



m. 2 F. EZ] xov EZ Bb, m. 2 F. EO] xov E@ Bh<p. 

12. H] (prius) H ^ b. 13. E0] @E in ras. V, rov E® 
BFb. 14. icziv'] om. V. ^ 15. 1^4] in ras. V, supra scr. 
J b. 16. Post ftijxfi^ add. dav(ifi6tQ0s aQc^ {ciQoc m. 2 F) BFb. 

OTtSQ ^dst dst^ai!] comp. P, om. b, ofj i*^ B. 17. aXXoag] 
om. BFVb, Qti' mg. F. 18. SstTiziov — 19. nXsvQOi] om. P, 
mg. V. 20. ^ctoa ydcQ BFb. 22. avfifisxQog' xal '^E-^^^-vix^sCV, 
om. PV, m. 2 P.^ 26. avrotgl om, ¥\i, m.'i.^. ^V^^-^a.^ 
e corr. V. fCQ&toi] supra BCr, m. 1 "^. 
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dXXi^lovg €l6Lv. XsyoD tcqAzoVj on 6 H ovx i6rc [lovdg. 
al yccQ SwatoVj i6X(o iiovdg, ocal insi i^uv cjg ij A 
TtQog rriv B, ovrcng 6 EZ TtQog roi/ H^ xal (og ccQa 
ro ano rf^g A UQog ro dito r^g 5, ovr cjg b dno roi; 

6 EZ TCQog rbv dnb rov H, 8inKd6tov S^k rb dnb zijg 
A roti dnb rrig B' dmXd^tog aQa xal 6 dnb rov EZ 
roi5 dnb roi; H. xai i6rv fiovdg 6 H' Svdg aQa b 
dnb EZ rerQdymvog' oneQ i6rlv ddvvarov. ovx aQa 
[lovdg i6riv 6 H* dQi^gibg aQa. xal inei i6riv (og 

10 ro dnb r^g A nQog ro dni rrjg 5, ovr cog b dnb EZ 
nQbg rbv dnb rov Hj xal dvdnaXiv cog ro dnb rijg 
B nQbg ro dnb rr^g A^ ovrojg 6 dnb rov H n^bg rbv 
dnb rov EZ^ ^erQet de ro dnb riig B rb dnb tijg A^ 
lietQet aQa xal 6 dnb rov H rerQaytovog rbv dnb roi; 

16 EZ' &6re xal rj nlevQa avrr^ 6 H rbv EZ [lerQet. 
fierQet de xal eavrbv b H' b H aQa tovg EZ, H 
IJierQet nQcirovg ovr ag nQog dXl^^lovg' oneQ i6rlv 
dSvvarov, ovx ccQa 6vii(ierQ6g i6riv ri A rri B iirixei' 
d6viJLiierQog aQa i6riv' oneQ ISev Set^ac, 

28. 
20 SxoXtov. 

EvQfjiievcDv Sri rSv (ii^xet d6v(iiierQCDv evd^etcSv^ 

(hg rcDi/ Aj jB, evQi6xerat xal akXa nXet6ra (leyi^ri ix 

Svo Sta6rd6eciiVy Xiyca Srj inineSa^ d6viJi(ierQa dXki^XoLg. 

idv yaQ rmv A^ B ev&etmv (ie6riv dvdkoyov Xdpca^iev 

26 rr^v r, i6rai (hg fj A n^bg rrjv jB, ovrcjg ro dnb r^g 



28. Post. nr. 27 PBPVb. 



i. s^/ PYh, comp. F. oxi' itqokxov b» 3. 6] ti P. 
ropj Tjjp Fh. 4. t6] 6 P. x(i\ xov ^, tvo\ Ttv^^^ 
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- - E- j non esse. nam si fieri {K/t^, ^A 
^l unitas. et quoniam esi A:B^ £Z : U^ 
erit etiam ^rB^ = EZ^.H^ (VI, 2^/ 
corolL; Vin, 11]. uerum ^* — 2 «* 
P, 47]. itaque etiam EZ^ — 2H\ et 
H unitas esi itaque numerus qua* 
dratus EZ^ binas est; quod fieri non potest. quare 
H unitas non est^ ergo numerus esi et quoniam est 
A^:B^ = EZ^:H\ et e contrario [V, 7 corolL] 
B^:A^ = W: EZ^, et B^ metitur ^^ etiam fP metitur 
E7}. quare etiam latus ipsum H numerum EZ me- 
titur. uerum H etiam se ipsum metitur. itaque H 
numeros EZ^ H metitur inter se primos; quod fieri 
non potesi quare A^ B longitudine commensurabilieft 
non sunt. ergo incommensurabiles sunt; quod imt 
demonstrandum. 

28. 
Scholium. 

Inuentis igitur rectis longitudinc im/mmauhvxi^ 
bilibus, uelut A^ JB, etiam plurimae iSne «agiiauciii^* 
duarum dimensionum, scilicet planae, iaier ^ JtuwMx. 
mensurabiles inueniuntur. nam a. iatist nssUkt A h 
mediam proportionalem sumpsmiiiQi /1 «i ir yf A 
ita figura plana in A descriptft wk i^jouL ji / r.- 

I^ 6. ^mlaGiQv P. 7. 6 a«o] in» m Fi* i». - > 

tmjU 10. To] (prins) supra m. 1 t ^ ftLr^^T, ^'"^- 
^■^ • rotjj om. BFb. 18. tS\ (ilt)2s « J^ / l ^ 

»*1 OB.VI. 
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A inlTCaSov TCQog rb dxo t^g F ro ofLOLOv xal oiioicng 
dvayQafpoiuvov, ahs rstQaycova eHri %a dvayQa(p6[i6va 
BttB BtSQa svdvyQa^^a o^oia atta xvxXol xbqI Sta- 
^stQOvg tag A^ F^ insCnsQ ol mmkoi nQog dXkriXovg 
5 sl6lv mg ta dno tcSv Sia^itQcov rstQaycjva, svQrivtav 
ccQa xal inCitsSa %coQCa d^v^fistQa dXXriXoig' onsQ 
sSsi Sslifici. 

jdsSsLy^svmv Sri xal tmv ix Svo Sia6td6sc}v Sca- 
tpoQCDv d^vfifistQcav xcoqCcov SsC^o^sv totg dno tijg ttSv 

10 6tsQS(Sv d^scoQCag^ mg i6tv xal 6tSQsd 6v(i(istQd ts Tcal 
d6tn(istQa dXlT^XoLg, idv yaQ iicl tciv dxb tcov Aj B 
tstQaycivcav ^ tciv t6cov avtotg svdvyQd^iicnv dva^ti^- 
6CDIISV l^ovtl;'^ 6tsQsd TCaQaXXriKsnCnsSa ^ nvQafiCSag 
rj nQC6^ata, i^tai td dva6ta%^ivta n^bg akXriXa &g at 

15 fid^sig, xal sl ^hv 6vfi^stQoC si6iv at ^d6sigj 6v^ 
fistQa l6tav xal td 6tSQsd^ sl S\ d6v(i(istQ0v ^ d^vfi- 
fistQa, onsQ ISsL Sst^at. 

^Akka (i^^v xal Svo xvxXcov ovrcDv r(3v A^ B idv 
dn avrmv l6ovtl)stg Tidvovg ^ xvXCvSQOvg dvayQa^G^ii^sv^ 

20 i6ovrav nQbg dXXriXovg wg at pd6svg, rovrs6rvv (og ot 
A, B KvxXov. xal sl (liv ^vfifisrQoC sl6vv ot xvxXov, 
6vii(isrQ0v i6ovrav xav oZ rs x&vov n^bg dXkriXovg xal 



1. knCnBSov] sldog BPb. -cTJg] om. P. yiaC] te %aC V. 

2. dvaysyQafiiisvov BF, mg. b. dvaysyQafifiBva BFb. 3. stts'\ 

(prius) sHts %aC P. ' 4. insl yaQ, sapra scr. nsg m. 1 F. Mg. iia^aji 

tovto iv t& p' tov t§' iv toig atsgsots m. rec. B. 6. owsq 

^dst dsi^ai] :o^ BPb, et P, sed supra scr. m. 1 comp. 8. 

Qnp' B. 9. %(XiQC(DV dav(i(istQaiv B. rors] i^ toig Vb. 11. 

dno tmv] om. F. 12. dvaatriaon V, deinde supra scr. avtotg 

m, 1. 13. taovtftri] l- in ras. m. 1 B. laov^i] atSQsd naQal- 

ZjjXsncTesdal mg, V, in textu de\. Ico-o-^I^t^ '^qavkv(«i:$ ^ naQaXlrjl- 

sTnnsSa, naQaXXrikosnLitsh^i. E , TtaQttXXT\\tt luOit%^tt \i, , ^ ^ 

corr. F; olov, supra scr. -^ m. 1 \i. 'V^. ck^'^ ^^%\fta» \siA. m. 
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milem et similiter descriptam [VI, 19 coroUJ, siue 
quadrata sunt figurae descriptae siue aliae rectilineae 
A r B similes siue circuli circum diametros A, F, 
quoniam circuli eam inter se rationem habent, 
quam quadrata diametrorum [XII, 2]. ergo 
etiam plana spatia inter se incommensu- 
rabilia inuenta sunt; quod erat demon- 
strandum. 

Inuentis iam spatiis qupque diuersis duarum 
dimensionum incommensurabilibus per ea, quae ad 
theoriam soUdorum pertinent, demonstrabimus, solida 
quoque esse inter se commensurabilia et incommen- 
surabilia. si enim in quadratis rectarum J^ B uel 
figuris rectilineis iis aequalibus solida construxerimus 
eiusdem altitudinis uel parallelepipeda uel pyramidas 
uel prismata, solida constructa eam inter se rationem 
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases 
commensurabiles sunt, etiam solida commensurabilia 
erunt, sin incommensurabiles, incommensurabilia [prop. 
XI]; quod erat demonstrandum. 

praeterea si A, B duo circuli sunt, si in iis conos 
uel cylindros eiusdem altitudinis construxerimus, eam 
inter se rationem habebunt, quam bases, hoc est quam 
circuli A, B [XII, 11]. et si circuli commensurabiles 
sunt, etiam coni cylindrique inter se commensurabiles 

1 y. 16. davfifisTQoi sl6i.v atpdasig V. 17. onsQ ^dst Ssi^ai 
om. BPb. 18. QTiy' B. xtJxXov] in ras. V. 20. cos"' 
om. P, m. 2 V. Post alt. mg ras. 3 litt. V. 21. staiv 
slsv V. 22. naQ om. B. xfi] om. b. ngog dXXriXovg 
dXX^Xoig BPb. 
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ot kvXlvSqol^ sl 8b a6v(i(i£TQoi el^iv ot xvkIol^ acviir 
^exQOi Mcovrai xal o't imvoi xal ot xvlLvdQot. Ttal 
q^avsQOV riiitv ysyovsv^ oxv ov [lovov inl yQa^^c5v 
xal ixLipavsiciv i6xv 6v(i(isxQia xs xal a^vit^sxQia^ 
6 aXXa xal iitl xmv 6xsqs£v 6%riiiiax(ov, 

1. Sb] S* F. Blaiv\ sUv b. ^3. yiyovs V. oxt] Si' o 

PV. inQ inl ts P. 4. xa^] 7] P. iffriv avn(ietQa P. 

davfA(iszQa P. Mg. y^. avfifistQa xal davfifistffa m. 1 b. 5. 
atsQsav'} stsQoov F. 
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erant, sin incommensurabiles sunt circuli, etiam coni 
cylindrique incommensurabiles erunt [prop. XI]. et 
nobis adparuit, commensurabiUtatem incommensura- 
bilitatemque non solum in lineis planisque esse^ sed 
etiam in corporibus solidis. 



EnelideB, edd. Heiberg et Menge. IU. ^'^ 
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